


' mgl.  UNG DUNG BAO HAM
\ aﬁ KHAo SAT VA VE po TH| CUkHAM s®

" §1. Sy déng bién, nahldfi’.blié cua ham sé
A. KIEN THOC CAN NHO |

Gid it f(x) 6 dao ham trén khodng (a ; b). The thi
a) f'{x) > 0, \‘)x € (@ : b) = flx) dbng bién trén khoang (a ; b).
 fi(x) <0, Vx € (a; b) = flx) nghich bién trén khodng (a ; b).
' _b) fix) d6ng bién trén-.khpéng '(a ; 6) =f '(x) 20,vVxe (a;b).
Ax) nghich bién trén khodng (a ; b) = f'@) <0, Vx & (a; b).
~ Khoéng (a ; b) duge g_gil chuﬁg lalkzhpén_é.-dlon di¢u cia hhm sd

B.VIDY
- o Vidul .
- | Tim khoéng don di¢u cia céc ham s6 sau :
ayy=x'+82245; b)y J‘<x 3) (x>0),
- _
e)y=
x +.7_c+1
a) y b= 4® +24x -4x2(x+6)
- |x=-6.



| Ham sdnghlch bxéntrEnld'ioﬁng (—e-o -e) ddngbwnmnkhoéng 85 +w)
b) y=+x(x-8),(x20); |

y"=ﬁ(;_~3)+\/§=3{’-‘——%ﬂ;
y=0ox=1 "
 Béng bién thién
- x | 6 1 +o00
y E - 0 + |

y \ /

Vay hém sd nghlch bién trén khoang (0 1) vh ﬁéng bi&n trén khoé.ng (1 ; +e0).

c) y-;—xéc dinh trén, R..
x“+x+1

' -x +4x+3

2’
(?axe1) - |
y=0& 22 -4x-3=0 & _x_=2—ﬁ |
_ - x=2+\ﬁ.
Béng bién thién | | o
x | =0 _ 2——J$ . : 2+—J? . . +o0
y o= 0 0 - '

y(2+~./_)

ol
a \(2 I)/

RT-M 1% [ Mar emes 1 = Mak dms B — Man dm- v oA



Vay m sci ddng bién trén khoéng (z J’ 2. + .ﬁ ) va ngh;ch bién tren”
- céckho%g(—oo 2 J_) (2+J_ +oa ), -

OVldu2

| Sir dung tinh dang bién v ngh;ch bién ciia hhm s6, chﬁ'ng mmh rang vi |

'm91x>0mG6x+1 22

Gidi
Xétham s6 £(x) = x + trén khodng (0 ; +e=), tacé

2
1 x° -1
fl@)=1-—=
. x2 x2

F®)=0 & x =1 (ix>O0).

Béng bi&n thién
X 0 ' 1 +oa
ro [ - o+
. . +°'°\ ' : 400
x) . .
™ ~
Tac6f(1) =2 vaflx) > 2 v6imei O <x# 1.
. Vay f(x)=x+%22_v_6'im¢_ix>0. |
C.BAITAP
L1, Xétsy ddng bién, nghich bién ctia céc ham 5§ _
a)y= _3::2 823, ' .l_‘ _ ' b)y 16x+2x ——l-éﬁx3-x4,
_'c)y=x3-6x2+”9x; o _ d)y.=x-+8x +5,



1.2. ’nm chc. khoéng déngxbséu nﬂﬁéh '

- e)y—

1.3,

1.4.

| a)y x-smx,xe[O 21t],

1.5.

1.6.

L7.

Zx ’ I. A ‘;_ g > . b'

R o
v \fsw .

x —2x+3
x+1 X

'Xét t{nh don dleu cla céc ham sd

.a)y.—.\fzs-x ; ) | b= Jx

%+ 100" -

= : : d
T -”T

Xé&t sy d6ng bién, nghlch b16n ¢la céc ham s6.:
T bn
b) y= x+2cosx, xe(e 6)

¢) y= sin%(x >0).

Y

Chifng minh céc bét ding thic sau :

a)tanx>sinx,0<x<32t—;

b)1+= x-—-—-<s/1+x<1+ xv610<x<+oo

2

Chimg minh ring phuo‘ng trinh xs - 3x +c= 0 khOng thé ¢6 ha1 nghiém
thyc trong doan [0 ; 1].. o e

. X4c dinh gid tri cua b dé ham 36 f(x) = ginx - bx +e nghlch ble'n trén

toan truc s6.



i -§2 Ct.{c Wcua h&m s&
A |;|EN THUC q:m NHG |
| '-"Glé st hﬁmsd f(x) xﬁc dinh a.-en khoang (a b) v xo & (a ’b)

1, Dlnh i1 o |

f(x)>0 Vx e (xg - -k xc,)

: f(x)<0Vxe(x_0,x0+ )
)

k)

f'(x)<0,Vxe (xg—h;x
f'(x) >0, Vxe(xo,_x0+

= xo lﬁ diém CIJC dal cua f(x)

= xo 12 diém cyc uéu clia flz).
2. Biphli2

aj {;:'((J:L))Z?J = xo 1a d._iém CIIC ..tiéu' cha flx).

" b) {f (#) =0 = x 1adiém,cuc'dgi.cﬁaﬂx).

" (%) <0 ‘.
B.viby
o Vidul _ '
Timcqct.r;cuacﬁchamsdsau o T
X o 2x2+x.+1.
a)y x 8x + 432 ; ' - S b}y=71—
c) y =10+ 16x + 622 — x5,

CGaw _
a) Ham sd di cho xéc dmh va c6 dad ‘han trén khoéng [ +oe)

x=0

.y.—-4x3 24x* —4x2(x 6), Py_-chI:x .



b y=

Vay 2 = 6-}9..di6m cyc tidu vi yor = (€)= 0. -

| 2x2+x+1
il i
x+1

Ham 36 x4c dinh véi | mq1 x# -1l

@zl (2 v +1) 2% rdx _ 2u(x+2) |

@+ 12 a1 @AD?
.I'.' x=0 . .
_y=-0¢°[x=_2..-
Bing bin thien
P -2 '—1 -- 0 4o
Y| + 0 - 0 +

'/' "7\ *"\1 = A

Tl?tdd tarhéfyhhmsddatcucdmtm x-=—2 vadgtc\rcnéutan x=0.
Yop = ¥-2) = ~TVh yop = y(0) = 1.

c) _y=10+_15x_+_6a_: -8 i |

| ‘Ham s& x4c dinh v cé d@o_hlm trén khoing (—oo34ee). |

y'=~32% + 122 +16 = -3{a® - 4= -5)..

x=-]

y=0es
[x 5.



Matkhéc y" = 6x + 12.
. _(‘ [ "(__1) 18 > 0 yll(s) = _18 ( 0

: ng ham s6 dat cyc uéu ta1 x, ==—1 dgtcyrodax tal x =5 vﬁ .
- yor =y(_1) =2, yCP ==y(5) 110 N v

p_.Vi du 2 —
Chttng minh ring ham s@

y= x° +_1rml:2 - (1 +.-n2)-x -B{n+m)

1uén ludn cé cyc trj v6i moi gid tri clam va n.

Gidi
Ham s6 xéic dinh v c6 dgo ham trén khodng (== ; +2%).
Taco . | B
y'= 322 + 2mx - (1 + n2).
Xét phuong trinh y' = 0,ta c6 Al --"-aml2 + 3(1 +n?) »0, véi mqi n,me R

nén phucng trinh y'= 0 luOn c6 hai nghn}m phan bist x; va xp, gid si¥
3 <% % d61 dffu khi x di qua hai nghiém, '

Tacé bang ble’n thién
y' + o - .0 + -

: _w/yCD\ yCT/

Vay ham 36 da cho 1u011 cé mot dném cu‘c dal va mot diém cyc uéu v6'1_
moi m, n. . .




. §sz i .\;v:.'!:"-:.

th'dlt.?

Qr __?:_’

| @ Cho’ ham o u(xj 06 Eltio ham tren khoéng _(a b) v u(x) # 0,
| VxE(a “ﬁ) ﬁl&lénunhrﬂng _ R S F(ﬁe."!‘fii '

) - L
U x)

- ‘3) Tim che dxém cuc t.n cia ham s

Fx) = ?/_ (—5).

o Gidl |
a) X¢ét ham 56 y= ¥, ta ching minh cong thfrc

oy =7 ==

aVx?

A le+ )2+?/aTLaT)+§/_)
Qfx+Ax)2+ :f(x—r- )+Q/——
A‘;fozx"‘é?’ o

" Ap dung cong thitc tinh dao ham ciia ham hop, ta duge

y|=(%)' = u.l L
s 3 u2
b) Theo cau a) dao hhm chafx)la’ v

f(x) f ;y; ) 3:’3‘/;

i

| f (x) khOng xéc dinh tai x = 0 va tr1et ti¢u tal x= 2

.10

i



Tacébéngbiénthlen sau :

..";”_" N

Hémsddatcurcdaltalx 0 (fc;_,

Afor = -3§/_)

C. BAI TAP

1.8. Tim cyc tri cha c4c ham s¢ sau :.

a) y=—l2x2+7x—5 :

ma2 '
© y= x‘-—ﬁx +4f LPES RO LA

&) y = (x + Dx - 9)°.

1.9. Tim cyc trj cila cc ham 5§ sads 10 v

x+1

Z+x-5
Qy="ET

1.10, Tim oye tr cﬁé céc hhm-;s'd sau :

a) y=x- 6Q/—

C)y- _ ;.
10-—x2
L1k Tim cyc trj cia céc ham s6 sau :
_a)y-stx, '

_ c) y= sinx,

d)y—

0) vd dd cyc tide tai x=2 .

b) y=x® -8x% -24x + 7;

Ry nE e

x —2x.+'3

) =

(o l)‘ y = ____g“ N 1‘_-' . -;- ayr
x + : : .

X~ 1

(x - 4)2

d)y—-
x —2x+5

b) y=(7- x)?lx-h

3.

x2 —6_

ob) y¥cosx ~sinx



. 1. 12 xscdmhm aéham e
| y xa—mz—i-(m—-%]x»bﬁ

o6 ove tri tai x = 1. Khi d6, ham s6 dat cyc tidu hay a;z cuc dai 7 Tinh
- Cyfc trj tuong wng.

' 1 13. Ching minh rﬁng hi.m sd

.' ' —21; né'u:cZO'
' f(x)

axn— né'ux<0

khong c6 dao ham tai x = 0 nhung dat cyc dai tai diém d6.
1.14. Xéc. dinh m d€ ham s& sau khong ¢6 cyc tri :

_x2.+2mx——3
x-m -

§3. Gié 1| 16n nhét va gld tr] nh.nhét cla ham 86
A KIEN THOC CAN NHO

1, - Céch tim gié tr| 6n nhl't (GTLN). glé tr nhé nhi’t (GTNN) trén
mét doan ,

' DINH Lf |
y = f(x) lién tyc trén doan [a ; b] => ton tai, '[:;:?g] (), min f(x)
 Cdchtim : o o
- *Tim x; ¢ (a; b] (; = ...} n) tai d6 c6 dao ham bing 0 hodc khong
“ xdc dinh. . ' . | o
CeTih (@), f®).F(x), (=1;2;..;m).

*Tim . GTLN max{f(a). f{x1), f(xz), wf (xn.), f(b)}
_ GTWN mln{f(a)s x_l), f(x2)9 . f(xn) f(b)}

12



i

2. cach amm tr| lan nhit, gié tr] nhd nhat trén mot ming

y = f(a;) llen tuc trén khoing (a; b) ta xét hal trub‘ng hQP

oz 'f'a

Cl o X0 b

-yl

T e

(trong d6 f'(xg) bling O-hdac- f '(xy khong x4c dinh tai xp). |

-Vidyl

B.vipy

- Tinh gt&tr;nhb nh#t v gid trj 16n nhat clia ham s0 sau trén doan [—3 3l
f(:c) 2.1: —3x-—12x+10

 Gidi

- Ta c6 f(x) lién tyc trén doan [-3 ; 3],

Tinh
- T déd

F'(x) = 8x® — 6z - 1,

fi(z) =0 [" =-1
o x=2.

f(-8)=-85;f(3)=1; f(—)—1’7 ft2) «»10.'

[ngax f(x) f(—l) - 17,

(i fe) = f(—3) = -35.

13




Vit efm s;m&’ !@riu wﬂ §0 g ot R ins{}

o Vi J’ 2 !
1 Trong csc ' ' :m nQI ne'p hinh cﬁu bén kfnh R, hﬁy tim hinh tru c6 thé-
tich 16n nht.

| ' Gt ,
- _.K{ h1¢u ch:éu cao, bén kinh d&y va thé tich ¢l hinh tm nﬁl uép hinh cu '
“Mnlugt1a k, rva'V. Khi 46, V = nrh. . ,

o g2 o 3\
i o2 =.R_2-%-—nen V==1c[R2——-—]h n[th-"—].
Bai todn trd thanh tim gi4 tri 16n nh#t cha ham s6

ST A
V(h) = n| R%h - [ikel052R).

_ Loy
- Tach V(h)-[ &], e

V(h) 0@ h_T

Béng bién thlen _
| ) e o
v’ + @ _ i

v /m“\-o- |

SR 4nR3 .

: Vav
: fga’zfn) (75} 333

Vay hinh try noi tlép hinh céu bén kl‘nh R c6 thé tich 16n nhét khl chiéu

~ caocia nd béng Khi 46, thé tfch hinh try 1a 4ER3
| T 7



C el _

C BAI TAP gl oy :*‘g‘c&;i Q";f _.;:: ;

L 15 Tim glﬁ t:rl lcfm nhat igﬁ ﬁ'tmﬁé"mhdﬂdﬁa CIJGhAm sd sau :

.-_a)f(x)——3x +43-8 tmuM[ﬁ‘,!tli R R

b fx) = x +3x —9x 7 trendoan[—4 'mw S LU

r-F

c)f(x)=\125 x trendogn[ 4 4];

d)f(x) |2 -—3x+2| trén dogn (10 ; 0] ;

I't.5‘.'l::|_

e)f(x)-——-—x— trepdoan [5’_6_ ;

g) f(x) = 2sinx + sin 2x trén doan [0 : 925]
1.16. Tim gid tri 1n nhét, gié tri nhd nh&icta cc ham s6 sap |

a)y'= i 5 trenkhoﬁng (_',e,‘;-o,-,;); R
. 4+x >

)y | _— trenkhoﬁng(“ 3")

Cly= ~ trem k_ho'én,g (.—oo j +o) |

4
dy-= %x trén khoang ©;m).

1.17. Cho s6 duong m. Hay phan tich m th&nh tdng clia hai s§ dl.l.’(mg sa0 cho
tich clia chiing 13 16n nhét. '

1. 18. Tim hal 56 ¢c6 hleu 1a 13 s80 cho tich cla chﬁng 1& bé nha’t

1.19, Mot chét dlém chuye'n dong theo quy luat s = (:‘»t2 -3, Ti'nh thdi dlém t
(gidy) tai dé vén tdc v (m/s) cha chuy®i dong dat gid tti 16n nhat.

. 1.20. Hay tim tam gidc vudng c6 dién tich 16h nh4t né’u tdng cﬁa mOt canh géc

vuong va canh huyén bﬁng hﬁng s6a{a>0).. |
S 15



| :'§4 auang ﬂQm cﬁn

1.21'

1.22.

can ngang cﬁa (©). _
' B.BAITAP
Tim céc tiém cén ditng va ngang clia 46 thj m61 ham s6 sau :
2x-1_ 3-2¢, b : -4

8y = x+2° o)y = dx+l’ o)y -3z’ d) S+l
Tim céc t1¢m can ditng va ngang cﬁa d8 thj mdi ham s6 sau

)y_x - 12x +27 __ b)yzxz—x -2
- xz—.4x.+-5,' o : (x - 1) ' o
gy=5r8, )yt

1.23.
GO ED.

© ta duge hinh (M"). Viét phuong
' ,trinhcﬁa (H")

-Ite_'f-“

A xltu rm‘.tc oKN Hué

Kt hli,',u (C') Ii dﬁ thi ciia hdm s6 y = f (x)

Budng tigm cén dimg

‘Néu mot trong céc diéu kién

lnn flx) = +oo, hm f(x)--oo lim F(x) = +oo, lim f(x) = <o,
X-uF x> L=y x5 :

thi dudng th&ng x = %y 12 tiém can ding cla (C).

Bu&ng tiém cdn ngang

Néu hm f(x) = yo hote hm f (x) = yo thi dutmg thing y=¥ 1& tiém

x2 -4 o x2 - 4x+3
a)Chohﬁmsd y:—-—»—cédﬁth; o

Chi ra mot phép bién hinh bien () © :

thanh (') c6 ti¢ém can ngangy =2 =" —,
v ti¢m cén difng x = 2, Lo
b) Léy d8i ximng (H') qua gdc O

" . Hinhl

W i mm s dark



WLk Aol Y a0

;.I so Dé KHAO sAT HAM s6 y= f(x)

> chw

55 Kh&o mw tﬂdn hisn va va dé thl cé‘m h&m% :

aumcciwe

1. Tim tap xéic dlnh cha ham 56
2. Sybién thién

2) Chiéu bién thien
* Tinhy'.

* Tim cdc nghiem cﬁa phucmg trinh y' & 0 va chc dlém tai 46 y khOng
x4c dinh, _

o Xét dauy' va suy ra chléu bi€n thién edia ham 6.
b) Tim cyc ttj. - ' ;
) Tim céc 3161 ha.n vo cu‘c: céc g161 han 14l +oo, —oo vh ta1 céc diém ma

SRR

d) Lap b&ng ble'n thlen

3. D&thj

Dya vio béng bién thlen va céc ye'u td x&c d;nh 6 trén dé va dd th1

¥

. 1) N&u ham 88 |a tuén hoan véi chu ki T thi chi cén v d& thl trén rn¢t chu ki réi
-tinh tién A8 thj song song vdi Ox.
2) pé v& ¢4 th| tham chinh xéc. te cén

-+ Tinh thém toa do m¢t 88 dlém dac bigt n&n tfrrh céc giao diém cla dd thi v6i
céc truc toa [ . _

sk y tinh chétddi xfmg {qua truc qua tam, N ) clia d6 thi.

' ebooktoan.com/forUm ] 17
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Thay Do
Text Box
ebooktoan.com/forum


- Dgngcﬁa &ﬁﬂtl ham s6 béc ba

frs m sﬁm mv& BHAN THOC
| y-ax’+ba'?+cx+d(a¢0)

_a>0"

a<0

.' _?hmh tﬁﬂh |

Ym0

. 1¢6 hai nghi¢m
~phan bigt

| Phuong tinh

y' =0 .
c6 nghiém kép

Phuong trinh
yr '= 0 .
v0 nghiém .

O, x

Dangcuadﬁthlhhmsdy-qx +bx’+c (a#O)

a>0

- a<0

Phirong trinh
| y=0.
¢6 ba nghiém’
phinbiet

y

7

y

’

I

P-ﬁiro‘ng trfinh
y!. - O :
cé mot nghi¢m

1

M

18
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ax (c#ﬁ,ad bc#O)

Dm cﬁa dﬁ th; ham 56 y =

SR .D =a_d:'...'—! be 0 oo vy ;.-.;;a.':;_s;-a..;-r,.afr:i_:-:_l}-;_.%::ad.:;;'.-b..c-'.< 0.

I1I - SUTUONG GIAO CUA CACDO THT
1.  8I8n lulin s& rlghlem cla phuung trinh bing 66 th|

.G:é sit (Cl) la dd th; cﬁa h&m s6 y= f(x) va (Cz) 12 46 thi cia ham sd
= g(x). S8 ngluem cﬁa phucrng trlnh f(x) = g(x) b&ng 56 glao diém cha
(C;) va (Cy). .

| 2.I Vle't phu'dng trinh tlé’p tuya'n

Glé. st ham 56y = flx) cb 46 th1 1 (C) i Mo[xo f(xo)) € (C) f(x) c6
. daohhrntalx xo g

| Phuo‘ng tﬁnh tiép tuye’n cia (C) tai MD 1a

¥= yo—f(xo)(x xo)

I



o Vidul i
a):;&mn'mhpamboldqngy = ax? +bx+c diquuc@cdxémcucdal
cuc t.iéu clia 46 thi (C') cua ham s& y =x3 - 822 + 4 vi nép xdcvmmrbng
thingy = -22+2. - o (d); o
R Vié’t phuong trlnh tle'p tuye'n cﬁa <€) song song vt‘h dtrbng thing

5 \
y=—§x.1 - - (cz?j

Gidi
ajy.=x3—3x2+4; |
y‘=_3x2 -6x=§x(x-—2); y'=0€=> [::g
Chc diém cye trj cita (C) & My(0 ; 9 v My(2;0).
Parabol (P) di qua M, va Mz cé dang
y=ax -2(1+a)x+4(a#0)
Dibu hendéparabol P) usp xﬁcv(n(d) mhephumgmnhsau c6 ng}uem

{ --2(1+a)x+4=—2x+2 @w0).
2ax -~ 2(1+a)=—-2 '

Glilhetren,tadquc a==2 x=1. . ol
Parabol (P) phéi im cé phuong trlnh lay= 22 -6x+4

b)Phumgn‘lnhtiGptuye’ncﬁa(C')songsongvdl(d')lay=-——(x xo)+yo.
o Gxﬁplnmsn-lnhax ~6x=——-,tadm:cx=-—vax=— ’mdéhaxphuang '

5 5 (. 1), 100
n']nht:GpMy&lplﬁlﬁmﬂy=—§(" J 287 "a-“ g(. ] 3T



Vidyz :
N ‘Km luan theom sd nghnem cl’la phucmgtﬂnh

| Gidi
- Tach . .
2 o _a. ; N | -
2—x-;—3§—-§-=x+m o +(1-mr-31-m)=0 (x=8). (¥

Tacé 9+ 3(1~m)- - 3(1 - m):On&nx#B _
| A=(l- m)2+12(1 =m) = (m - 1)(m ~ 13)

"“Tl’.rdétacd e |

.m>13holic m<1 = A >0 nén phuonguinhdichocéhai nghiém.
m= lhoac m=13 = A=0 nén. phvong trinh d& cho c6 mot nghlem
| 1<m<13=> A<0nenphumgtmhdachovanghiem

nlu TAP

-1.24. Khéo sét va v& d6 thi céchﬁms(ﬂ -.
| a)y = x% ~ 42 +3; : LBy 2-:—--3::-'::2'; RIS
c)y_=I2x3~3x2-2:' L o d)y=-;x:3—x2+x-; :

S .
e)y=5§——x-2+1

1.28. Khéo s&t va vé& dG .thl cic him 86

a)_y=‘?._2;_,' o b)y:zx c)yr—_m

£+1 3x+2'

.26 a) Khﬁo sht sur b:én thién v vé dd thi (C‘) cﬁa h¥m s6
y=-—x +3x+1 '

o2t



b) Chlraphépblﬁih]nhb‘léﬂ (C)thanh d6 thl (C') cuah&m 36
Py 'y (x+1)3-3x 4 S

| c) Dl;a vio dé thi (C"), b1en lugn theo m sd nghlem ciha phuo‘ng trinh

(x+1)3—3x+m.. B
d) V1€t phuong trinh tze'p tuye'n (d) clia dﬁ th1 (C'), blét ne’p tuyén 46

vuong goc véi dubng thing y - '—§ +1.

o 1.27. Cho hiam 56

_ " 4Fx-
T 2x+3m’

a) Xét tinh don di¢u cla ham sd.-
b) Chiing mmh ring v6i moi m, tiém cén ngang cha dd thi (Cp) ciia ham

36 dﬁ cho luOn di qua diém B[ -4r § - l] .

c) B1¢n lua.n theo m. sd giao dlém cﬁa (C,,) va duang phan gléc cla goc
phﬁn tir thit nhét.

d) V& d6 thi ciia ham s6 S

4-x'
2x+3

y=

' '|1 .28. Bién ludn theo k 38 nghnem cﬁa phuo‘ng trinh ;.

22

-1 =2(x-k}; o bE+)PE-x) =k

~ 1.29. Cho ham s6 |

y=x -(ni+4)x' -4x+m. ' ' ()

~a) Tim céc dxém ma 46 thi clia ham sd (1) di qua V61 le glé tri cua m. )

-b) Chling minh. ring v&i mm glé tn cﬁa m, &6 thi cta Ldm s& (1) luOn
‘Tudn ¢6 cuc tr1 :

¢) Khdo st su b1€n thlen va vé 44 th1 (€} ¢ha. (1) khi m =0,
d) X4c dinh k &€ (C) cét dudng thing. y = kx tai ba diém phan biet.



" 1.30. Ché ham 16
R y——T—~2x s Yo
'-.--a) Khéo sﬁt sy ble'n thl@n v& védﬁ[.h; (C) clia hhm 36 dicho

b) Vit phuonig trinh tie’p tuye'n clia © t@l cic glao d;ém clia né véi
- trye Ox. - . _

c) Blen luan theo % s6 g1ao - diém cihia (C) véi dd th; (P) cha ham sd
y= k 2x2 . '

' 1.31..Cho ham s6.

4

y=x + mx?

_ -m-5.
2) Xéc dinh m 0 46 thi (C,y) ciia ham 56.d& cho c6 ba didm cyc tri

b) Vi¢t phutcmg trinh ti€p tuyén cia (C_2) (li‘ng véim = —2) song song véi
© dudng thing y = 24x - 1. :

Bal t8p &n chuong | -

1.32. Cho ham s6
o  y=4Pamx W
(mlhthamsd) . . ' '
a) Khio sét sy bién thlen va v& dd thi (C) clia ham 56 ﬁmg véim = 1.

b) Vist phucmg trinh ti€p tuye’n cha (C’) song. song v6‘1 duﬁng"
thingy = 13x + 1,

~ ¢) Xét sy bién thlen cha hhm 36 (1) tuy thuOc glﬂ tricham. -
1.33. Cho ham s6
y=dima?-3 W
) Xdc dinh m @6 ham s6 (1) luon udn c6 éyc dai, oye tidu. |
N ' 23



b) Chﬁmg mmh rﬁns-' ] '-f . f |

- x3+mx —8= 0 )

luon 1u0n 06 mot ngh1¢m duong v(n moi m e- R,
c) Xéc djsih m dé phuong trlnh (2) cé mot nghiem duy nh&t

LM cmmmscs BTN

-.y——(m +5m)x +61m: +6x 5

'a) Xéc dmh m dé him s§ don dleu trenIR Khi dé h&m sd d6ng bxe‘n hay '

nghich bién ? Tai sao ?

' -b) Véi gui tri ndo cha m thi ham s6 dat cuc dai-tai x=17"

1'03_50

(a- l)x
3

a) Xc ‘dinh o 86 ham s6 Tuon luon ddng bién.

Chohhrnsdy-— + ax? +(3a, 2)x .

~ b) Xéc dinh a 6 46 thj ciia ham s6 ¢4t tryc hoanh tgi ba diém phan bist.

1.36.

.Cho ham s6

) Khdo sét sy bién thién va vE d6 thi (C) ciia ham s6 tng v6ia = >

| 2

Tir 46 suy ra d4 thj clia ham s6 |
' 3 .
A£° 0 3x° bz
y—?'l" 3 "'|'""2"".

y = f(x) = 2% - 2max® +m3#m?._

.a) Khéo sét sy. bxe'n thlen v v& d6 th1 cua ham sd kh1 m=1.
b) Xdo dmh m dé dG tlu (Cm) cha hhm sd dﬁ cho tlép xﬁc véi truc ho&nh tai

hai diém phan biét,

137,

Cho ham sd

3(x+1)
x—2

a) Khao st si bién. thlen va vE d6 thx (C) cua ham s6.

g -b) Viét phuong trinh céc- dm‘mg thing di qua 0 ;0) va ne’p xﬁc v61 (C) o

¢) Tim t4t c céc d__lém trén (C) ¢6 toa d¢ 1a cdc sd nguyén. . -



[

1.38. a) Khéo aﬂw b:e'n t!uen va V& dG th: (0) cba h&m 6

X+2
-x—-3.f .

- bJ Chling minh r&ng gmo dtém I cﬁu hai” u@m can ct’za (C) 1a tam d61 xlmg
. ‘Cﬁa (C) C - : Al »,; ir b

‘ '.c) Tim diém M tren dG thJ, cﬁa ham 86 520 cho khoéng caich tlT M de‘n

tlem can dﬁng bing ‘khodng céch ty M dén tiém can ngang

3.

CAym=-l; (B)m>1 " (©me (-1;1); "(Dm's—-z-.
 Gi tri 16n nhéft ciia ham s6 y.. =

' (A) Ham ] ddng ble'n trén tﬂ:ng khoéng XAc dmh

_1.39 Chlfmg minh rAng phmmg tiinh 34° + 162~ 8 = = 0 chi c6 mot nghi@m thu'c

B&It4p tréc nghigm

'Ch¢n phutong én dting (ckc bdi 1, 2., 8):

. 4 )
Ham sd y= —--—2—~ +1 déng ble’n trén khoé.ng

(A) (= ; 0); (B) (1} +e); (C> (-3, 9 =D, |
Véi gif trj ndo cia m, hdms6 . o |
’ | __y=:-x2+(m+l)x—-1 :
— 2-%
nghich ble'n trén mbi: khoing xéc d),nh clia n6 ?

s

| Cdcdxémcucnéucﬁahhmscfysx +322 421

Ax=-1; ' (Bx=b; (©zx=0;  @Ox=1r=2

1a:

x+2 o
(A)3; (B)z; . ©-8; . (D10
+3

Cho ham s6y =

25



(B) Ham 36 dénxhaﬁam Idm&w(-w +°°), TN
(C) Ham s6 nghldh bién tren ting khodng x4c dinh ;
_ (D)Hhm Y. _ngh;_c,h bién trén khoang (=co ; +00),

Tog do giao diém ciia d6 thi che ham s6y = ad

S F g R FC -2x--3 . 3

FhmE)_cmwa) ©C0 T D,
- 86 giao dlém cﬁa dG thi ham s6 y= (x 3)(x +x +4) vé‘l truc hoa.nh 1a:

e - ®a; ©o; o

§1.

11,

L&I GIAI - HUONG DAN - AP SO CHUONG |

a) y = 322 - 8. TXDM : R _ _ ot

Y =8x— 24:;2__= 6x(1 - dx). B

x
¥=0 &)
X

= o

y' > 0.trén khoang [0 ; %), suy ra y d6ng bién trén khoéng [0 ; %]

. y' <0 tfén céc khodng (— ; 0), (% o+ o_e),,.su,y ra y nghich bign trén céc

khoéng (—oo 0) (— +m)'
16 3 4 - o
b) y= 16x+2x_ ~gx - .TXD: R.

¥ =16 +4x - 1627~ 42% = A+ )P -1,

(*) Tdp xéc-dink viét tht B TXD. |

26



x= -
X oo —4 —1 1 +oo
y' | + 0 - 0 +0 -
IR ycp - "_.'J’CfJ_

\"ay him s& y' da cho dong biefn trén céic kﬁogng (-0 ; —4) VA (=1'; 1),
nghich bién trén cdc khodng (4 ; -1)va(l; +m)
c) ¥y= x° - 6x% + 9. TXD : R.

y'=3x ——12x+9 y'=0 @{x:‘% E

y.> 0 trén céc khoéng (—oo 3 1), (35 +=o) nen y déng ble'n trén céc khoﬁng
(=005 1), (8 ; +22).
y' <0 trén khodng (1 ; 8) nén y ngh;ch b1e'n trén kho&ng ;9.

d) y=at +8x +5.TXD : R,

=4x% +182.= 4x(x +4) y 0@3-—0

' >0 trén khodng (0 ; + o) =y ddng bi¢n trén. khoéng ©; +oo)

y' < 0 trén khoéng (—m :0) = 'y ngh;ch ble'n trén khoéng (=== ; 0).
3-2x :

8) y=S55 TXD: R\

-17

e T? , |
y' < 0 trén cdc khodng (~oo ; —7) -7 +oo) nen ham sd nghlch bién tren
céc khoang d6. - _ _

b) y = TXD': R\{E}
(x - 5)
|-. -2
y =—-———3"

- (x —5)__3 -
SR 27



Y <0trenkhoéng(5 w)neuyngmphmsnuenkhoang(s +u)

y'>0ten khodng (- ; 5) neny ddng bne‘nu-en tho: (-w 5).

9= 2""TXD m\{-s 3.
x -9

| '-,”='—2(x +9)
rE (22 - 9)

y < 0 trén céc khodng (—ee —3), (-3 3) (3 +#o0) nen ham 8 dﬁ ¢ho .
o nghich bién trén céc khoing d6. '

_x+48

dy y = TXD R\{O}
el 2 a2 Lay feen
y,____S(x 216) _8(x 4)2(:: +4) 2 ﬁ[x. -2
x x x=2
'Ix 00 . -2 ' 0 2 +oo
y | o+ 0 = -0+

| Ly —32 Hoo  te
Y / \ \ 82~ / |
Vay ham s6 44 cho déng bi¢n tren cﬁc khoing (—m : —2), (2 ; +oo) VA
_ngh;ch bién trén céc kho&ng ~2;0),00:2). '

&) yo B2+ TXD : R\G.
. x+1 .
. ,x2+2x'—_5 f x=wl- J‘
=—-——~—-—----—--2—--., 04:}
‘_(.x+1) _ x=—1+\/_ | .
x" —oa —1—\[6' B _—1_' .!—I-FJEI +oo
y
—oe/ \ I 2\f_ 4/

Vayhbmsddichodéngble'ntrencﬁckhoéng(-u “1- JB), (~1+8: +m)
. VA nghxch bién trén cdc khoéng (-1-+6; -1),( 1; -—1+J§) '
28



9y ***;?’Z’—STXD R\2).,

2
_..___‘_4_’5._:*_1 O(doxz 4x+7c6A' :-—3<0)

EERRL I A

T a2

o Vay ham s6 d& cho ddng biﬁn tren céc khoéng (—w 2), (2 + °°)

13, a)y_Jza 2. TXD: [-6; 5. A

= syt D«#xzo

=
V25 - 22 .

Vay ham s6 déng bién trén khoé.ng (-5 0), ngh;ch ble'n trén khoéng ©;85). .

J_ TXD [0 +oo)

B y= x+100°
- 100-x
y'= y = 0 Sx= 100
2 (x +100)%
x
Y
Y
Vay ham s6 déng bién trén khoﬁng (0 100) v nghich ble'n trén khoﬁng
(100 ; +o).. D o |
' c) y = TXD 2. (=4; 4)
: 16 -x _
= 18 L 0iVie (o4 9.
T (18- 22)V16 - 42 |

. __V%" ham s6 dGng bién r,ren khoé.ng (-4 4) SRR |



3

_=.. i ’ e s
d).‘)’7::;_““6r ( J‘)u(ﬁ +7

- 2" (o ‘9) ,y—0¢=>x-i3 B
x| —eo _-—3
y S+ 0

y ﬂw/"_9\/§\_-”

_ Vay hb.m s¢ d6ng bién trén cic khoén’g (= ; -8), 8; +o3), nghich bién
trén cﬁg-khoing(~3 i = 8), (V8 ; 3) '
1.4, a)y==x-sinz, x € [0; 2). |

- Y=1-cosx20véimoixe [0;2n].
Dfiu "=" xﬁy ra chitai x =0 va x =2m. .
" Vay ham s6 déng bién trén doan[0 ; 2x].

- ' n_ on
b)y=x+2cos\x,{ce [E;T]'

; _ e . R, bn !
y=1 2smx<|0v6'1xr=' [6 6) -
- p . % 6%
Do d6, ham s6 nghich bién trén khoidng [‘ﬁ"; —6-)

o) Xéthims6 y =sin=véix>0.

1 1 _
y """"';EGOB; - . ST /
' .Gléu bét phucmg trinh sau trén khodng (0 ; +eo) :
: 1 (wcosl]>0¢=>coal<0
%2 x
o '-E(1+4'k)_<;<,.2—(3+:4k), £=0,1,2,..
-2 2
—_— 2
= wean > @A 0.1

30



o Bodé;ﬁmaﬁddng biéh tren céc klming

e ( e g ][ g2 g ] [_E__?_J (_?_ 2)
(4k+3)1c (4k +1)m (4 - 1)1: (4k a)s R 6m/\3rn
Vi ngh;ch bién trén céc khoéng l

- LS.

((4&31)1: ;4&21)‘]!}' '(5:1 3‘1] (2 Qj,-V&i}ee-of-'l,z._...

ay Xét h&m;sd fix) = tanx — sinx trén nita khodng [0 ; EJ ;-

2
o . . .
@)= 12 “0051?5-'-"1————002—8—520.3:6[0;5].
' cos“x . . co8“x 2

Dfu "=" xdy ra chi tai x = 0.

- Suy ra f(x) ddng bién trEn nira khoﬁng [ 0; -’E) .

Mat khéc, ta c6 A(0) = 0 nen f(x) = tanx — ginx > 0 hay tanx > sinx

- véimgixe (0 g]

. b)OXéthAmsd h(x) 1+—x-\/1+xtren [0; +oo) -

]
e

R'(x) = 5 2 0v61 0 s < oo,
ACk v v '
Déu "="xdy ra chi tai x = 0 nén A(x) déng bién iren nira khoing fo; + o).

- Vih({0)=0nen

,h(x)=1+.%x-—\(1+'x >0

-

hay;_1+-%x>\/1+x v&i0<'x<+§6.

2
oXéthﬁmso'f(x)-\/1+x 1-—-2-x+—- tren [0 s+ o)

8
g(x) f ‘(x) T:;

'()- z

20vénOSx<+oo
4(1+x)~/1+x :

31



i o -

Vi, 3(0) =a vi g(x) dﬁng ba&nmmm {05 w) nén g{x)z t'f tifc 15

- -f(x)kﬂmkho&ngdévhvidﬁu " xiyrachimx 0 nén. £(x) dbng
"':-:bﬁnmﬁéakhoang 10 ;4). . S 3

1.6.

- Mg:khac, tAco6f0)=Onen .. N
' o2 o .o
f(x)=J1+x 1——x+ 5 >0 hay 1"’%""%“}{-“?1
""vdlmo10<x<+oo |
Pat f(x) %9 -3x+cTXD R. -
) =82 -3 =82 -1),
ol _
x - -1 .0 1 - po

) + 0 - 0' _*

o yca
Ifw / \c 2/

'I‘ren doan [0 ; 1] ham s6 f‘(x) ngh;ch bi€n nén dé thj cia hhm o8 1(x)
khOng thé cét tryc hodnh tai hai diém trén doan ndy, tc 12 phuong trinh

%% -3x+¢=0 khOngthécéhamghtemth\mtrendoan [0; 11

1.7.

;'l -80 .

3

ﬂx)asmx bx+cngh;chbl&lmnn€utac6f(x)=cosx -b50, WreR.
Vi |cosx|51 nenf(x)50®b21

2) y=-2x%+7x~5.TXD:R.

Ce] =T

y'.=—-4x+'i', y_'=0ﬁlx=
| " L] 7 .
y'=-4=y"¢ =-4<0.

Vay x =% 12 d'i.ém.Cl_fE fﬁl:g.'i_'ct’la._-hﬁix_i s6Va yop = % B



b) ¥ = x3_.--3x2 "-f-24x + 7.T_XD :-Rj.
y=3x -6x 24 3(::2 2.1: s)

y 80@ e
x 4
| ""’y"=6x ~8.

. Vi y"(-2) -18<0, y"(4) = 18 > 0 nén hhm s6 dat circ dai ta1 xX=- 2
dat cyc tifu tai x = 4 vh J’Cﬂ = y(~2) =85 ; yor = = y(4) = -78.

o) y=ax* - 5x? +4.TXD:]R.

y'=4x® - 10x = 2x(2x% ~5). n

. : x=_0.

y'=0& x=—J-g_~
x—JE-'
il 2

y" =12x% - 10.

Vi 3’.'{*\[‘2:] =20 >0, “y™(0) = -10 < 0 nén him s dat cyc dai tai x =0,

- dat cye tidu tai x = i\g va ta c6

yep = ¥(0) = 4, yeor = y(t\/;) = —%.

d) y = (x+ 135 - x). TXD : R.

y'=~(x+1® +8(x + D?(5 —2) = 2Ax + 1_)2'(7-";_’52;:)_. |

.xz—l'.
y=0=| 7

5
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 Bang bién thien

ol

—00 - _ . v —0a

g (7Y 2187
Ham &6 dat cuc dal.tq.llx--z— va yca—y(—é—}—_-w.

C e y=(x+ 2P -3 TXD: R
¥ =20+ 2)(x - 3)° + 3x+ DX - B = balx + D - 9%
_ x=-2 o
y'=0e{x=0
' x = 3.
Béng bién thien
X —ce -.—--2 0 _ "I3. - e

¥ I-."'. 0 — 0t 0 +

| oy : 0 . 0 - oo

—_—00 ”

T d6 suy ra yp = #-2)= 0 ; yer = ¥(0) = ~108.

19. a) y= 5L TXD: R
N x“ 48 o

_ 2 +8-2x(x+1) ___-x2 -2x +é
(® +8)? (2+8)°

1
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v Z 0 0 -
4 A
1

0
" Ham s6 dat cuc dai taix =2, cwc tidu tai x = 4 V2 yop = (@) = =,

. 1-
Yor = ¥4 = -3

% -2x+3
B y=T=Tr
Ham s& xéc dinh va c6 dao hadm vé6i mou:#l
' , x —2x -1 o -.
(-1
.J"=Oc¢ xgl_\/ﬁ-"l
. _ ‘xml+a2
Bing bién thien | | |
X |mee 1J" e 1442 e
y 0 - - 0 4

Hamsddgtcucdmmx=1 J§ dgtcu'cnéutmx 1+J_ tacé
0 yep = y(1-42) = 242,

ycﬂr' =y(1+'\f—)=2\/_
Q) y= M’-‘—-—ETXD n\[-u
x4+l '_
, x +2x+6

( 1)2 >0v6‘1qu x#-l
x + _



H&m 56 ddng bién trén céc khomg (—oo ; —1), (-1; +oo) va do d6 khong
cé aye tri.

\2
oy A
x2 -2x+6
' V] X% ~2x +5 luén. luén ducmg nén ham s@ xéc dl,nh trén (—on +oo)

_ox - 4)(x? —2x+5) (x-4)2@x~2) _2(x- 4)(3x+1)

(@ -2x+B)? P -2 4B)
| N P |
y'=0a" 3
_ o x =4,
' Bang bién thién
x e | --lg .4. +o00
y' 0

y / \ /

Ham s¢ dq.t cye dai tal x ===, dgt cyc tléu tax x 4 va

1) 18
- Yep = y_(—g) =giYer= ¥(4) =0

| 110.8) y= x- 6% TXD 1R,

. 4 %*4
y' = 1——== .
—0<=>x—64 ) _
Béng b16n thlen P , _
PR 0 64 g

ol / O~ / +o0
Vay tacéyCD=y(0)=0 vﬁycjv\'=_y(64)'¥ ~32. "
36 | '
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b) y (7 x)%x"' . . . R .-.'_':'_".,‘.‘.1_';..'- . ",I:E'I._
Hém 36 xéc dinh tren khoing (-oé $ +m) E ~ '

| N z_g/;,_.—g, -4(x+2)
RRER L 3 (x+5)2
 Bang bién thien
y' | + 'R 0 -

—=0

Vay yop = ¥(-2) = 9%3.
cy= % .
o Jlﬂ-xz _ |
Ham s6 xéc dinh trén khoang (10 ; vI0).
':\/10-x2+ 2 o
| 10—x2- - 10
10— (10 - x \/10 - %2

Viy'>0 véimoik € (-\/—- J_ ) nén ham s6 ddhg ble'n tren khoéng a6
va do 46 khOng ¢ cuc trj. . .

d)y J==
x° - o
Tap xéc dinh : D = (-°e ;'—Jg) U(Jg ; +w)

.]._- o 32‘..2 fxz -_-'6_7-_ x4

76 3l 6) -t 922 o)

y=

y'.m - - . |
R J(xz.;s)-*’ a2 -6
x-—B_ ' ‘ ) )
y'=0=x=0
x=8. "

37



" Bing hidng:.-tht&ii R

Ty 46 ta thdy ham sd dat cizc dai taf x = =3, dgt cuc tléu tai x =3 va
| yor =y =983, yp = 9B = —9J'

CLiLay= sin2.

. HimsScéchuki T =1

Xét ham s§ y = sin2x trén dé:,m {0; 7}, tacd

' y'=2co82x.
x=2
y =06
== :
Bing bién thien |
y 0 - - 0 +
1

/

R ‘Do d6 trén doan [0 ; x], ham sdd_gt oyc dgi tai -E-, dat cyc tidu tai = va
. AN o 31;' o '
(e
" Vaytrén Rtac6: ' | | N
yep = y(z + ku] =1 ycr = _y(—4—._+_ k__n] =-1 ke Z

.



.-b) y=coam smx Hmwm&lhoénchuki 21t néntaxétuﬁndoan [—n ).

-y ==«-smx cosx T .

4
) '_La.p bﬁng bién thlen tren _d_oa_n [~n; n]_ _

y=04=tanx-—-1wx-"-—+kﬁ,ke Z

Lt . 3 :
X - *—-4- 'Z' | R
y’ ) + 10 ' --- . '0‘_ . . +

)

Hémsédatcl,mdgltm x=-F+hom dat oye tidu tai # = -i—n'+..k21|:_ (keZ)va

ycg y[——+}e21t) \/E

Yer = y(—+k2n)_—f ReZ)

c) Tac6 y—smzx-l—&zx

)

~ Dods, hamsdaschotuanhoanvmhmn 1‘ax6thhms6 y=%-%cos'2x
trén doan [0 ; x).
y' =gin2ax.

y=0esine=0e z=hEhez). *
Lap bé.lig bie’n thién trén doan [0 ; )
= | o

y 0 0+
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T\)’dé tarh(yhim sd d@t cuc tléu tal xwk- vﬁuk chﬁn dat cuc dai tai

x=k§'\faiklé vhyCT y(2mn) 0, ycg=y((2m+1} ) I(MEZ).

Ta ble’t ham s6 y = flx) c6 cye. tri khi phtro'ng trinh y' =0 c6 nghaem va y
ddl défu khi qua céc nghi¢ém d6.

Tacé . y'=3x —2mx+[m—%).-
Xét y'= 0,_. ta:c6 A' = m? —'S[m —%) = r_n2 ~-3m+2.

 A'>0khim<1hotcm>2. | ™

. DéhamsScéoyctritaix =1 thh

y=3-2m+m- %': 0._‘?_ m = %, thod mén diéu kién (*).

Véi m = % thl ham s& dé cho trd th,anh

a3 o2 B
y=x" 3x +3x_+5.
Tacs yed-ly.5.
Tachd y'=3x° -.3x+,3,__
"= Gy — 2
y Bx 3

VI () = e-—%w nén ham s6 dat cyc tidu teix = 1

16
Va. Yor = y(l) = -?3—

1.13. H_Rm sé
- : -2x né'u x20
i (x)

| sm—é- né’ux<0

.40



thmg cédgoh&n‘l taix = Ovi . -
Y lim fX)-fO) _ 2 _

x—0t . X x—+0+ x.

 x-0" X :'x-—;ﬁ" x_ BN =Y '2'2:_
Mat khéc, véi x<0thi y =-;-cos , véix>O0th y _-2<o
Bang bi¢n thién .

y T+ - |

Tix.d6,; ta they ham s6 dat cyc dai tai x = 0 v yop = ¥(0) =0

1.14. Ham s6 khong ¢6 cuc trj khi dao ham clia n6 khong déi ddu trén tap xéc
dinh R\{m}.

Ta c6 y = _:fz-l-_2m_x___§_’
x-m- o
_ (@x+2m)( - m) (42 + 2mx - 3)
S xemi |
- 2x% -2m? - o -2mx+38 _ % -2mx-2m?+3
B @-m2 (x - m)? '

Xét g(x)' = x? -2mx ~ 2m2 +I3 '
: A' '-.m +2m -38= 3(m?2 —1)
g S Okhl -1 sms<l.
Khi -1<m<1 thi phirong trinh g(x)=0 v6 nghiém hay y'=0 vo
nghtem vd y' >0 trén tap xdc d;nh Khi d6, ham s¢ khong c6 cyc tr. '

Khi m =1 hogcm = -1, ham s6 d& cho tré thanh y=x+3 (vdux;tl)-
hoic y = x -3 (véi x = -1). Céc ham s6 nay khOng coeyctri,

Vay ham s6,da cho khOng 6 ctIC tri khl -1s m < 1

*
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1.15. a) 'f(x)- 82+ 4 ~Stendoan [0 1]

c.-‘:lm

f‘(x)=*6x+4 f'(x) 0 & x=
S (2)_ 20 DO
f3)--% ro=s -
- . v 20'
+ . Vay [mmf(x)--—s maxf(x)=-.T;
.b) £x) = «® + 3x% - 9x - T trén doan.[4 ; 3.

f(x)=3x +6xu'9'f(x)=0¢:[x, ]_'3
Ham s6 dat cyc dai tai x==—3 dat cyc tidu tai x=1v fop =f(—-3) 20 ;
fc-T=f(1)-——12 f(-4)=13 ; f(8)=20. - . S

Vay minf(x)=-12 ; max f(x) 20.
(-4;3) {~4;

¢) fx)=v26- x2 trén doan {- 4 ; 4],

20 -x
f (x) < Otrén khoang (0 ; 4).
Ham s6 dat cyc dai tgi‘x =0va fcg -5.
Mat khéc, 1 c6 f(-4) = f(4) = |
V_ay [3%{(::) = 5, [3111 f(x) 3

Fl(x) = Tmu. f(x)>0trenkhoing(-4 O)VQ

d) £(x) = |5 - 3x + 2 trén dogn [-10; 10} |
~ Khdo sét sy bién thién va v& dd thi cﬁa him 56 g(x) 2282+ 2.
'__"'I‘acé - o S

Coe
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x -10 1 % 2 10 |
. g(x) : 0 \ _l ’fyo _

Vi f@) = g(x) khlx -3x+220,
: _—g(x)kh1x.-3:u+2<0

nen_. ta c6 46 thi cha flz) nhu Hirih 2.

Tir 46 thi suy ra -

= £(~10) = 132,
[“%ﬁ_mf(x) f( _ ) =]

min_f() = @)= £@) =0
[-10; .

o e) f(x)=.—1-trendoan [g 561::'

sin" x

f(x)..-‘_’°"2",f(x)<o trén. [3 2) v f(x)>0 trén [

nén ham s& dat cyc tiéu tai x = E va for = f [E) =1

Mht khélc,-f[g—} - 725 f(‘%’_‘) -2
'Vay max f(x) =2, min f(x) 1
HE

5 GBS

g fx)= 2sin x_:!- sit_1_2x trén doan. [0 =

F'(x) = 2cosx + 2co82x = 4cos-g-ooéy,

- '_ | | coé%:ﬂ . J_C'=-TC.
'f‘(x)#-O@ 3y =1 T
3

] _ , x=
Icqa % = _

.
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Tﬁdé ta cé max f(:.r.) —_ m13n f(x)—-—2
0: '2" - [0’?] |

t:ren (—oo +°o)

| 116.a)y.."
: 4+x _
._5’..“.4 xz'y'oﬁ[x’j;_z o
R (4+x2) oo LE=a
. Bang bién thién

X. —C ‘ . -2 +o0

2 o

y - 0 . + 0D -~
¥ [0~ 1
_ \ 1/4

' . B
Tu dé ta cd ml%xy—z, m!%ny-—-z.

1 n  3n
)y-—trenlschoé.ng[2 2)

' = smzx.; y' =0ﬁx_=|1t.
CO8“ X '
‘Béng bién thién
. .E - o . - 8r . '
| 2 2
y' 0 l|

Ham s§ khOng 6 glé tri nh6 nh4t, Gid tn 16n nhét cila ham sd N
1tms.l.?zc y= y(n) = -1

BT
c) y=- 1 t.renkhoing (—oo-+oo)
1+t
—4x3 '
,y_'=——-—£—3;y‘=0'¢>x——-‘0.
.(1+x4 ' '



~ Bing bi¢n thien '

A + D

Ham sd khong 06 gid tri nhd nhﬂt Glé tri lé‘n nha't cﬁa hhm sd 19.
max y=y0)=1. o

N 1, _
d) .y -_mtren khoéng (0 ' TC).

-CcosX n
y'= =0 x=2
sin? x 2
Bang bi&n thién
x 0 % T
y - 0 +

- Ham s6 khong c6 giﬁ tri 16n nh4t. Gid tri nhé nhét cla ham s6 1A

‘min y = y(nJ 1.
©;m> \2)
1.17. Chom > 0. Dit x 12 s6 tht nhat, O<x<m, s6thuha11& m - x.
Xét tich P(x) = x(m -x). '

Tac6 < P@=-2x+m,
- Px)=0& x = —’-"’2—
Bangbienthien I
o a o mo Com
P [+ -0 o= _
ool T —



T d6ta cé gnﬁ m mn nhst cﬁa tich hai s61a - e
| o |
m

1. 18 Gm mQt t:rong hai sd phﬁl tim 12 x, ta c6 56 kia 1a x+13.
' Xﬁt tfch p(x) = x(x+13) x +13x S

P = 2x+13 p'(x) wan--l-z?’-
'IBAng bién thién o
| X —oo --]-'E .+°°
| | 2
| pi®) - o o+
Cp(x) | oo B - oo
| - TeT

Vay tich hai s6 1a bé nhat khi mot s6 1 -2 va s6kia a 2.
1.19. s-=6t2-—.t?-,t>,0_; e , - f

Van téc c:huyé';x d_ong lav=g¢' tifcld v=12¢ - 3%,

Tacé  v'=12-6t, '

| =06 t=2 S
Ham s§ v d6ng bi¢n trén khodng (0 2) va ng’hxch bléntrenkhoing@ +oo)

Viin t6c dat gié trj 16n nhi khi ¢ = 2. Khi 6 mex V = Vcﬂ = 0(2) = 12(n/s).
| . R 031 B '
1.20. (H.3) Kf hi¢u canh goc vuong AB lax,0<x<g. o

Khi db canh huyén BC=a-z, canh géc vuong kia 12 |

~ AC=VBC®- A132 ‘fa x)z-x?‘
hay .'Ac..\laz—z |

Hinh 3



Y Dl{mtfchtamgﬁcABCla

PR

§4.

'121

S(x) ~x\Ja P I

Bing bién thién o
' _ : e a:
* |0 3 3
8'(x) + 0 -
St | g2
Tam gifc <6 di#n tich 16n nhetkhi AB = g Bc=2
-1
Tacé lim 2X=l= o lim 2221 _ ies nén dudng thing x=2 Ia
B x....’_z" X+ 2 ) ’ x_’_-z'qll_x + 2 . .
. tiém c4n ding cila d6 thj ham s6.
- 1
2x 2-=

Vi lim —

Vi lin = lim —~—& Znnduém n =21at1mcan'
g 257 = Jim 5 =2 o dutng wing 5 =2 1 i

ngang clia 86 thi ham s6. | o \
3 -2 . 8-2« I N -
BT lim o= T f’_‘f° 1__-3-————»,.@06;-.313@6&10@18. .'
x—"“-g o | x—b-—ﬁ
- 3
3 =-2

2
= PR AQuing th&n _——-1at m
x_mgﬂ | xl—1+:t~3 173 .nen g gy 1¢

can ngang.
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g :

e | _
c)Vi 11m m _—~no, lnzlg_2 P -+oo nﬂn x =— 12 tlém can dﬁng‘
) x—-;—a- . '. o x‘—)-g : <L

Do lim —> =0 nen y'_=0'1a tiem cgn"ngang.r. S

x—’ieoz 3

Do lim —% =, lim —% = o0 nén x =1 1au¢mcgndmg

o1t tl 7 gmx+] N

o -4
“Vi lim =0 nén y = 0 la tiém cAn ngang.
B y | ém cn'ngang

1.22.

a8

.Ta 1a1 cé lim

12 27

1.__.___

2 _ _ '
a)TachH lim # 122427 ) g 1ntny= llhnexncanngang.

. Ao x2-4x+5 Jt='-'=*-'°"1_..4'_ 5

2 -—x-2 : | s
—— —— = — nén x =1 1 ti¢m cén ding. "

b Vi lim %
) . :.\:—)1* (x—1)2
' 1 2
2, le—-— .
. XL X2 . X 42 .
TY lim ——= = lim —J—zl suyray 1 I tiém can ngang.
x—tee (x —1) | X—pee (1' 1
_ -3
x2 +3x . x? + 3z 248z
oWVl lim =11m---——-'—--+eevihm
) x—>2+ x2 - 4 x—)2+ (x 2)(x l+ 2] r—2 (x 2){x + 2)

nen x=21a mot tiém can ding.

L g% 48 B o
Do x‘l_l;l;né*. 5, ='4oo VA xll’:g m ,ne.n..x— 2 14 tiém
can dimg thi hai.

' .. 8
22 +3x 1+

5 = lim —% =1nén y=1 IAﬁgm.cahngang.
x—tea x -4 . x—bi:wl__‘i'_ _

_x2

2 x . 2-x

d) Do 11m——-————-1 e ;w nen x=1 lhnem-

x—o1t x% —4x+38 x—-)lt (x D(x~3)
can ding,

o FLOLO VR W] YRR .



=

Mat khac’ hm ) i - = Foonén 'x = 3"cﬂri.§' a tn&nclﬂm fng.
S x—ea*x ._4x+3 _ _ : : i

. -Vi’"iim%—-()n@n y=0 Iitnemcanngang
'S-*ﬂ“x —4x+3 '

1.21 4) '1"& d6 thi (1) (H.1), 8é o6 ﬁ!:nh oy mn yim z n uem can ngang. vh
- x==2 1a tlem cgn dimg; tat;nh u&ndﬁth;(%) song songvé‘: tchylen
" trén 3 don vi‘ 'sau 46 tinh tién song song vdi tryc 0:: vé bén phén 3 do‘n Vi

ta duge cic ham s5 tmmg (ng sau :
| | 3- x+3x+3_'2x+e,
y= f(x) x+1 +3=- x+1 | x+l
' 2(:: 3)+6 2% o _ ' .
T RE = T

b) Lﬁy asi xfmg hlnh (H" qua gdc 0, ta dugc hinh (’H") c6 phuong trinh 12

(—x) -2x 2x
y=h(x)== (x) -2 F_—24x=_'x'+2'

§5,

- 1.24, Hoc sinh tyf gidi, | , 74
1.28. Hoc sinh ty gii. ! |
1.26. a) Hinh 4. T s
~ b) Tinh ti¢n (C) song songvél _'l“- y
tryc Ox sang tréi 1 don vi, ta duge S \©
d6thj (C,) clia ham s6 i
| | | i )
y=fE)=~x+1P+3x+D+1 ty o
S L 8w o ¢ {2 x
hay f(x) =—(x + 1)-3 +3z+4.(C) LLDA% TN .

Lﬁy déi ximg (Cy) qua tryc, Ox, ta | '/
dugc dé thi (<) cia ham sd

3 _ L
Ly = g(x) (x+1) 3x ~ 4(H 3). Hink 4

BAITAP QIAi TiCH 12 0 4



e lem<s, phuo‘ng t:rlnh (1) c6

"<:=:-(x+1)3—3x 4'=m 4, _ .
86 nghiém cha phuo‘ng trinh (1) lé sé gleto dlérﬁ cﬁabgi.dubng '

| ‘) V1 (@) vuOng géc véi duélng
thing y--__'_-§+1 ,nen c(). he s6

?"

| 7= 8 =G Wadg-t g )
' 4 i
Ry Emeod vt Ay F y N
..'I'ﬂ'dﬂﬁllutﬂ s&yw S aip g&(-rql-)-s-*-..-..;,,?' . ,(milx
om> 5 hOﬂC me<l: phu'dng trlnh o % s ,"‘é _‘,“ | 1re
(1) ¢6 mot nghi¢m. _ i | ‘,‘ {dy
m= Shoacm=l phuo‘ngtﬁnh~'_ i“l‘ "l?. :
B

(1) c6 hai nghlem

ba nghlem

g6c bing 9.
Tacé g'(x)=3(x+1)% - 3, " Hinh S
g'® = 9" e '{x =1
= —3' 1.

_C6 hai t1é'p tuye‘n phai tim I
y-l=8x= i)ﬁ y 9x—-8; |
y+3 9(x+3)c>y 9x+24 '

4 x '

T TXD ]R\{—s—m}

' BT-GT 12

50.

T (2x + 3m)?

-—2x Bm 2(4 x)
(2x+3m)2

. Néu . m<—§-, y > 0 suy ra hém sd ddng bxe'n trén céc khoéng .

3
-3m

;o WJ-:

{ Tay so: 4 - Mat in: B - Mau in: K )}



e 4,_ T —=1 1
b)Tacd lxm ———— = Hm _:c____=_§

D 5atBm sy, BT

nén vdi moi m, dudng thing ¥ L. tgm cgn ngang vadiqua B_[%; - %]

| c) S6 giao diém ciia (Cp,) v du:émg phan gxéc clia géc phﬁn tu thd nhﬁt 12

s6 nghlem ctia phuong tﬂnh m = . |
| Tacéaﬂiﬂxﬁ4 x==2x +3mxv3‘1x¢—3—m
: 2x +3m 2
o2 +@GmeDz-4=0, (%)
. am _
véi x;f-T.

o Thay =x ='_.-.-§-g-"-_vho("'),_ta cé .

0 [_ gn_z.)z om? 3m _,_9m® om® 3m
2 T2 2 2 2
= me-z.

Nhu vay, d€ x = _§2E khong 1a nghiém cba phuong trinh (*), ta phii 6
. . 3- .
Tacé A= (3m+1)2 +32>0 Vm Tix dé suy. ra vén m ar:—— dub‘ng

théng y==x 1u0n cét (Cm) t&l ha; dlém phan bigt.



b SR L S 2. 4-x o

2x+3 22+ 3

4—-x

- Trudt:he’t tavéddthl(C)cﬁahAmsfSy—lz——--ﬁ TX.D R\{ g]

Viy'= ___-11 7 < 0 v6i moi x -3 nen ham $6 nghich bién trén chc
T @x+82. g Nén ham s6 nghich bién n

khoéng (—m;—-'?i} ; ( g, +ooJ

- Bing bién thien

;o

“Tigm can ding x = -2,

"Tiém can ngang y= —% '

Pé thi (C_‘) di qua cdc
diém (-2 ;-6),

@i, (0:) wo

(H: 6a).

" Hinh6a)
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Dévéd&ﬂl;(C")cﬁahmnsd

Md&thl (C) ném phis.trén
- try¢ hodnh va 1y d6i KNG e
"-phin dé thi (C) n&m phifa | i
dui tryc ho&nh qua ‘trgc  TTTSmea
hoanh (H&b). N

1.28. a) Phwong trinh d& cho tuong | . ¥4
duong  véi phuong trinh '
2x - k) = $(x - 1)° -

ta glﬁ nguyen .

=]

bt
-
w— .
A - i il

L - -8

l

C -
¢

Hinh 6 b}

(-2 +ax-1=2 o 8f---

o

- ', x+1 2k T V-'--
Ta vé dG th1 cha hal ham s6 |

: y=-x +4x 1 , '
wy=2+1®D. Y

bl o e e
L St e 1

aqr. )

Tl‘rdd_tliitasuyra':_ _ ' B IHirih?

2 >3

% =3

-2<2k'<3

%=2
l<2k<2:

: ph}rong'trinh 06 hai nghlem , B ”
: phuong trinh ¢6 ba nghiéﬁi 5 _I

+ phuong trinh c6 bén 'ng.hie.m'-, .

i phl.rcng trlnh c6 ba nghlem -

phuo‘ng t:r'lnh ¢6 bon nghxem S |
| 53



2k = l_ £ pheay _ﬂiﬂh.{:é ba nghtemm
2k < 1 pl;mdng trinh c6 hal nghlesrm

'1<k<- hoac —<k <1 o phmgtﬂnh'ﬁ&%nghlém,
«a,.;j =1 hoac k= 3 hoé.c k: = % phuc}ng trinh cé bgmghlém ;

& >-% . hoﬂc k <.-—]2‘- e - | phutdng trinh c6 ha1 ﬁghl@m

b) Khao st sy bién thien va v& d6 thi cia ham s6y = (x +-"1)? @- x).

: y—_?——x?'irax+2=b y'=-3x%+3;

vl x=1
y! -0<==>,. L’=‘1- |
. ' y
Béng bién thién- '
X, oo -1 1 . 4ee !
- |
y - 0 + 0 - :
- _ e — )
D6 thi nhu trén Hinh 8. 17 =
Tir 46 thi ham 56, ta suy ra: '
k>4 hoac k < 0 : phuong trinh cé ' Hinh 8
mot nghiém ; : - y

~ek=4hoick=0: phu'ﬂngtﬂnhcéhamghlem, _
'0<k <4: phucngu-lnhcébangh1¢m

129 a)y 28 —(m+4)x —4x+m :
o ¢¢(x —1)m+y 53 +4x +4x 0

D6 thi cha ham $6 (1) luOn luOn dl qua dlém A(x y) v61 mon m khl (x y}
1a nghlgm cha hé phlfo‘ng t.rlnh
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i

y x +4x +4x O : ﬁ_

I Yo

SR x=1, y=r7 PPV, S
{_.--Giiuh!}, ta duqc.haa ngb;«@m[ TR |

ﬁ’:@!"hﬁl*}"’l‘-\ i i Wy :-'3-":‘ CE

[N TR

E Vay dd thi cﬁa hém sd IuOn lubn di qua ha: diém (1 : -7) va (—1 -~1)
" b)y'=8x2 -2(m+4)x 4 el e

A'=(m +4)% +12;

Vi A' > 0 véi moi mnén y' = 0 luOn luon 06 hai nghzem phan biét (va d6i

d#fu khi qua hai nghism d6). Tx d6 suy ra.d6.thi cﬁa (1), luOn uén c6 cyctri.:
¢) Hoc sinh ty gidi.

. d)VOIm 0t306 y= x .....4x __4x . N } |

| tc 12

1.30.

(C) cét truc Ox tai x = -3 vax= 3

Dudng thirig y = kx 88 ¢ht (C) tai ba diém phan biét n€u phuong trinh
sau cé ba nghiém phan bxet '

_ x - 4x2 4x = kx ”
hay phuong t.rlnh PaEy T vy +k) 0 cd ha“i nghiém phan biat khdc 0,

;

A-=k+3>o " -8<k<-4 .
k-4 id < k< oo
2) Hot sinh"tdg'iii' o
4 | | v
b)"__z" ‘E‘OQ x‘f-&x —9 0

.=-3

ﬁ(x +1)(,x —9) O@L s

Ta c6 y'= x® — 4z
Phuong trinh tiép tuye'n cha (C) tai dlém c6 ho&nh do % = :3vag = ——3

_ lﬁn lugt lh

o y—,y(3)(x—3) vﬁ_ y=y-'(—3).(x+_3)
hay  ¥=15(x-3) vAy=-15(x+3).



- ¢_)_._f-i-:-.-’-°-——-z':'=2--=k 2x ot gmk
@ 3 i
T de, o o
- 9 g -h-_a. o
k--—z- (C) vi (P) cé miot dlém chung lh 0 -=1].

4 .

. , Sy
k> -%  (C) va (P) c6 _hai_ giao di§m.
k < —-3—: (Cz vh (’P) khong cﬁ;_nhaﬁ.-
N 131 ﬁ.) y —'¥4 + mxz —m-5;
y' = 425 + 2mx = 2x(2x +m) ‘ |
(Cm) ¢6 ba diém cyce tri kln y'=0céba nghxem phan biet, tic: lh :
9x(2x% + m) = 0¢6 ba nghnem phén b1¢t
, @ 2x +m=0 céhalngh1¢mphanb1¢tkhﬁc0am<0
b) Duémg (C_g) cé phuong tiinh & y = x - 2x -3;
y'= 4x - 4x

Tiép tuyén ciia (C.p) song song v6i dudmg thing. y=24x~1 vi di. qua
dlém trén dé th; c6 hoanh d¢ thod mﬁn 4:® -4x =24

o x? -x~ 8= 0 & (x- 2)(:: +2x+3) Oesx=2.
Vay phuong trinh clia uép tuye'n phiu timla y- ¥(2) = 24(x - 2)

L ey =24x ~ _43
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diwpanenwngl - o T

S oy
.3%»)““4;; +2,y' —12:: +1>& Vxe,n s T (c)
Bé.ng bién thien - . R Y
£ | —oo .' . 0 . - oo 3
] - + o " - + " B E
: = | -
""_”M Fo0 1 X
D6 thi nhu'tren Hinh9

b) Gid sir né’p didm cén 6m c6 tog 4o (xo yo) o

thl f'(xp).= 12x% +1=13 (V1 ti€p tuyén song
| songvdiduﬁngthﬁng(d) y =13x +1). Tix d6 -
tacdxg =21, - . . Hinh 9

' ;Vay c6 hai ti€p tuyén phét tim la y= 13x + 8. B

OViy =122 +m nén : o

e Véi m20tacody >0(kh1m O y éOtalx-' 0). Vayh&mso'(l) '
luon luén déng bién khim 2 0.

“Véim <Oty =0 e x-iJm -
Ttrdéshyra o

y>0v61—oo<x< 1’12 VAJ <x<+oo
‘ o : y<0v(n 12 ¢x<1’12 o

vay ham sd(l)dﬁng bign tren céc kﬁoéng[ ; h’;‘) [J“l'" ] .'
o véngh;chble'ntrenkhoing[ 1} o ,f J
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1 33 Him s& y s mxz B xﬁd d;nhva cé dao h e

_ -!__ CE L e s? +2mx=x(3x+2m) | -
pé ham s6 co.cye. dsu cyc tiéa thi. phucmg trirh y =0 p’hﬁ’ﬁo hai nghlern '

phanblet .
- o . " "}Rr
o "“?1-=0-:'x2"-,~""_-g§1¢'0. | Vo

Mudn vay phai c6 m * 0.
- b)Tacs lim («% +max —3)=+m vayw)_-a-:o

;:-Hoe
Vay véi mqn m, phu'ong trinh 2% + mx2’~3=0 Iuén luon c6 nghiem dlrcmg

¢) Phuong trinh'f(x) = x° + mx® ~3 = 0 6 duy nhet mot nghiém khi v "
chi khi cye dal VA cuc tidu cla hhm 56 Y= ftx) chng dafu tfrc lh _

ror(-2)50.

.3 : A , ;",' .' e .I.....}I.r .
= (_3)[" 8?7 * ﬂ&' - 3] >0 3"'*3 -12m® + 81> 0

G
S R

ﬁ4m <81 haym<3d_ (m#O)

1.34.a)y=—(' +5m)x +6m +6x-5

L L
Dol Lo o

= a(m +5m) x? +12mx+6
Ham s6 don diéu trén R khi v chi khl y khong d6i. dim

Ta xét cfic trudmg hop :
o m? +5m=0 ﬁ.[m.zo'
o _ {m.= =B,

-~ Véim=0th y =6 nén ham 36 luén ddng ble'n
-V(nm-—Sthiy --60x+6 a&dsukhmdlqua-.-._' B

-Vé‘nm +5m#0 Khldoy khOngddldiune’u
| | "'-ssm +1a(m +5m)so |

- ¢$3m +5m50¢¢-—-§-5m50
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R -vaynva diéu iuen “sem ».sfu»tmm so%déns i e R o
'b) Néu ham s6 dat cu‘e dm tm 2= 1 ﬂﬂ 'Jf‘(l) =0.Khid6:

m l

‘(1)==—3m -—3m+6 Ow[
m—~2

Matkhéc y"-—~6(m +5m)x+12m ' L .
«Véim=1th y" = -86x + 12. I(h: d6 y"(l) = —24 <0, hhm s6 dat cu'c

'daltalx—l . i
o Véim=~ 2 thi = 36x - 24, Khi dé y"(l) 12 >0, hhm $6 dat- cl,rc '
tidutaix=1. :

Vay véim = 1 thi h&m 56 dq.t cuc dgu taix = i.

(a 1):x:
3

1.35a)Tacé y= + ax® +(3a 2)x

y—(a l)x +2ax+3a 2

CeVéia=1, " =2x+1d61d§ukh1xd1qua -5 Ham sdkhongluon

- luon dbng bién. .
OVGIG# 1 thlvdlmquxmataldé y 2 0

. |a- 1>0 L

3 : ﬁa22
ﬂ'*-za +5a 2<0

(y —00hitgux==-2 khi @ = 2)

- Vay v6i a 2 2 ham s§ luon luon dﬁng bién.
b) D4 thi cét truc hoanh tai ba diém phan blet khi. vé. chi khx pl'nrcmg trinh
y=0c6ba nghlem phén biét. Ta cé '

r y 0«: x[(a 31):: +ax+3a 2]

f¢=>a:[(a l)x +3ax+9a 6] - 0. . | .,'



T y= 0 c6 ba. ngmém phish g ki vtcbilslu phwng trlnh
, (a-—l)s2 +3ax+9a 6= 0 -'_fi-'-"f"#’_-’-‘- SR
c6 ha1 nghlgmm biet khéc 0. Mu6n vay, ta phil Icﬁ .
r_i,_r'__'__a 120 _
LA =902 - 4(a - 1)(9a - e) >0
9a-620.

.Glii he tren, ta dwge : _ E '
10~ 428 2. 2 o 10+428
g < —9 !

a<§I3<a<1 1_a<
o - 3 a2
) Khi =§thiy=1-+%+§-’-‘-.

2 6 2

Y=0& 22 +6x46=0
o|®=7t
xl=—5.

—.°? | . =5 -1" . 400 Hink 10

D4 thi nhu trén Hinh 10.
i E.p?ﬁ . fi _3fi+§£20.
8Tz Ty TN TTE TR
(3" q.2 : S I
-x”  3x". bBx x°  3x
-(—s- > “f] R

8x%  Bx|_
fé'f“-"é'“*'f?z“
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. . nénti‘rdﬁ‘tiliz(C) ta suy rlgay ra B
- dﬁth;mhém 56

3x
s*.z*z

- uhu trén Hinh 11.-
136.&) y = x* -2x ,'

y=

y' = 4% —~4x 4x(x —1)

S x""l_. - Himhll
y'=0e|x=0 : o
x=1,
I R N N R
' - 0 + '0 - 0 +

o y -_+ . / \_1/

D6 thi nhu Hlnh 12, |

b)y - 44° —4m 4x(x2 —m). _ )
Dé (C,,) ti€p. xﬁc véi truc ho&nh tai hat . cy
diém phan biét thi didu kién cén v 40
12 phuong trinh y' = 0 c6 hai nghfiqrn. o
. phén b1¢t khic 0. -
oNe'umSOthi x> -m?.O vdlmolx'.
nén d6 thj khong thé tiép xdc v6i truc
‘Ox tai hai diém phan bi¢t

oNe’um>0thiy =0kh1x 0, x=:|:\/_

"Hinh 12
_f(\/_)f'Oﬁm —~2m +m3-—m =0

| c»m%m 29)=0 ¢ ms= 2(dom>0)
Vaym 213 gi4 tri cn tim

o



ths tﬂnh t:e’p tuye'n tai dném Mg(xo ; yo) 1a

¥y yo-y(xo)(x xg), .

L

K ..,'_ _\:; “\x SR . . 9
trong d6 y'(xo) = - )2 T& Cé
o 302020,
y=- (x -X ) + Vél = .
T -2 2 | 0 yo yo % -2

. Dé auemg thing 46 di qua O(0 ; 0), dido kién cén va di I3 |

. : Xg %2
. 9.‘1?0 5 +3(x0 +21) -0 . g :
(xO—Z) X0~ _ x0+2x0-2=0

ﬁxo =—'1‘.‘|:J_

'oV61x0=—1+J9; tacéphumgtrlnhtléptuye’ny*---(2-1-\/_)

* Vd‘ % =-1-+3,18 _cé phuong trinh ti€p tuyEny = ...E(z ~J3)x.
Céch 2 - |

..,‘

. Phuong, trinh duimg thé.ng di Qua gdc tog do O 06 clgmg y = 'I
bé xdc d;nh toa do tie’p dzém cha hai duﬁng

tagidihe:

Giai phlro‘ng trinh thl’r nhﬂ't ta duqc x= -1 i \F

" Thay vo phuo‘ng trinh thit hau, ta cé .
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T "ﬂihw(zﬁf) kz=--—(2 J@) s
| T"‘M "6 hal Phuong trlnh tle“p tuy&n la e L
y= §(2+~/_)xvay -__—-~—(2 J_lx

R

o c) Dé tim tren (C) céc dléu; cé tqa d¢ nguyen, tacé..
| Lx+1=by 3+——-—-9 .

-2

B Dléuklen.cﬁnVAdudé M(x y)e (0) comcupnguyenm veZ vh -—25 zZ

hay 8:(x-2). Kh1 d6 x- 2nhan céc glﬁ tri :|:1 +3; 19
._hayxnhan céc glé tril;3;-1;5;-7;11.. _
Do d6, ta c6 séu diém trén (C) 6 toa 46 nguyen I3 * R

(1; --6), 3; 12)I (-1;0),(5;6); (=7;2), (115 4).
1 38 a) Ban doc ty gidi,
. b) Tiém can ding 1a dudng thing x= 3
Ti¢m can ngang 12 dudng thﬁng y=1;

- Do d6, giso dlém cis hal dubng ugm o4n 12 I3 ; 1. Thyc hign phép
d6i bien B

.- 'x+a
| f y=Y+1 o
o X+5 . o _X+5- Y
taduch+~1-._X &Y= X Y_-—~.

ViY= f 13 him: sdlénén thhl(C) ciia him sdn&ycé tam d6i xing 1a
gdctoadofcﬁahetoadQIXY B T

¢) Gia st M(xp; yp) € (C). Goi d; lh khoing cdch tr M de’n tr¢m cén |

o dling va d2 1a khoéng céch tl'r M dén t1¢m can ngang. ta cé

|~‘?0 3| dz“l.?o 1] ] 3|
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o Ti‘rgnéﬂu&tsuym |x0—‘3[ ]—‘”—T“‘xaﬁﬁif‘ :

C6 ha1 dlém tho méan ddu bzu, 46 13 hai dlém cé.hog;ﬂt'ﬁo xo =33 \/_

L 39 Ham sd f(x) 3x +15x -8 12 ham. 56 lxen tuc vh 06 dao h&m tren]R

Vi f(0)=-8<0, Fys . 10°S 0 it 18n tad ‘mot sd xgé(b 1) sa0

chof (xg) O tirc 12 phuo‘ng trlnh fx)=0 6 nghi@m

Mat khéc ta c() y'= 15x + 156> 0 Vx e R nen ha.m s¢ dﬁ cho Judn ludn
ddng bién. Vay phuong trinh dé c_hi ¢6 mot nghiém. .

Dép dn_bél tap tréc nghlém

1. Chon(A).

Him s6 dang ndy c6 mot diém cyc dai tai x = 0 va ddng bién tren khoéng
(~oo; ) v6ib < 0. Viy ham 36 déng bifh trén’ khoéng (—e'; 0)

2. 'Chon (D).
- y'= - +4x+2m+1
R
~ra nhiéu nhﬁt tai hai diém, nen am ' s6 nghwh bxe’n trén céc khoang
(—eo;2) vA (2; +o0) khi ms_ﬁ '

| '50(x¢2)¢A"=2m+550(d¢u“ "xiy

3. Chqn (C)'.
Tac6x(0) =2,  yay=at +80%+2>2v6imoi G#0.
Vay ham s6 c6 mot diém cue uéu lax=0. .
4. Chen(B). | |
'V(nmm xﬁOtadéucﬁﬁys 24 04 2 e
x +2 +2

nen hhm sd dat glé tri lé‘n ahat kh1 x= 0 hay max y 2

»® 21 HIIL I JYLIVER



" i ,:'5 i

f"‘z 1) khengnedmhmx « 2 ién phii logi (A, (’m
_ 'Ihay x =3 vao ham 36 trén, ta. dm;lc y(3) = 0, Mat khdc, ham s& thlff hal
chpidtriladkhix=3, do 46 loai (D). vay (©) I khing dinh ddng.

7. Chqm (D)

Vi x? +x+4>0 v6‘1 rn01 x nén phu'ong trinh (x - 3)(x +x+4)= 0

¢hi ¢6 mot nghiém 12 x = 3. Do d6, d6 thi clia ham 56 & cho chi c6 mot |
g:ao dlém v6i tryc hodnh.
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hu'dng L HAM sb LUY THUA ‘
| HAM sé Mo VA Hm ao LOGARIT B

‘§1. Luj thida - |
| A, KIEN THOC CAN NHO
1. . Luy thua -Srdl s8 mi nguyén

. Ld? thira véi s§ mii nguyén duong
.I ChoaeR,ne N*. Khi 46

a” = ga..0.

nthita gb

¢ Lu§ thtra v6i s6 mil nguyén am, luy thira vé'l sd mil 0
Choa # 0.Khi d6 _

a'"=-};;a°=1.“

a

e Lu¢ th&a véi 86 mi nguyén cb céc tfnh cha’t tu‘ong ty tinh cha't cha luy
thixa véi s mit nguyen duong. _

o 00 va o™ khOng ¢6 nghia.
2. Clinblcn .
¢ Cho s6 thuc b va s6 'nguyeh duo‘nﬁ nz2.
- 86 a dugc goi la cin bAc n cﬁasdbh&u a”=b.

Khlnlé be R : Tﬁntalduynha't's'/- |
b<0Q: KhOnthntatcanbacncﬁab:

/b =0:C6mot can Yoo 0 ;
Q/!;>'0.
—(/Eko.

* 5> 0:C6 hai can {
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Khids

Luﬁthtfmvﬂsﬁmu hiut L
Chpsdthu‘ca>0v&sdh&uur=—,trongd6mez ne N n22

T ’m ]
a —a" =’\'!a”' '

Lu9 thira vGI 36' mii vé ti | |
Gia sit ¢ 13 mét 88 duong, alh mot s§ v ti va (rn) 1A rnot dﬁy 36 hﬁu ti

sao cho limz, = a. Khidé
i=pon

Céc tinh chit
Cho hai sdduo‘ng a,b;a feR. Kh1 d6:

_ a -
* g%gf = a®*F; ———a“ﬂ;

o
o (gb)* = a%b?
a_ﬂ'_aal. aﬂ# qﬂ
*['g] w-;’-‘—x-.(a ) a '

* Néua > 1thl o® > of khi va chi khi a> 8.

 *NéuO<a<1thl a® >af Xhivachikhia<f.

B. Vi Dy
o Vidul
Tinh ¢
o 0,75 ~3 o ~ 2
Lt vewroeart
9 2 84 | | (3)"5 T
.~ ¢)87:87 3638 - s B +((0,2)I) :




o -0, 75 - 8
a) [ 1 ) | +@) z(g4) % (2'3) 7 = 23 +2“ =é+16 24,
. b) (0 04)“15 - (0,125)" 3 = (0,2%) 2 (0 53) 3
= (0,23 (0,62 =125 - 4= 121,

“'l"?*.'

22 84 71 10
_ c) 87 87 -3536 =87 -36 =8-9=-1
d)\6 3/ + ((0,2)1) =52 + (0,2)"‘? = 28 + 126 = 150.
oVidu2
{ Cho @, b 12 céc s& duto'ng 'Hay vi&t va riit gon céc biu thic sau dudi
| dang luy thﬂa o
- ' 1
a) a.3 J‘ ) | b) 63 b3 9/'
c) a3 Q/_ . d) Q/_ l:v6 :
_ Gidi
Véia, b 12 cdc 56 duong, ta cé :
1 11 1.1 3
a) anE =(13(12 =aa 2 B.:
1 111 1,11
'b)bzbaﬁf B2 H3H6 =42 8 B mp
4 41 4 |
c)ad: %=a3-:a3 =a% 3 =qa,
11 111
d) Q/' be =53 :58 = b8 8 =8,
® V{du3
Tiih gid trj cia bidu thic : o : _,
a) ¥a.%a v6ia=0,09; b) Vo : &b voib=27;
‘/_ Q/_ mb 13; &) ¥ade¥ab via=27.
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a0 101 1.1 1 1
aw*@';wﬁ 6= W=a.§*-'-_~._(aﬂ;09)a--=*u,a.~
b)J‘ ¥ = b2 be bf'é 53 = =278 = 3
‘F;f— 1. | _bE 8 8=p=18 o
b8 - SRR SR
11 6 .
d)%f‘ﬂ'lf—a‘* % =a=27 |
oVidud
Tinh : - o
| VB 1B gt | 628
a) 43+ 2.21-— 2_.2—4-— 2 : . b) . :
- : : : 2_2,+35.31+35

olggt? _p2fE) g2

| Gidi
) VI gE g aVT _ g2AeeE) gtV gaE
= 9B+2V2H1-V2-4-V2 _ 8 _ g
b gi+vB 23+J' 33+J" |
2+B g1+ 22+J' 31+J‘
o (251+J' 522 ) g-1-2v2 _ (52+2VZ _ 52J‘ ) g1-2vE _
=52¢2J'-1-2( _.52\/'__.1 _2V3 7 g5l =5+’%=?. _

2.8%2 = 18,

e Vidus
Haly so s4nh céc cip s6 sau : L
o) 4B g2 o 2B

e e
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: 14
Vi '1-,4<~/§ va 0036- <1 nén (1) ;>£

L

2

© pale

: SN
d)Tuungtu’ :1:>314va <1nen[) <(——)

a)Tacésdmﬁ —\/_<- 2va00’sd4>1nen 4“/_<4"‘/_
b)mangm,J'é>17 vé.2>1nen2‘r>217 B

o 9
o Vidué g
Cho g, b 12 céc 56 dmmg Riit gon céc b1éu thitc sau
' 9 . 1 9 1 . 3
11 _ L
b b E — .' a4l_a4 b2_b2
)[1 2\/_ a] ( ,bz),_ B
- . G
V6ia, bl cc s6 duong, tacé : . S
1 2 2
a) [1—2\/E bj (az-bz) [1 JF] (Ve - J_)
a a a
| | Ja -5 Y 1
[7— Ve - J') -3
1.8 1 8 1 o
af-af b 22 afl1-a?) b2(1 bz)
b)) %3 1 1
- ¥
at—af b2+b2  at(l-a) b2(b+1)
- _(1-e)1+a) (1-B)1+5) _ -
] - l—a b+ 1 o +b. Sy
eVidu?
Hﬁy $0 sénhcé.c céﬁsd sau : S o
- o ¥ovaleo; RN A
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| _ a) Dua hu c&n dﬁ cho vé cﬁng can bac 15, ta duqc

¥10 = R 31":.108000:
Qfﬁﬁ—l 208 %’ao_bo‘; :

" Do 100000 > 8000 nén ¥10 > Qf_
_b) Tuong tu tacé _ s

261;

2.2.

23.

5=1%(_~°'='1
7-1%’_ #2401

‘Vay 45 < 7.
C.BAITAP
‘Tinh : S TR L |
" a) 92-3V6 gVB ; b) gl+2%2 , o¥2 :
10T B g2
) AT i o leB B
Tinh : | - |
IYF o (19 b2 4l
8) [T’é] +810000°'25-(7—J ; ) (0,001) 3-2'"2.643-8 3,
N o 1 . L
© 278 - (-2 + [ g) .0 D0, 5)‘4 625025 (%J %

Cho a va b 12 cdc s6 duong. Don gién céc bléu thifc sau :

4(_1 E) | o 1 1
sloteat b)'*am.w
| | Q/E-»%F

1(3 1)’ Co
alla? +a 4]

(am%r)(a‘sw-ba—f ) @ “3”’3 (”f_ ﬂ



24, Hay 80 sénh méi sd sau vfn 1:

_a)tz—zz_;l ’ | | b) (0 013)_ l c) C%.T,

o o J“: R0
25 | Hﬁy s0 sénh cﬁc cip s6 sau : e o
h a)'ﬁ’fva Q/%, : | | b) ﬁvé%ﬁ ;

c) [%)Jﬁ va- [%]ﬁ : . | d) 4‘/5\75 4‘[?.

§2. Ham s6 1u7 thira

A. KIEN THOC CAN NHO

1. Binh nghia
Ham s6 y = %, v6i @ e R, duqc gqn 12 ham s8 1u§ thira.

2. Téap xéc dtnh

" Tap xéc dinh cua hams§ y = 2% Ia:
s RV nguyén duong ; .
* R\ {0} v6i @ nguygn &m hodc b&ng 0;

0 {05+ e0) véi o khOng nguyén.
3. Dac hém _
Hamsdy xZ (ae R)cédaohamvmmmx>0va (x“) = ax®1,

" 4, Tinh ch&tcha ham s§ lu§ thira trén kho&ng (0 +ee)

. 1) D6 thi inndlquadlém(l 1). - .
2) Khi & > 0 ham s6 ludn déng bién, khi @< 0 ham s6 ludn nghxch bién. .

3) D6 thi clia hm s6 khéng c6 tiém cén khi o> 0. Khi @< 0, 46 thi cha
ham sd c6 tiém c4n ngang 12 tryc Ox,, tiém can dl.’mg 1a tryc Oy.
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5. D8 'thi cta bam s luy rhua' -
| trén khoéng (0 ; +0) R

ung vdi cée glé tn khic nhau DR | §
: cuacx(H13) e
Hinh13
B.viDy
. Wﬂu-l
Tim tap xéc dinh ciia cic hdm s6 sau: N ' .
a)y=3(x—1)“3; : o _ b) y=Yx? -3x -4,
Gizii | |
3 xkc dinh Khi (x - 1)s %0 hayx#1

a) Ham s& y=3(x-1" 3=

(x 1)
Vay tap x4c dinh clahdm s¢ 1A D = ]R\ {1}.

b)y-—@x -3x - 4xécdmhkl‘ux ~3x-420& XS - 1hoacxz4
ng tap x4c dinh clia hAm s6 12 D = (- e -1]u_[4 1400),

sVidu2
Tinh dao h&m clha cﬁc ham s& sau :

' 1. | 5
.g) y:.\l4x ;-.3:;—1 ; b) y= (2% +x - ng ; c)y,:(xz-3;+2) .
. Gidi’i" . —

. s 1
. a) Ta ch y = (4x 3x 1)2- nén _
_ L -
y =—~(4x —-3x 1) Z(4x% ~3x - 1) = 8x -3
2\/43: ~3x - 1
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S wyeglPesed ey
| <)y =\/_(x —3x+2) (2x 3). Lr
) (7 5 D 4
Khéo séit su blé'n iél ‘\&_iré dé thi cﬁa céc ham s6 sau :
a)y ::c"‘l : | - - b)) y=2x2,
Gidi
a1 :
8 y=x" = =
T&p xéc dJ,nh D= ]R \ {0} Ham s¢ 43 cho 12 ham 56 chin vl y(-x) = y(x).
- 4
L
¥ 5

Béng b1e'n thién

X |-po 0 . - 4o

-lim y=limy=+4w, lim y= lim y=0.
2007 xm0t - Repeco X—pdoo

D6 thi c6 tiém c4n ding li truc tung, ttem cAn ngang 12 tryc hoanh.

— -"‘+o§+=9 —
g -o/' \0

¢ D6 thi (H. 14) nhin tryuc tung I
true d6i xdéng.

Hinh 1’4
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| Tgp xéc dmh chia ham s6 y = xE lh D (0 +°°) |

oy =--x§ > 0] Vi bneﬁham scEluOn dﬁngble’n

~ lim y 0, lim: y=+°P LS S
xa0" X~y+oo P 1 XX
DG thi khOng c6 tiém can '
_Béng bién th:Qn
X 0 o0
YA IR .
.. : ":.. Lo $o6
¢ D4 thi (HL1S), o Hinnis
OVl’du4 '
Hay v& d6 thi cia méi cap ham sd sau tren Cl‘mgmoth#tmctoa a0 :
a) y = «* v&ysx‘.“' P by y= x_viyux
e
)°XéthAmsdy =% tacs I
Tapxécdmh R. : Sy
. y = 41 . . .
lim y = lim y = +4eo,
X—p—oo X =400
Béng bi¢n thién :
x —be 0  gée
y' ) . - - 0 .'+ ' '

5



e Xétham s6 y = x4, tach -
© Tapxdc dinh: (0 +=).

L8
y=g% 45920 V2> 0. |
i mase
— Bang bién thién
x |0 _' +o0
LA S+
S S — |
* D6 thi cia hai ham s§ y=2¢, : L

1 . . HinklI6
y=x4 c6 dang nhu Hinh 16. - '
 b).* Xét ham 6y =abl
Tap xdc dmh R. Ham s6 dé cho 13 hhm s6 8.
=524, o
Tacé y' 20, Vx € R nén ham sé luon déng bién,

lim y = =0, lim y = 4oo
Xt X ey feim

Bing bién thien
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. hE X6t him 35 y = x . Y . Sy zi’s ﬁ_'r-'l:
'Tapxicﬂinh D R\{O} Hamsddacholahamsdlé

O

.y -—-,—5:\:

y<0 VxeDn&nb&nsdluOnngluchb:fnu';ncﬁckhoéng(-« 0),(0 +.a)
' L y= lm y=0, lim y = o, hmy=+°°

_ x—’-ﬂ . X—dtoa x=0" _ PN
D6 thi c6 tiém can hgang 1
tryc hodnh, tiém e4n dimg 1a
© trye tung, | |
Bing bién thién

‘_yll,-' N 3

—00 : 0 +o00

°D6th:c1’1ahalh91nsd
y=x"vd yex5c6 dang &

Hinh 17, C& hai 46 thi nhy déu- Hinh17
¢6 tam d6i xing 13 géc toa do.

o Vidys5 . -
.Tir céc 46 thi & cau b) cha Vi du 4, hdy v& 46 thi clia céc ham s6 sau :
a) y = o ; | B by= 5]

a)Tacé o | S

s ."'x5, néu x = 0
- {-x°, néux<0.
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Do aa aa th; cﬁa y= shP ey y= s
__—-Hlﬁnddthlcuahaxnsd . o

. 'y=x5 gvéix20. - - 1 "

| '—Phénddixmgquatn;cho&lﬁ e I
cﬁaaa&ummdy Oowmg i
véi £<0. N -
Vay 86 thi cigham s6 y =l x - By
c6 dang nhut & Hinh 18. -
b)Tacé ' !

~
ALY
ny

gl Sl ¥ nux>0 o Hmkis
T |- nfux <o,

Do d6, d6 thi cia y = x5
cing gém :
—Phﬁnddth;cﬁahhmsd
y= x5 ﬁ'ngvmx>0.

- Phﬁn d46i ximg qua fryc N : , .
hoanh cha 46 thi hh.m 88 "-""?‘“‘-‘-:‘1'{-';*' 1 x
y= xsﬂnsvmxdl o I e el

Vay d6 thi chia bam s6 y = P
c6 dang nhu & Hinh 19, o

| Hinh 19
| C.BAITAP
_ 2.6. - Tim thp xﬁc dJ,nh ciia cfic hAm s6 sau :

) y= (o2 —4x+3)'2._ - By= x® -—8)3;
| LA .
) y=(x -—3x 204 d)y (x +x~8) 3,

rF I e



2. T{nhdaohimcﬁacécmmsdchobh&ltgpu
2. 8. Khéosit sn,t ble‘n tluen va vé dﬁlh;cua chc hhm s6 sau

a) ¥ = x ; - b) y:x‘g - c) y=x4

29 VE d4 thi cuahai ham sd sau tfén cﬁng mQt he tmc toa do
3 Camdwgert

210 Véddtl'qcﬁacéc ham 56 y = x2 Vi y= x2 uencungmmhe tructogdo
| Haysosénhglﬁtr;cuacéchamso'dékhax o 05’ 1,2,2 3:4.
- 2.11. Hay viét céc s6 sau theo thlft ty ting dﬁn '
. . . N ' 1 n
00" 0%, 095, 09 bV, Lo, [75} ey

2 2 2 2

R S N S
952 59 6% (17 08 ey a1 ().

§3. logart -
. | A KIEN THOC cAn NH &
1 blﬁh nghla - | .

. Cho hai s6 duong a, b véi o # 1. Sdocthoimindﬁngthac a® «-b dugc
- 80i 12 10garit co sd a cha b v ki hidi lalog, b. :

. | -_log,,b-ﬁa =b,

2. Céctinh chit -

logyl= O logaa=1
alo8ab =b, loga(a") a.

"‘3. Céc quy t&c tinh

| . OVd’ncécsdenga b, b2 vaaatl tacé



logg 6511?53'=-'1°éa'bf'+'_i1bsa% SRR

logagzl2 log, by '—iogabés- et N
°Vdncécsdduunga bvaaatl acR.,ne N tach” -
log, y=-loggb; . logg b“' = logad ;. 1oga'\‘/5 = —1%

-Véucécsdduanga b, cvaaal c#l tacé
(b #1); log ab -——logab(a:& 0).

-_'C"E'_ loggb = =

4. Lbgarit thgp phan, Ibgarlt t|,r nhlén | |
logyox = 1gx hoac logyg % = log:c ; lo_ge %=lnx.

‘B.viDy

~eVidul
| Tinh

a) g°o8e? ; | - 0 logglogy ;

c)210g16--;-'1631400+31031§/ZE.
3 .23 %

. a) 35103‘32 = 310332 = 25 - 32
b) 1033 1032 8 = logy 1032 2 = 10333 =1.

<) 2log1 6 -—1081 400 + 31081 r =0

3 3 3 ,
1 ' 3
—10816 —logl 40 02 lgl(%) .
3 8 3
=logy 36 - logl 20+logl 45
3 3 3
= 1081 362.35 = log_l Bl = -‘].033 34 = —4
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CRE TR T L LV I

Wi dnz _ -
. Gho a v& b la cé.c sO’ dlro‘ng Tim x; ble’t

- Chologlz 18=a, log24 B4 = b, Chl.’mg minh ring ab + B(a b) 1

: a) log3x = 4logsq + 7-10336 b) 1032 %= -—log2 a+— log2 b.
EE . 8§ 3. . 3

i | Gidi
Véu a Vi b 13 béc sd duong, ta c6

a) 1033 x= 41033 a+T7 log3 =logg ot + loga b7 = logg (a"‘b7 );

Viy x = a4b7
: 1. 4 _ -1 4 ( 1 i)
b) logg x = 7logy a+ -7log2 b =loggat +logy b7 =loggladb?/.
3 3 - 3 3 3 8
14 '
Vay x=a4b’,
o Vidu3 .
Cho 10g25 a. Hﬁy tinh logy 1250 theo a.
| _ - Gidil _
' Ta 96 ‘ log.41250 - log 2 (2.5%) ='-%'logz(2.ﬁl4)_ ' I

= %(103'2 2+ logy 5%) = %(1_ +4logy 5) .
Vay . log41250 = 2(1+ 4a).

0V£du4

Gidi - N
logy18 _ 1+2logy3

-Tac6 -—1031218*1g 12 2+1ogy,3
wyrmo lgesgSL O
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o ..(Hlén shitn 2-a %0 W 1og121s <1031212 '~2}

logy 54 = b+ 310323

_ T“fmg.tl.‘-l' o ' b=1032454 logg 24 3+10523
o 3b-1 K
Suy ra | log23-—m,' ' (2)
" (Hién nhlénbta v logsq54 < Togg, 24° —-3)
Ti'r(l)va(z)tacé 2“ 1_8-1
T 83-b
hay - B0 -2ab-3+b= Gb 3ab 2+a
Vay ab+5(a-b)=1.
sVidus

ChOlogax D, logbx q, 10ggpex =T Hay tfnh log, x theop, g, 1.

Gidi
T dé bdisuyra  log,abc = % E

hay . log,a+log,b+log,c =% S
» - 1 11 1

Doté - ogc=q-logo-legb= L og g

- BRI

e O ¥

| r P q

oVidué
| Hay so sénh : | | _

| a).l—;—'-t-' log_3'vdi_10319 —.lbg2 ;0 b) -10g5+J— 1085"'2108‘/_

o Gidi - !

. E:l)"'_l"i_l'.(:(_f' ' a= %-!-'lcll_g"S =_—%_19§10_+ 10g3;10g3\/1_Q

BAI TAP GIA) TICH 12 # 88




men, 3J— 10%.
R '_ﬂ-10g19-log2 log-?--nen?__mﬂ

L .Ta 50 sénh hai 86 - 3J_0- va -2---.-

-Tacé' (3\/—.) -910 90...?.@9
- [12) . §6_1_
. : 2/ 4
nén - 3410 <

Suyra10“<10ﬁ o -
Theo t(nh chﬁt cﬁa 1u§ thira v6i s6 mil thye, co s6 16nhon 1, ta c6 o< ﬂ

| vVay 3 - log3 < log 19 log2.
S | 1
D Tacs 1.__1035,”0;@ (o7 - o

Dt @ =logV5yT thi JsJ' =107,
5+47 5+~/_

bt ﬂ = log 3 Flﬁ 10!.9_'

So sénh hai 56 VBV v2 55+2_~/_’

tacé - ﬁz =',5J77"

L [5{2-«,«/?}2.:'325.4-41"0\/? =.8+%ﬁ."
Xéthiga -8““%_‘-/?_';5‘/"7_ -5 871087 BB NITS |
I...nenl_.' - 8+—5§ﬁ>5ﬁ s

sy BLGR

Tud'éioﬁ:'-'w“ L o

Vay § >a, tic 1a log: 5 +2f 1085-+210gﬁ |
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R C.BAITAP s

2.12. Tinh |
: (1)"2"1033
a) o
C) 2.10327'1031000 ;

2.13. Tinh

a) %1037 36 - lognr 14 — 31087 ¥21 ;

logg 4 + logs J10
logy 20 + 3logz 2 - -

2 14. Tim x, biét :

c)

- @) loggx = 2logga - 310g5b

_'-b) 103 o83 ;

d) 31082 1034 16 + 1081 2.
2.

; .
- logo 24 ~ =logg 72
b) 2 ;

log 18 —%logé 73

b) log, = %log 1Q —'-'1-log1 b.
2 2 2

215, a)Choa = loga 15, b= logs 10. Hiy tinh 103(50 theoa va b.

b) Cho a = 10g23 b =logyb, ¢ =logy2. Hﬁy tinh log14063 theo g, b, c.

2.16. Hiy so sénh mbi cip s6 sau :

'a_) logsgvé. 1033% ; |

B c) fog, év_é. logy 7 ;

217, Ching mizh rihg :

'b) log, 9va logy 17 ;

3 ]

V6, V3

d) 10g2—2~vﬁ lqgg 5

a) log, az log% az. loga a4 logan ) a, = = log,, an

1 1 1
b-) Tog,5 ' Tog 25 ' Tog 55 *

84
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~Nam s& mil | .
.‘ _.» Ham s6 y':a" (a'> 0,a#1) duo'c goi la hamsd mi co s6 "a._' '

» Haim s6 y = a* c6 dao ham ta1 moi x va (a”) = a"lna

| Dac blet, (e") = g*

* Céic tfnh chét :
a) Tap xéc dinh cha ham s6 mil ]AR.
b) Khi ¢ > 1 him s& mi Tuén ddng'b{efn. |
'Khi 0 < a <1 ham s6 mil luon nghich bién.
¢) D4 thj cha ham s6 mi ¢6 tigm'ca-n ngang 1 irl,ic Ox va ludn di qua céc
di€m (0 ; 1), (1 ; a) v2 ndm phfa trén truc hoanh.'
Ham s& 18garit |
*Hims6 y=logyx (@>0,0 # 1) duge goi 1& ham s6 IOgarxt co sd a.

. Ham s§ 1ogarit c6 dgo ham ta1 moi x dirong va

'(IOE" x) = zlna "

Dic biét, (Inx) = -:1;
. Cﬁc tfnh chét : _
2) Tap xéc dinh ciia ham s6 10garit 1 (0 ; +vo).
b) Khi @ > 1 : ham s& 10garit [uon déng bién.
Khi 0 < a< 1 : ham s 10garit luon nghich bién.
¢) D6 thi clia  ham s6 1ogarit 6 tiém can dimg 1 truc Oy. vh luon di qua

cic dlém (1 0), (a 1) va n&m phia bén phéx truc tung
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. VI a‘u 1 : . e
: Véddthxcuacéchémsdsau o B .
| y=047; by= (2,5)" P 9 y=-04%; Dym@. |

Gidl
a) Him 50 y (0 4)" 12 ham s6 mi v6i co s6 nhé hon 1 nén Tuén ngh;ch
bign. D4 thi trén Hinh 20.. : .

b) Ham s6 y = (2, 5)" 12 ham s¢ mi vdl co s6 16n hon 1 nén luén déng
bién. D4 thi trén Hinh 21. .

c) Him s6 y= ~(0,4)" cé d6 - thi d61 xﬂ'ng vdu dd th; cia ham sé
= (0,4)* qua tryc hoanh (H.22). : :

it o i

mahzo w2
. d)Tacé o R |
' - (2_5)1_,4 @ 5)* néux 20
B (2 5)"" né'ux < 0
VI (2,5)7° __.(2_13] (0 4)” nén dG thi cﬁa ham s6 ¥ = (2, 5)‘“’t BGm

86 : L _1 .



. -—Phandéth;cﬁahamsdy-(zs)x ﬁmgvmxao
. -Phﬁnééth;cuahémsdy (04" ﬂngvé‘lx<0
Vay dG th; cha y (2 5)"’} cé dangnhublﬁnh 23

Hmh22 Hinh23 -

» chay o
Ham 8§ y = (2,6)* 1a ham sd chén; vl
%) = (2,8 = @5 = ().

Do d6, ¢4 th} clia ham s& nay nhan truc tung Ia truc 46| k_ﬂ'ng.

o Vidu?2 —
~ Céc hinh 24 va 25 12 d6 thi clia bén ham s6

ey Ly
=2, y=(F] v = (3
Vo RS TG
Hay chi ra 46 thi tuong ting v6i mai ham s6 va gidi thich.

87



Hinh 24 . Hmh2s

- Gidi |
* Ta c6 (Cy), (Cy) dilén tir trdi sang phéi nén 1a 46 thi clia cdc him s6

" 46ng bien y=(v2)", y=5% Mat khéc, khix > 0 thi (v2)" <5%, khiz <0
thi (V2)* >5% vay €) I d6 thj cha ham 5§ y = =5, (02) 1 dG thi cia

ham 86 y = (v2)" . |
* Tac6 (Cy), (Cy) di xubng tir wéi sang phél aén 12 dG thi clia cdc ham s6

1.\ 1V 1Y 1Y
nghich bi¢a y = | == , =(~—) .Noaira,khj >0thi{ ) >[——) ,
o ¥ [Jﬁ] Y=\ g_:. ¥ J2 4

kh1x<0thi[T)x [ )x . |

Vay (C3) 1ad6 thi cliahdm s6 y = (713] ‘, (Cy) 12 d6thi chahdm s6 y = [.}1.) _

s Vidu3
- Tim gié tri 16n nhét, gid trj nhd nhﬁt clia hhm sd y= 2" trén doan [-1 ; 2]

 Gidi

~ Tach y=2"12a ham s6 mil véi co s6 1én hon 1 nén luon déng bién.



'Dodé glﬂtr;iénnhﬁtcﬁaytrendoan[—l 2]15 n}ax]ysy@) 22 4' |

_Elﬁﬂ'irﬂ!énhdtcﬁaytxendogn[vl Z}Litmm]y ‘y(—~1) ot --12: ;
. Viﬂlhf .
| im tap x4c dmh clia céc ham 56 sau : o .
a) y = logg (x - 2x) ; - b) y= 1030,2'(44x2) ;"
D 2 |
cl)ywlog-ﬁ&—x" . d)y-log4x 3
Gidi

a) Him s6 y= log3(:c2 +32x) xdc .dinh khi x? +2% >0 hay x < -2
hoécx > 0. : .

Vay tap x4c dinh cua ham sd 12 D= (—w ~2)u(0; +oo)

b) Ham s y = logq g (4 - x*) xfc dinh khi 4 - £2.> 0 hay -2 <% <2.
Vay tap x4c dinh cla ham 56 laD=(-2;2).

. 1 . ) B i 1 I. - . I
Ic) Ham s§ y= lggﬁa—_—a-c- xéc dinh khi Y >0 hay x < 3. Vay tap xéc
dinh cbd ham s6 12 (~e= ; 8). o -
e e o250 (220
d) Ham s6 y_—_m Xﬁc ﬂlﬂh khl_{log-4x=e3 ha {xa_t_64.

Vay tap xéc dinh clia ham s6 a D= ('0,.; 84) U (64 ; -i-l_ae).

. Vl‘ du s :
A d6 thi cﬁa cée ham s8 sau

a) y logx ; . b) y= =[logxl; ©) y=2Inx; d)y=Ina?.

, Gidi

a) Ta cé y’ = logx lé ham s6 lOgant ¢ co s6 16:1 hon 1 nen luén déng
ble'n Do thi Hinh 26.
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logx; khidogx20 -

b y = flog ]
)y Ing‘ {logx,lﬂulogxto

Do d6; 46 thij ciia libm 86 y = log 4] gdm.:_-.

—Phﬁndéﬂ;;cﬁlahhmsdy Iogxlmgvé‘llogxao"’. .
'—-Phﬁndﬁix{mgquan'uchoanhcuadﬁtlnhﬂmsdy 10gx&ngv6110gx<0 :

Vay dd thi cé dang nhu & Hinh 27 o

90

Hinh 26 - C Hinh 27

) Ta ¢6 Inx 14 ham 58 IOgarlt v6‘1 cd sd I6n hon 1 nén luon déng bién,
suy ra ham s6 y = 2Inx cling ludn ludn ddhg bien. D4 thi & Hinh 28.

d) Tap xéc dinh ciaham s6 y = Inz? 1 D'=.R\{0}.

2Inx,: khl x> Q

2In(~x). kh1 x <0,

Do d6, 46 thi clia ham s6 y = Inx® gbm :

Tacéy-lnx —{

~ — Phén 46 thj cka hdm s_d y = 2lnx ing véix > 0. |

— Phdn d6i xdng qua trye tung cha 46 thi 46.
‘Vay @6 thi c6 dang nhu § Hinh 29, o

T e

B

RY

at

Hinh 28 o SR Hinh29



. Tinh tdng

| Cho f(x) =

f e )

: - Gidi
" Ta c6 nhan xét : Néu a * b=1thi
S VLI 4“(4b-+2)+-4b(4“-+2)
flay+ fB) = ——s o — == o
- ‘ +2 4%+2 (e +2)g?+2)
4“¢+24“ +4°° 424° 24%+24%48
| 4976 124% 4245 ¢4 24%+24%+8
Ap dung nhan xét 46, ta dugc

s [f (s * 1 [ggggﬂ"[f(mzoﬁ]+ f[gggg)]++ |

-] TP

1002 s8 hang
C. BAI TAP
2.18. Hay so s&hh rriﬁi-so'lsau véi1l: _ -
w0 bEs™
0 w2 o d) (JEJ B

.2 19. Tim toa do giao dlém clia d6 thi cia méi cp ham s6 sau :

’

'cnln-t _

a)y=2"vay 8; _ b)y B“VE

* »

o 1-?;- __'1 R a (1Jx
..c).yr—(z)_vhy-ig., - d)y 3 vhy 9.



e 220,

221,

S dung t:[nh chit d&ng blén, ng}qch b:e’n cﬁa hém sd mﬁ hay s0. sénh m61

" cap s6 sau : _ o

H AP val; - 'b)(os)ﬂvu,._ |
0 32 v 32N ; - Cd)©,278 va7?;

W2y e

o (3) a(3) oo pEvaeT

Tt d6 thi cﬁaham_sd-y;sx,- hy v& 86 thj clia cdc ham s6& sau ;
a) y= 3% ~2; o | - b) y.-;3x+2;
c),y-—~|3l"—-2|; o d) y=2-3%.

222
2,23,

2.24.

2.25,

226,

Tim i tri 16n nhat, gi4 trj nho nht ol ham 6 y = 2% trén doan (-1, 11.
Cho biét chu ki bén rd clia mot chit phéng Xa 1a 24 gity (1 ngay dem) Hoi o
250 gam cht 46 s& con lai bao nhiéu sau : =
a) 1,5 ngay dém ? , ' . b) 3,5 ngdy dém ?
Mot khu rimg c6 trit luqng gb 4 108 mét kh61 Biét 16c 40 sinh r.ruémg clia

c4c cay & khu rimg d6 12 4% mdi nﬁm H61 sau S nam khu rh:ng 46 s& cb bao
nhiu mét khéi gs? ' 3

Tim tap X4c dmh cua cdc ham so' sau; .

a) y= log_g(x -3x—-4); ) b} y=log Jg(-;z +5x+6)
) .9 - -~ x-4 |
) ynlog‘” x+5 . d) ‘fy_'lo-g%.,x+4 ’
'ﬂy—h&@-ﬂ).7 | o yy—hs@xl 9).

Tinh dao ham ciia céc ham s6 cho & bm tap 2.25.

2.27.

Tix d6 thi clia ham s6 y = log, x, hiy vé d6 thij clia céc ham s6 sau :

@) y=flogeds S wyzbaw

2.28..

92 |

c)y—log4x+2 o d) y= 1—1_og4x
Céc hinh 30 va 31 1a d6 thi cha bén ham s&

wlogJ—x y—loglx, _ I-log‘[-x y—.loglx _
. a . 3. B !



o _."-Hiychuédéthxtudngﬁngvmnﬁllwusc(vhglélthfch.

Ry

Hinh 30
.29 Hdy so sénh x V61 1, b1e’t rang L
‘a) loggx =-0,3 ; b) logy x =1,7 s
_ S S o
c) loggx = 1,3 ; - - d) logy x =11,

4

§5. Phyong trinh mn va phuong trinh IOgarli
A KIEN n-u‘:c cXN NHO

| -’ PHUONG TRINH MO -
1. Phuang trinh mG co bén
a*=b (a>0 a#l)

: Néu b < 0, phuong trinh vO nghig¢m. -
Néu b >0, phucmg trinh ¢6 nghiém duy nhdt x= l_oga b.

- 2. Phuong trinh mii don gian

a) Phuong trinh c6 thé dua vé phuong trinh mil co bé.n bing cich é.p dung
cic phucmg phép : '
. Dua vé cling mot co 56 ;
e » Pat. &n phu; _ '
. Lafy IOgant hai vé (IOgant hoé)

9



) P’htwng tﬁnh cé thé giéi b&mg phumg phép a6 tlu‘ . R
c) Phu‘ong trlnh c6 thé g1a1 b&ng c4ch ép dung tinh chat cﬁa ham 56 mii

i '-:u - PHUONG TRINH LOGARIT : -
' 1. | .Phu'dng trinh’ Ibgarlt co ban
| L legaz=b(a>0,a% 1)

Phuong trinh légarlt co ban luon ¢6 nghiém duy nhét -

i . x ab

!

2. Phuong trlnh Ibgarlt don glén

a) Phuong trinh c6 thé dua vé phuong trinh logant co ban bing céch ép
dung céc phuong phép :

"+ Dua vé cling mot co 56 ;
* Dt 4n phy ; |
+ Ml hoé hai v&.
b) Phuo‘ng trinh c6 thé giai bing phucmg phép ds tln '

S i .
(s i )

B. vrpu
.. 'oIVidl,JI |
| Gia céc phudng trinh sau :
g yetl SR | |
a0 5)5"‘7 (3] k o b) 7""'1 2" ;
c) %% -393"+2“—‘0§: o d)_e_?x%4e-2rl;3.-

a) Ta c6 % = [—g—j = (1, 5)'1 nén phuong trinh di cho c6 dang -~
| L5 = (15 )“"1 o

- Vay 5x - 7-—:u~1 hayx"l

%4



b) thmg dﬁ eho mmag dmmg v6‘1

R "‘ i .'

; 2
Bay iy phlwng trinh o bﬁn Vay nghlem cﬁﬂﬁhﬂ(ﬂm trinh li

1037 7.
: 2

o) Patt=e (¢> 0), phong trinh as. cho tré thanh
| . -3t+2=0.
- Tirdo, tacd hal nghlem =1ty =2.

Vay e 3 =3 hoac e 3% - 9 nén x =0 hoic x ='Eli—1n2. -
d) }jﬂ;.t t = e (¢>0),tach phumig trinh |

| s-%=3 hay £% -8t -4 = 0.

Phu'o‘ng trinh nay chi cé mét nghlem duo‘ng t = 4, suy ra g% == 4.
-Vay x = —1n4 hay x = 1112 |

Dm khi, ngu&n £a codn glil phurmg trinh mi bﬁng phuang phép d6 thi.

e Vidy2 :
Gidi céc phuong trinh sau b&ng phtmng phép dd tln
1 | K
TS TR b)(g]-=—;-

. Gidl .
a) V& 46 thi ham s& y (_.) vh-dub‘n‘g-thing y= x'—% trén cing mt he

tryc toa d¢- Oxy (H 32), ta they chﬁng ¢t nhau ‘tai dim c6 hodnh 46 x = 1.
Thl?r lai, ta tha'y gié. tri nay thoé maén phucmg trinh d& cho. Mat khéc, |

y = [ J ia ham sd nghich bién, y= x-— lﬁ ham so' ddng bién nén
' phucmg trinh di cho cé nghlém duy nha’t x=1 '
S 95



96

‘Hink 32 © .. Hink33

b) V& d6 thi cdc ham s6 y = [%] VA y = ——é trén clng mot hé tryc toa

46 Oxy (H.33), ta thdy ching cét phau tai diém ¢6 hoanh do x=-1. Thit

1@1 ta thﬁy gné tri ndy thod m#n phuong trinh da cho. Mat khdc, ham s6 -
X
y=-= luOn dGng ble‘n trén moi khoéng xéc d;nh ham sO y [%J ludn

ngh;ch bi&n nen phuong trinh di cho ¢6 nghiém d\;y nhét x = ~1.
Ghi chii : Gidi phuong trinh bing d6 thi thudng dugc thyc hién trén mdy tinh.

o Vi du 3 !
Ch&ng minh rdng phmmg t:rlnh sau chi c6 mot nghlem x=1:
. 4F 457 =9,

. Tacéx=11a ngl‘nem clia phuo'ng trinh dﬁ cho Wi 41 + 51 =9,

Ta chling, minh day 12 nghi¢m duy nhit,

. “That vay, _xét hﬁm s6 f(x) 4" + 6%,

Ta cb flx) dBng bién trén t4p xéic dinh IR W f (x) #1nd +5* In5 > 0
véi mmxthuOcR Dodé _ . . _ ,



- .Wh x > 1 ttﬁ f(x) > F(1) hay 4" +5% > 9 nén phtm‘ng trinh khOng thé B
| _06 nghlem x> 1.
- Véix <1 thi fle) < () hay 4* +5"‘ <9, nen phuong trlnh khOng thé
c6 nghlern x<1, E _
' Vay phuong trinh a% cho chx ch mot nghlem duy nhdt x = 1.

. V;' du 4 — _
* Gidi céc phuong trinh sau :

a) 9% +2(x-2).3 +2x-5=0; - b) x2° =x(3-=x)+2(2" -1).

Gidi
* a) Dt £ = 3% (¢ > 0). Khi d6, phuong trinh d& cho ¢6 dang -
) +2(x Dt +2x-5=0.
Suyra ¢ = -1 (loai), tp =65-2x.
Do d6, ta c6 : 3% =5-2x. M
Dé thdy x = 1 1a nghiém cta (1). - .
Mat khéc, ham s§ f(x) = 8% luon déng bién, ham sd g{x) =5-2x luon
nghich bi&n trén Rnénx=1 12 nghiém duy nhat cta (1).
'Vay phuong trinh dd cho c6 nghiém duy nhétx = 1.
b) Phwong trinh d& cho c6 thé viet lai & dang .
2.2% —x(8 - x) 2.2% +2= 0
& 2"(_x—2)+x —3x+2—0 & 2%(x-2)+(x-1)(x-2)=0

o x-2)2%+x-1)=0
Te-2=0 x=2 |
P +x-1=0 [2%=1-=x S @)

Ta ¢6 x = 0 thod mén (2) nén 12 nghiém cta (2).

Mﬂ; f(x) = 2% luén déng bién trén R, g(x) =1-x ludn nghich bién
trén R . Do d6, x =0 12 nghiém duy nhit ciia (2). . ' :
Vay phuong trinh da cho c6 hai nghiém x; = 2, %9 = 0,
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| Gi’éi‘ ééc phuong trinh sau :

98

i . )
RT—™T 12  Tatwr =~ T — Matbt drmes B _ Mo 4w v

‘@ lhrtlGE+)=0; - b WGx+D+ ln(x +8)= ln(x +7) ;

1 . 2_-_'_='_1 |
4+loggx  2-loggx T

<) —log®x +2log?x =2 -logx ; @)

Guii
: a) Vén diéu kién x > 0 (khi d6x+1 > 0), phuong trinh da cho tuong
duong v6i '
In[x(x + 1)] = In1 hay :x(x+1) =1
, . 12‘/_ (logi)
S x+x-1=0 ¢
| | _-1+5
=—
~1++5

Vay phuong trinh da chb ¢6 mot nghi¢gm x = — 3

b)V61d1éuk1¢nx>—1 (kh1déx+1>0 x+3>0 x+7>0),phtro*ng
trinh 44 cho c6 thé vigt du6i dang
In[(x + 1)(x + 8)] = In(x + 7) o (x+1)x+ 3) X+ 7

2 ) x=1 -
& +3 —4=04: —1.
¥ * . [x =—-4 (10@1) o

c) Vén diéu klen x>0,date= logx ta cé phuo‘ng trinh

_— t=1
B2 —t4+2=0 & E-DE+DE-D =0 [t=-1
' t=2
logx 1 x=110
T'trdétacé logx-—lcb r=1m
logx=2 - |y-100.,
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d)deiéuklen x>0, dat t—loggx Kh1d6t¢—4 t¢2vﬁtacé

. 1 2 ‘ 2 t=-1 . |
_..--——4._”;4*2._’: 1=>t+10 (4+t)(2 t)ﬁt +3t+2 0@[“_2.
| ) -'x_'-1"
. 1 -y lz=3
‘Dod6 . | B2EFTT o0 20
o i log3x=—2 1
. x=z-'

o Vidy6 — _
Gidi cdc phuong trinh 16garit sau :
a) logylogox +loggloggx =2 ;

b) logs x + logg x + logy x = loggg x.

Gidi .
a) Ta c6 diéu kién ciia phuong trinh 12 x > 1 dé logy x >0 va logyx > 0.
" Khi 46, phuong trinh da cho c6 thé viét & dang

- ‘ o1 1 |
logzz logs x + logs log22 x=2 & Elogg logs x + logg [51082 x] =2
1 L1 S, - 8.7 :
& -2:1032 loggx + log2§ +logglogyx =2 & Elogz logs x =3
& logglogg x = 2 & loggx =4 < x=16.
b) Ap dung cong thitc 46i co 6, ta c6

logzx logox _ 10'8'2ch
logg x + loga X+ 1084 x= l‘3820 x e 1°g2 %+ logz3  logg4 - -~ logy 20

1 11 o N
- & logy x[l + log 3 2 logz 20) =0 ﬁ Llogz x[§ -Il-..log3_2 ~ logo 2) -
Ta ¢c6
' log3 2> logg 1= 0,

10320 2< 10320 20 = 1 tﬂc la '%"' 10g20 2 > 0

nén -3-—10g202+10g32 >0, Do dé ‘phuong i 1ré thanh logyx = 0.
IV&y x= 1.
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0Vt’du7

1 Giai cﬁc phi!o’ng trinh iogant sau :

.. ,a) _log(x —x-6)+x =log{x+2)+4; b) 1022(1."7 &)': logg x. |

) G
a) Diéu ki¢n dé phuong trinh 6 nghia 12

Y - N
x —x—6>oﬁ{x< 2ho$cx>3@x>3.
x+2>0 x> -2 .
V6i x > 3 phuong trinh 44 cho tuong duong véi
- . . 2 .
log(x2—-x——6)—log(x+2).='4—xﬁlogf——~x—£=4~x
: x+2
@log(x 3)=4-x. o ' (1)

Ta c6 ham s§ f(x)—log(x -3) dGng bléfn khi x > 3, ham sci
g(x) = 4 — x 12 ham s¢ nghich bién. Ma x = 4 thod min (1). Vayx =

12 nghiém duy nhﬁt clia (1), tdc 12 nghi¢ém duy nh&t clia phuong trlnh
da cho.

b) Didu kién cha phuong trinh 1a x > 0.

, Dit.y = loggx, ta c6 x = 3%,

Do 46, phuong trinh déa cho tr& thanh

logy (1 +37) = ym1+\/——2>’§[2) +(l/—2—) TR

- Ta thdy y = 2 thod mén phuong trinh (2).

V3
2

, ¥
' _Mat' khic, hhm 56 fly) = (—;-) + [—J ludn ngmch bién trén R vi
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2 2 2.

f (y) = [ ) 1r11 +[J§] lni_:?—k 0 véi moiy thuocR.
Do d6 y = 21 ngh1¢m duy phit cta (2). Khi.'db,_ x=32=9



2 30 Gxél c:ic phu'o‘ng trinh m@ sau

1 5-.1: Sl :r';."."z. :
a). (0,7..5)2x—3 =.(1§) o - b) 5% ~Bx-6 _ 1:
L ) ' '$ e . ! ) .
-8 x+b 2417
c) (-,-?-) = 7+l : : - d) 32%-7 =0,25,125 ¥-3 |
© 231, Gidi ¢4c phuong trinh mil sau : B
ca) 28t L 9¥d S vl L 38% . T b)Y BT - 7F —BEE 1T+ 7517 =0 ;
¢) 4.9% +12% 816" =0 ; d) 8% +24% 2% -2=0,
2.32. Gidi cdc phuong trinh sau bing phwong phdp d6 thi : '
. ! : - I
a) 27% =3x+10 ; _ b)[%)--=f2x+5;
1Y | | o
c)[gJ =x+1; o d ¥ =11-x
2,33. Giai cdc phuong trinh l6garit sau : |
' a) logx+log:‘:2 = log9x ;
b) logx* +logdx = 2 + loga® ;
‘ . I x=2
_c) 198’4[(:: + Z)Fx +3)1 + 19g4 prar 2
d) logJ-(x 2)logy x = 2logg(x —2).
-2, 34 Gidi c4c phucng trinh sau béng phuong phép 46 th1
a) loglx 3% ; o b) loggx =-x+11;
3 : . .
o, L
c) loggx=—; d)16* =log; x.

x’ 1
e 3
2.35, Giai céc phuong trinh 10garit sau : o

a) logy (2% +1).logy (2 +2) =21 b) #'8% 4 glo8% =6 ;

. Blog®x-Zlogx - '
) a0 BT 2100810 ;- = 1+210gx+25 logg (£ + 2).
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o §6 Bdt phuong mnh muw b&t phuong I’I'Il'lh IbgarH

: A. KIEN mt‘lc cAN NH6

1.  B&t phuong trinh mii

. a):Bc’..il"rllbl;wa'ng trinh mii co bdn
Dang I et >b @>0,a#1)
~ Néu b < 0, tap nghiém cba bat phuong trinh AR .

~Néub>0va: ' '

* g > 1, tap nghiém 1 (log, b ; +oo),
* 0 <g <1, tap nghiém 13 (—o0; log, b).
Dang2:a”2b (@>0,a#1)
- Néub <0, tap nghiem BR.
-Néub>0va:
* ¢ >1, tap nghiém 12 [lo'gab' +2),
*0<a<1,tip nghigm 14 (e ; loga b]

"Dang.? a* <b {@>0, a:tl)
- Néu b £0, tap nghiém 2.
-Néub>0va:
*a> 1, tap nghiém 12 (—eo; log, b),
*0<a<l,tlp nghiem 1a (log, b; -|?w). _
Dang4:a* <b @>0,a%1)
-Néub < .0 tap'nghiem 1A,
-Néub>0 v:?l
*a>1],tap nghlem 1a (—oo log, b]
v0<a <1, tap nghxem Ia [log(Jl b ; +o0),
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' b) Bdt phitong trinh mii don gidn + - |
Dé gidi ‘cac bat phitong trinh mi, ta c6 thé bien d6i dé dua vé bat phlto‘ng
'trinh mil co‘ ban hoac bt phu'dng triuh dal 86 :

. B&'t phu'dng trinh Ibgarlt

| _‘ &) Bdt phu;o'ng trink l6garit co bdn |

i Dgng.} clog,x>b (@>0,a 21)

e Neua > 1, tap nghiem 12 (a®; +ca),

_'.' Né’u (I).<d.; < 1, t4p nghiém 12 (O_;‘ alb). |

R Dang2 : log,x2 b (@ >0, a,% 1)

* Néu ¢ > 1, tap nghiém 1a [al_’-;ﬂ-oo).

. Né&u 0 < g < 1, tap nghiém 15 (0, a’?].

‘Dang 3 :log,x<b (@a>0,a at‘l') -

e Néua > 1, t4p nghiém la (IOI ; ab). v
* Néu 0 < a < 1, tap nghiém la (ab,;-ho-) .
Dang4 : logax b @>0,a#1) |

. Ne’u a > 1, tap nghiém la (.0 ; a,b]. -

» Néu 0 <'a < 1, tap nghiém 12 [ab ; o0},

b) Bdt phuong mnh logarit do'n gidn

D¢ gidi c4c bat phuong trinh Iogarlt ta c6 thé bién ddi dé dua vé bt
- phuong trink logarit co ban hojc bét phuong trin_h dai s6.
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~ B.viDy

e Vidul
Giai céc bét phuong trinh mil sau :

Jiox x - . - .I x
oZ75(E wosr-eatsus otoce
5 5’ _ BVERET

Gidt _

a) Vico sd bé hon 1 nén bét phuong trinh da cho tuong ducng v6i

V2 - X <X

Ta cb dléu kién clia bit phuong trinh nay 13 0 <x < 2 Khi dé binh

phuong hai v&, ta duoc
. | T <=2
9-x<xl & x2+x-2>0:»l:x<
_ _' x> 1

Ket hop v6i diéu kién, ta c6 nghiém cia bt phutong trinh dé cho 12 1 <x £ 2.

b Vi 2 5= 5i- (0,4)"! nén bt phuong trinh da cho c6 thé viét lai thanh

(04)’c -25(0 4)"‘—15>0.
Dit £ = (0, 4)" (t>0),tach bﬁt phuong trinh

t < —1 (loai)

12 -1,5t~2,5>0 ¢
Bt 7Lt > 2,6.

© Khid6, tacé (0,4) > 2,5 hay (0,4 > 0,4
~ Day 12 bét phuong trinh mé co bin véi ca s6 nhd hon 1.
Vay nghiém cta bét phuong trinh da cho Tz <-1."
¢) Bét phuong tﬁ_nh.dﬁ cho twong duong véi. |
L 4F 447 +4.37 “3.4% +4.3%

-4 < (& <0 & ——<0.
4* - 3% 4*-F ' 4% - 3%
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3
1-17

5 .Chra cé terva miu cho 4’“ 4* > 0) ta durge

5 | |
' 3 3
Dit¢ = [Z] (t > 0), ta c6 bdt phu(mg trlnh

>0, vai ngh1¢m la

-. t<%hayt>l.

Vit>0 neh ta co |
3 0« [—] < —
ENRLCTPR R
e Vidu2 '
Glél céic bdt phuong trinh 10gant sau : -
a) logy (x2 + 22 - 8) -4, ~ b) logglog, (x2 "'.1) <1l;
c) 1033,21; - bloggg x < —6. '

Gidi
a) Ta c6 didu kién cﬁa bt phuong tﬂnh ax®+2x-8>0. Kh1 dé, ta 06
thé viét bat phuong trinh duéi dang

logy (x +2x - 8) 2 1031 16.
_ 2 2
Vicos6 -é— nhd hon 1 nén'b4t phuong trinh trén tuong duong véi hé
x% + 2'5:_—--8 >0 @ -x? +2x -8 > 0.
|62 +2x-8<16 = [a% +2¢-24<0

x<-4hoacx>2_é 6sx<—4
65254 2<xs4

Vay tap nghiém ctia bét. phuong trinh dﬁ chola [-—6 - 4) U 2; 4]
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b) Ta ¢6 logg 163"1 '(_:_::2 IIPEE & log lb'g'f(xz ~1) k,'lo_gé 3
< O0<log, (22 -1)<3 & log, 1~'<1c:g1(:vc:2 -1)<log; %ﬁl >x-1> %
2 2 2 R ‘

8

= 2>xi52 & 2>-|xI>-T."

Viy tap nghiém cilia bt phuong trinh dd cho 13 [—'\/E;—-—-—}u[-!—;\@}
. Viy tap nghié | t phirong _ 32 373

¢) Véi diéu ki¢nx > 0, dat ¢ = logozx, ta c6 bét phuong trinh
—5o+6<0 ¢-> 2<t<3
suyra 2 <loggox <3 hsiy logg0,04 < loggpx < logp,0,008.

Vi-co s6 0,2 nhd hon 1 nén ta 06 0,008 < x < 0,04 (thod min diéu kién
x> 0)

eVidu3 _ _
Giai c4c bit phwong trinh sau bing d6 thj :
_ . c
a)[—é—] <x+4; _  b) loggx>4-s.
Gidi

. » . ' I . .
a) V& d6 thi cia ham s6 y = (%) va dudmg thdng y = x + 4 trén cing
‘mot he truc toa 40 Oxy (H.34), ta thdy chiing cét nhau tai diém duy nh4t
x

c6 hoanh d¢ x = ~1, Tix 44 thi tatha'y Khi x 2:—-1 thi dudmg cong y = [;)

nim phfa du6i dudng thing y =x + 4.
Vay tap nghlem cla bat phu'ong trinh d cho l& [ 1; +oo)
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Hinh 34 | . Hinh 35

b) V& d4 thi clia hAm 'sd. y = logzx va dudng th..’ing y=4-x trén cling
- modt hé truc toa 80 Oxy (H.35), ta tha'y ching cét nhau tai dlém duy nh4t
¢6 hoanh 4 x = 3.

T 46 thi ta thdy dudng: cong y = logsx ndm phfa trén du?.mg thing
y=4-x khlx > 3. -

Vay tap nghi¢m cﬁa bdt phucmg tr]nh da cho 1a (3 +oa),

“C.BA TAP

2.36. Gidi céc bat-phuong trinh mﬁ sau :

)34 <o, N O e RS TR
| : ': O 222 =3
b8 L . L [Z) . 9.
¢) 2 < . )z 2%
R A S R B R Lot P VT I
 h)16*-4%—6<0; LAY

3*-2 . o
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i 2, 37 Giéa cdc b&t phuong tﬁnh IOgam sau :

‘@) log;(s-12-2; . .. b .1053"(5_- 3)+logg(x -5)<1;
3 : S :
. 2 ’ . i. .
c) log, 2’; _-',}3 <0 : d) log, logs 2250 5 |
7 © _ 3
e) <1l; . g) 4logy x — 33log,4 < 1.

) —'IQg-x * 1+ _lqg_x _
2.38. Gii c4c bét phuong trinh sau bing d6 thi :

.I a)(-é-) <x-—-§-, | b) § zx+1;
) 10g1Ix>3x : - d) loggx <6-x.
§' .
Bél t&p &n chuong Il
2.39. Khdo sat su'bie'n thién va v& d6 thi clia cdc ham s6 sau :
- o .
a)y=x‘/§;: b)y=xE:_‘_ ‘ ) y=x"°
2.40. Tim t4p xéc dinh cfl_a céc ham s6 sau : | '
2 - 3x+2
g y= ; b)y—~logs ;
C r -2 N |
¢)y=ylogx+logx+2) ; = = dy= Jlog(x —1)+log(x +1).
2.41. Cho hai ham s6 |
. X -X

a -a

 fle )_u___, gx) = =
a) Chitng minh ring f(x) 12 ham s6 chén, g(x) 12 ham sd Lé.
b) Tim gié tri bé nhdt cha f(x) trén tap x4c dinh.
242.Choa +b=c,véia>0,5>0. |
a) Chlﬁ'ng minh ring d”‘__‘+_'bm <c™ néum>1.
b) Ching minh ring @™ +5” > ™, néu0<m<1.
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243 Véddthl ciia.c4c ham s6 sau ;

2.47. Gidi cdc phuong trinh sau :
g) In(4x +2) ~In(x-1) = Inx ;

¢) ologs# gloga= _ 400 ;
2.48, Gidi cdc phuong trinh sau :
. a)le2+1nx = x+3 :
¢) (6 - x)log(x <8) =0. -
2.49. Gidi céc b4t phuong trinh mi sau :
: x-3 L
" a) (8,4)*°+L <1
4% —9*¥tl 4 g
21-.1: ’

c) <8 ;
~ 2.50. Gidi cdc bit phmmg trinh logant sau :

) Inx+2
Inx-1

<0;.

¢) log(a® —x-2) <:2lo'gﬂ(3' —x)

'a)'yﬂ[l) +3' b)y=2x+1; c) y'=3x'2.
" * 2.44. V& 46 thi clia céc ham s6 sau : _ - o
a) y=logg(x~1); b y-losl(x+1), c) y=1+logyx.
3 .
2.45. Tinh dgo ham ctia cc ham s0.sau : |
1 9 1.
)y——-———-, by y=YBx-27 ; c)y= ;
(2 +3x)? | - -7
dyy= 3x~2 - logg x ; e) y= (322 - 2)log2x 3 g) y = In{cosx) ;
. . x _ - L .
" h) y = e¥sinx ; Q) y== xe
2.46. Gidi c4c phuong trinh sau _ '
2) 9" -8 -6=0; b) 2% —8e* -4 +12e™ =0 ;
c) 3.4% '+_%_9x+2 = 6.4“’1 9x+1 d) 2x 2 3x 3::2—1 - 2x2+2‘

b) logy(8x +1)logy x =2logg(3x+1) ;

) In®x-3ln®x - 4lnx +12=0.

b) e4-lnx =X ;

b) 2]x—2| > 4|x+1| ';
3*+5. 3% _1

" b) loghox~loggex-6<0;
d) Inlx— 2/ +1nlx + 4} < 31n2.
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' z.SlaGlél céc bt phuong tﬁnh sau:

a) 2z - Din(x+1)>0; ) (.x - 5)(log x + i) <0

¢) 2logdx+5logdx+logax—220; d) Inl3e” -2 s 2x.

2.52. Tim s6 ty nhién n bé nhéit sao cho's . -

) (l]n c0®; R b) 5:[1)“ <0
CYAZ S - D-g s
Bal tp trdc nghlem
_ J_ J‘ 3
1. Néua? sa? vhlogb—<log55th1
(A)0<a<1,b_>1, (B) 0<a<l,0<b<l;
©a>1,b>1; ‘(D) a>1,0<b<1.
2. Hims6 y = z%e™* ting trong khodng :
(M) (==;0) ; B)(Zi+); - (©(032); (D) (—ei+e).
3. Hams6 y =1n(x2 ——'2mx+4) c6 tip x4c dinh D =R khi:
A m=2; S a "'(B)-rﬁ?2 hotc m<-2;
O m<2; _ . (D) ~2<m<2.
4. Dgo ham ciia ham s6 y = x(lnx 1) 1a:
(A) Inx-1; (B) Inx; (C)——l . D) 1.
5. Nghiém c_ﬁa. phuong trlnh logg (logy x) = 1. lé. :

w2 B s ©OF; (D) 16.
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. 7‘ .

§1

2.1

2.2,
2.3.

2

_b)

. Ngmemmbﬁtphumgum1og2(3"—z)<o Ia:
'(A)x>1 | o (B x<l;

(C)0<x<1' T 1og32<x<1

Tép nghiém ciia bat phuong trinh 3% 25 - 2x 19. __
B [1;+=); B (=31 (© (1 +«=),: > 9

Ham s6 y = Inx - |
(A) C6 mot cyc t_iéu : (B) C6 mot cyc dai ;

(C) Khéng c6 cyc tri ; (D) C6 mét cyc dai va mot cyc tidu.

L3 GIAI -.Huéﬁe D(iN - DAP SO CHUONG Il

L]

a)4; b3; ¢)b; T d) 22‘/5—%.
(I .96, 113 289 |
a) 36,5 “.7 b b) 5i9375__ﬁ : c) 'ﬁ'_’ d) —=
V6i a va b 14 cdc s6 duong, ta c6 : '
f:('_l 2]
a3la 3 +a8) a+a? a(a+1)
1( 3 _1)' a+l @+l _‘_
atlod +q 4 :
11 11 11 Va5, 3
a®b +53\a _ b2 +b3a2  a¥p31p2 T 442 8
8 + 90 11 11
: ab + b8 ab + 58
ll(l l) :
3p3\p6 4 g6 :
_a b_,lb -:a = ¥ab .
ab + b8 '
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W éf J -

24,

2.5.

112

a) 272 =_-§E<*1 : - b) (0,018)™"

) _ | (a%)a -!-(b%)a .=a+b

Tas
(amer)e/— b

Wasthf Tarlh

: 25_ ' "1'\:’5 |
¢) Tuong ty, [5] <l; d) (E) <1l

5 [n]v’i;zl_‘l ;.- | 2 [l]ﬁ-a >1
a) V17 =¥17° =44913 ; Q/_ sz? §784.
Vay J_7>§F"

by 418 i = %f371208 ; ; 428 = %23 = %[Z7841.

Ta c6 371203 > 279841 nen ¥13 > Q/_

3 .

| - 1 N 1“r§ -
p)J5> 2 va §<1 nén [5) <[-—-) Jo

d) V5 <7 va4> 1nén 4“'E<4‘ﬁ. |

1

=0,013

>1;

A e



26 a)thsté.cdmhkmx -4x+3#0ha‘yxat1vhx#3 '
¥4y tp xfc dinh cia ham s6 04 cho 18 R\(1 .. o |
| 'b)Hamsdxacdmkmx -—8>0hayx>2 Vaytapxécdmhla(z +ec),
i c) Hhmsdxécdmhkhl x° - 3x% +2x>0 hayx(x 1)(x 2)>0

Suyra0<x<1hoacx>2 Vaytapxécdmhih (0 Nu@; +m)

. e g M e

d) Ham sﬁxécdmhklu 2 +x-6>0 hayx<-8vax> 2,
Vay tap X x&c dmh li(—w —3) wi2; +oo) '

2.7, a) y' = -2(x? —4x+3) (2x-4)

o B .“'1_ .
(;3--.8)3_ ' 822 = 9(:: —8) k3

|. b) y‘=

oA

| c)y =1( 3 _3x? +2x) 4(3.1:2 6x+2)

d) y'= —%(xz +%- 6)_§ (2x + 1). '
28, a)y=x". |
. Tipxéc dinh : R\(0).
'Ham s6 dﬁ cho 12 ham 6 1&:
' _‘4 3

y -3 —x—4. |

Tac6y <0, Vx e ]R \{0} nén ham sd luon nghlch ble'n tren céc khoéng
xéc dinh. . . .-

lim y = hmy 0. Hmy ='+’m, lim y= —w
E—p—es x..)q-m xr—a0* - x—-bO" :

g Dd thi cé tiem can ngang 1a truc ho?mh tlem can dfmg 13 truc tung.
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DG. thi cha ham s6 c6 tam d6i

xﬂng I -gdé toa 4o (H.36).

Tép xéc dinh : D = (0 +oe)

i

y'=-g%

| oo

y'<0 vdi'moi x € D nén ham s6 nghjch ljit!n.

lim y = +eo, hm y=.-0
- x=0% x—+ :

Hink 36

b th; cé nem can dﬁ‘ng Y e tung. ti@m c4n ngang 1a tn,lc hoanh.
| Bing bi&n thlén

0 o I

mthi (H37)

r

) y=xt

'Tapxﬁcdmh D= (0 +eo)

K ’ .
y'1=g_ Z T-L..'.' .

) .5">0,'_?f}eb nén'ham s6 déng bidn.
114 o S
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L M0+ |
Bdthi __""'cé tlé.m can '.3-' S y,
Bénsbxénthlen R

R T )

D6 thi (H38)

 Hinh38

29, eXéthamsSy = o5,
 Tap xdc dinh : D =R. Ham s6 d& cho 14 ham s& chfn.
y'= 6x5 | '. I

Iim y= lim y'= +oo
Xyt X—Peoo .'

D6 thi khong c6 tiém c4n.
Bang bién thisn |

!

* Xét him s6y = z™® R
“Tap xéc djnh : D'= R\ {0}, Ham 56 d4 chio 12 ham s6 chén.
et .

lim y = hm y=+oo lim y= hm y= 0
=0~ x->0 . x=y—ea x-.)-g.o. :

: DG th1 b taem ¢n nga:;g 1a truc ho?mh uem cén dimg. It truc tung. -
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DG thi clla céc ham s y = x® VY= =% nhu trén Hlnh 39. Cﬁc dﬁ th; nay
'. ‘déu c6 tryc. d6i xing 1a truc tung

ETO

| Hinh39"
2.10. bat f(x) = x? , x& R;

1 \ I. _

gx) = 2% =z, x> 0.

T 46, ‘thi clla hai hhm sd a6 -
" (H.40),tacé

£(0,6) < 8(0,5) 5

70 =500 f[] o)

f@> 80 £®)> 80 f(é)- > 3(45;- |

) Hinh40
2.11. 2) (0,3)" ; (0 3)3“15 ; (0,3)3 (0, 3)"5

2
3

| P) (75] ,(\@) ':II(|1.9)" : n"’ - '[vl 71-5 <2 <.1,.I9| < :r:J

[vicdsﬁ’a=03<1van>31415> >05]
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c)[) ,5"2 5‘07 53

d)«ug (J‘) a .ua) '5 mﬁ

§3
o 1, 18 108 L g -
-2.12. a) "" s b) ]_01055 "-g- =200 ; C) § H d) 2.
2.13. a) logy /3 J_ ~log7 14 - 1og., 21 = logy E =-2;
| _ ' 3
b 19&24-_1032&5 . 1og222__='g;
108’3 18 - 1033 V?Zr i . 8
o . 1033-33
_ _. ( 1 l)
" logz 22 + logy 22 52/ 2+3 +_1°525 1
2' ' "2' |
) - - ad-
2.14. a) x.= b—a, | | b)x =71
_ 5t

2.15. a) Ta c6 _
*q =logg 16 = 1033(3 B) = loga 3+ loga 5 1+ logs 5.
Suy ra logg6=a~-1. )
oh= loga 10 = 1033(2 5y = Iog3 2+ loga
Suy ra logz 2 = 6—10335 b-(a- 1) b- a+1
‘Dodé ! o _

logJ-50 = log 1 (2 5 ) 210332+410335
. 3%

- -2(b a+1)+4(a 1) 2a+26-2.
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b) Ta 06

-.--.1...'.' .

10g140 63 . 103140 (3 7) 210g140 3 +. Ioguo'?

| _'1033'140 * Tog, 140 - '-1033(22.5.7)' "‘1‘637,(22.-5.7)'

218.8) O <1

219.2)(3;8);

118

2 1
_ 21033 2+ loga B+ logs 7 21037 2 + logq 5 + 1
Tﬁ ﬁé bm suy a S '
' ' 1 1
Bk 7 |
‘logy B = logy 2.10g 3.10g3 5 = cqb,
. log T o= 1 o 1 3 - _]-'- .
*3 " " Togy 3 logy 2.1og; 3 “ea’
o -2 1 __ 2ac+1
Vay log140 63 = g7 * e el +1 aber 2o +1’
—4+b+—= _ .
2.16. a) logg 3> logsg : - - b)ylog; 9 >_log1 17 ;
¢) logy e >log; % ; o d) logzﬁ >1032J5 ..
S Co
- 2.17. a) Sit dung tfnh chét . log, b logb c= logac
| b) St dung 'tﬁ_'lhj. chdt - N log_a;-b = ‘510% b
va 142440 =9L’1§t~1—)—
§4

R NCE S S et 'd)[%' L

i



b)(0'3)2< 1 . C) (3 2)1 .2 < (3 2)1 6

)’
. .'

8 d)(aiz)"a> (.0 2)"2 ;) ( I )Ji _ [%)1'4 g) B" , 63,14 o

ML&}DﬁﬂucuahkaG yna“-rz nhaudwcn‘:ddth{cﬁaham s6 y = 3“
bhng phépthahn!n song song véi tryc tung xuo'ng du’dichmw (H 41),

b) Ddth;cl’lahAms(i y=3"+2 nhandquctﬁdd thJ, cﬁaham sd y=3*
_ b&ns phép tinh ti&n song song vdi tryc tung len phfa trén 2 don v; {(H. 42)

. yi - y.l y= 3u+2
] Sl .;y..":s’
8} N
: ]
. hf
4 ‘W
, -7
‘}"‘" __________ 1/t
_____ - ) 2 ;’; :
O ;I, : '
, - 1 1
LT --—_--‘ !
L E L EL L T LT —2, . O . 1 . ;
Hinh 41  Hinh42
Oy= |3" 4= "% 220
: »'-3x+2 kh13’—2<0

Do d6, ddﬂucﬁahimsdy |a= dg&m
—Phﬁnddr.lucﬁahamsdy 3”-21€nzgv613"~220(n5mph{atren:
tryc hoanh). . . .
-Phanaa:xmquatmchnannc&adom;hmsay 3"-2 ﬁngvm“

-2<0 N
vay ddﬂucuahamsﬁy=|3” 24 cédang nhu’b!-ﬁnh43
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nY

at o

Hinh 43 | . Hinhd
d) y=2-8" = ~(3% -2).
Ta cb dd thi cha ham s6 y =2-8% dfﬁ xﬁ‘ng véi d6 th; cha ham s§
y =8% -2 qua tmc hoanh (H.44). '

| 2%, khle[O 1]

2,22, Trén doan [-1;1],ta 06 y= - ol
- | 2"‘khixe[1 0]

Do d6, trén doan [0 ; 1] ham s& dGng bién, trén doan [-1 ; 0] ham $6
nghich bi¢n. Suy ra céc gid trj 16n nhtft va gui, tri nh6 nhﬁt 58 dgt duqc tai -
céc déu mit.

Ta cé y(—l) gD o 21 =2,  y0)= 20 = 1, y(l) 21 =2.

Vay n}ax]y ¥Q) = y(-l) 2_ [n;mly =y(0) -1 |

' 2.23. Ta biét cong thitc tfnh khc__ﬁ lu_'_q_ng Ch?_:t, phéng x_a_ tai thdi diém ¢ 12 -
| m(:) mo(3)7

trongdé mo lhkhdilu(,mg ch!tphéngxabandﬁu(tﬂc litaathbxd:lémt—O). ';

T1a chu ki bén ra.
TacéT 24 gna lng&ydem, mo 250ganL e
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'_ a) Kﬁ&s MS chét ph6ng Xxa oo 1a1 sau 1 5 nghy dem 1a o
I)T
. 2 )
b) Khdn ltr(mg ch(t phéng Xa con Iqi m ’8 5 nghy dem L
' m(3 5) 250[ ) G 22 097 (gam}

i _— (1’5)” 250( - 88, 388 (gam)

2.24. Goi trﬁ' luqng £6 ban dﬁu la Vo, toc d¢ sinh trtré'ng héng nam ct’m rimg 1
R ph&n trém., Ta ch: - '

—Saul narn. trit luqng 36 1&
Vl = VO +I«V0 = Vo(l*i).

- Sau 2 ndm, truhrqmg gdla
| V2=V1+zV1==V1(1+a) V0(1+;),

N —Isgu 5 nam "m:'lmg'gé .
V5-V0(1+:)5
: ThayV =4105(m. ), = 4% = 0,04, taduqc B
o V5-4105(1+004)5-48666105(7113)
226.8) Da(e;-DUlde)i | B)DE(1:8);

L 9D=E8mRUGIE ) D=(i- U +m),
e)D (1 +°°)" o o 5)(3 +°=)
. . 2x 3 . : . .
226 = ' ..'_'. - . . .
a)y (x2 -3x 4)1118 - S
b} y b _- 2% 4B IR TS 1\ A

(—x +5x+6)1nJ' TErsrrohd
| . o



| 22‘7 a)y:]log4x{ {

s

s —9}(.1:4-5)1:107
e)' )= 22

| (@ -2)1n1: .’ |

ey 10m49 ', .

log x.lthi0<x<1 '

X _Dodé déth;cﬁahimso’y'—'llos‘z#l g@m

-_'.-Ph&ndéuncﬁahhmsdyzlog,‘x ii‘ngvmle

~ Phdn 46i ximg qua tryc hohnh cla d6 thi h&m 6 y= 1034 x tffng véi

O<x<1.

Vay dd thi ¢6 dang nhu & Hlnh 45

" )

[}
[]

[
iy = 1°l4x f ,
Hinhds A mnm __

.'b) Ham 56 y = 1034 le o6 tap xic dmh D = R\IO} Vi 1& hﬁm s6 chl{n Vi

(—x) = log4 l—xl = los.dxl y(x).

' Do 46, 6. th; ctia ham s& ndy cb tn;c d61 x&ng 1a truc tung. trong a6 phﬁn.

) (H 0.
: Iﬁ_ | 122 ' :

46 thj tng v61x>0!h46th;cﬁahim sb’y=log4x

-ngtacéddthmhutrenmnh% o -
-c)DGﬁucﬁahhmsﬁanog4x+2 mnduqcterdo:mc&ahamsd]

=logy x b&ngphépunhtie’nsongsongvélnucumglenuenzdmw '-



Hink 47 |
- d) Dé v& 46 thi cﬁa hhm 56 y =1-log, x, ta thyc hi¢n cdc budc sau :

- L4y dé6i xfmg qua truc hoAnh 46 thj ci'la ham 6 y= log, x ¢ du'QC dé
thi Cuahim sd y= -loggx; -

- Tinh ne'n song song véi t.mc tung 46 th; ciia ham s8 y = —log4 x lén
phfatrén 1 don vi. '
 Vayta cé 46 th; cla ham s y=1- log.; % nhu tren Hinh 48,
.’Y
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m 36 1@331-;: cb bﬂ 35 m;hon L.

_logJ-xdogJ-x ' L

' IDo dé, (Cy) Ih a8 thi cha ham 6 y = IogJ—x (Cz) 1a dG tlucua ham sd

_“b&fx '_q\

e Ta cb (C3), (Ce) di xu6ng tir trdi sang phai nén'12 d6 thj cﬁa céc h&m

§5
v . 2x-8' B-x '. 2x-3 x-ﬁ - - '
2.30, a) @] ,=-[§]__ @(EJ- =[-3-] e ul3ms-bens-2;

- b)5"2‘5""3--5°@x2 -5x-8= o:-[

124"

58 nghich bi€n, nghia 12 tng vél ham s¢ IOQant ¢6 co s6 nhé hon 1.
' Mat khéc, khi x > 1 th loglxdoglx v_a khi 0 < x < 1 th .

e B

log, % > logy .

; N I. . ‘8-

y = log, x.
229.8)x<1;  bx<l; .. ca>1l;, .. dzx>1

x=-1 .
x-fG o

. 1 _2x__3 1 _x-‘l . . . :
c)(-—]" ._;=(_]- qx —2x 3*—x*—1=>x--x 2 0

7 Za

é- x=-1
CLlx=2.

. i« »,_m._ﬁww phﬁﬁlen Y dﬁ ﬂu cl':a céc hhm ]
~dbng. bw’m tﬂl‘: li g L
Matkhéc kiux>1ﬂﬂlogfx>logfx vakh:0<x<1thi

Do 86, (Cy) 12 46 thi cia ham s6 y = log; = ; (Cy) 12 d6 thi clia ham 56



5 T BgedB, BBl Jadll. Sxebl
s 2' i® T wzﬁ‘*}_ *‘-3;..5 -8 'ﬁz 7 =5 =

00562 c i duge

k1 3x+511° LB {uﬂ ;Ox-sa_ (3x *30x - 357)1og25- L

x-T -.- x-3 | x#'?x;éa

(7 31% 5):2 —2(5 + 15?1032 5)x - (38 - 3571032 5} =0,
Ta c6 A' = (5 +15logyB)% + (7= 3log2 5)(33 357103‘2 5)

= 129610325 - 3448 logs 5+ 266 > 0
Phuong trinh 44 cho ¢6 hai nghiém '

5+1slog 5E/A
(T 310325 ’

’

- 8éu thod mﬁn daéu kxenx #T v&x # 3. |
231.&) 162”+42‘:55"+35xﬁ202"=85" [‘EJ-'-"a(.- @;:1;

'b)-167* 1652”—0@7"—52" ("T [:"_)og-ﬁo.
* ' 25 28/

. c) Chla ha1 ve’ cho 12* (12 >0),ta du'ac

Dat ¢ = [-) (t>0), tacéphmmgtﬁnh 4t+1—-3- 0 hay 42 +¢-3=0

. | |:t = —-1 (loal)
&



o

Dodé[

2" =1
2"—2"_ L R
Vayz<0vas =1k nghiem cia phucmg trinh scho.
232. a) V& 46 thi clia ham s6 y==2"‘ vhdtrbng thing: y=8x+10 tt&ncﬁng 3
mot hé truc tog 49 (H.49) ta thﬁy chung cét nhau tai dlém ©¢6 hoanh do x =-2."
' 'Ih&lal tathﬁyx---zthoémﬁnphudngtﬂnhdicho ' '

Mat khdc, ham s§ y= 2 ¥ = (3) ann ngh;ch ble'n. ham 36 y=38x+10
ludn ddng ble’n Vay x=-21a nghnem duy nha’t

,yl 1“"
S’/_IO- 3"._(3)-
Vi
of
i \:
. B . ._ P .o . ll .
B PRI e T '. . . K
. : et v 1.. . : . .
poY _ - | ) 5 N
7_2 il T 9T\ f
Cmmnes . Hmks0

ATE ' '
b) Vé dd thJ, clia ham sd y= (;} Vi dubng thﬁng yé—2x+5 tren

- ciing mét h¢ t:ruc toa do (H 50), ta thdy chﬁng cht nhau tal dlém ¢6 hoanh do 3
- x=1 Thulal tathﬁyx =1 thoimﬁnphucmg trlnhdacho



1 ._!‘.I I._..:. ‘..'|. Ifi .\;' T 1.,

Mat khic him s6 y=(%—)' = 3” Tuén ddng bién, hdm sy = -2x + 5

-vaywimsmem duy-m | _,
2 (401
'_"-'c)Véthh;cﬁahhm 86 ys(\;) viﬁubngthingy-x+1trencﬁng '
© mothe u-qcmao(Hsn,tathsychangca:mmm&nwhoanh@x*o. '

T i, ta thely « = O thok mén phuong trinh & cho. Mgt khéc, = [;] B

,hhmsdlubnngh;chbzén ham s6. y=x+1 luOndGngble'n vgyx-om
,nsh1¢mduynh5t
h g |

. Hinhs1 | Hinh 52
d) VE d6 thi clia ham "3 y = 3% v dudng thing y = 11 ~  trén oemg mot |
3 h¢ truc toa do (H 52), ta thdy chiing cét nhau tai dlém ¢6 hoanh dQ x=2
Thit lai, ta thiy « = 2 thod méan phitong trinh d& cho. Mt khéc, y = 3*luon
déng bién, y = 11 - x lun nghich bién. Vay x = 2 1 nghi¢m duy nhat.

i '2._33 a) Vé6i didu mnx>0 tac6 1ogx+2logx=logs+1ogx & logx log3
@ x=3 N ' :

"b) Vé: dléu kn@nx > O ta’ ¢6 4logx +log4 + logx = 2loglo + 3logx
o log:r =log§ = 5 '

o



' c) Ta cé dléu k1¢n cua phumg trlnh dﬁ cﬂp m
o ot ? 14 ’\‘ ;,._.

(x+2)(x+3)>0 ' x<—3 hoaea:‘a 2
{ . ﬁ{x< g hoacx>2 ﬁx<-,..3,hoacx>2 (1)

lx+3 D S _;_:‘.'51!‘.-'_-:-_*: o
Khi d6, phuong mnh aa cho tuang duo‘ng v6i T

1034{[(:: & 2)(.1: e 3) ] 1og4 166 2 - 4 =16 & [“’ "2‘5
.- x= 4—2\75’.'- -
- i ha1 ngh1¢m trén déu thok mﬁn diéu kién (l) _ S
d) V(n diéu kiénx > 2, ta ¢6 phuong trinh 2logg(x - 2)(10;5 x- 1)
@_logs(xﬁ)—.@x_s | : 'I'_
loggx~1=10 x =b. s
Ca hai gié trj nly déu thod man diéu ki¢n x > 9.

2.34 a) V& d6 thj cha’ ham sd y=logyx vd dub‘ng thﬁng y=8x tren cﬁng mot
3 .

 he e tos do H. 53)-,,- {a they chang cht nhau tai diém c6 hoanh ¢ x = l

Thit 1ai, ta thﬂy gié tri ndy thod mén phumt.ﬁnh da cho. Mat khic, ham B

56 y=logy x luon nghich b1e’n hhmm& Y Kmluan déng hle'n Vay
3 .

.f

r.oh--

lh nghlem duy nhit cla phuong trinh, dﬁ cho.

- ny

" Hinh 53 : S . Hinh34 .
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o b) Véd,@tmcﬁahﬁmsd y= i:ogsx v&du’bngthﬁng y= -x+11 t.l'encﬁng |
mot hg trye tog do-(H. 54), ta thly chng cét nhau tai diém c6 hohnh do-' |
ﬂ’& Lép’ fuan wrong ehu a}, ta cﬁrg 06 day 1& nghlem duy nhét cia
phimg trinh d& cho.

'-c) Vé dG thj cba céc him 56 y= log4x v& y= i tren cﬁng mOt hé truc
- toa 46 (H.55), ta thdy chfmg cét nhau tai d1ém cé hoanh d6 x = 4, Tacling
| cé ham s¢. y = 1034 x luOn d6ng bign, ham s6 yEo luOn nghlch blen.

- trén (0 ; +0). Do 46, x' = 41a nghiém duy nhaft.
. "

2
i
A

Hmkss . HinhS6

d)' V& d6 thj clia cdc hidim s6 y = 16" va y = log, x trén cing mot hé tn,:c", |
toa _d_o._ (H.56), ta thdy ching ct nhau tai diém c6 hodnh 40 x = -i- Thir
lai, ta thiy x =% thod mén phuong trinh d4 cho. Mat khéc, ham s6 |

y = 16* luén déng bién, ham s6 y < logl x luon nghich. bién.
. , - . : E . I

. Vay x = i— 1a nghiem d.il-ly nh4t cha phuong trinh;

' _ 129
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2.35 a) Iogz(z" + 1) log2[2(2“ + 1)} /9 e iosgfz” +1) [1 +logz(2" + 1)]

-_Dat :-1032(2x +1), tacé phtrdng tﬂnh t(1+t)=72 ewz +E- 2= -0

- fe=1 loga(2* +1) = _ L
[t=-2 --1032(2’+1)=f2 ‘- S
2*+1=2 ¥ =1

= D DRI 2 R » ﬁx=0
2"‘+1=Z 2 =~-~(loa1) '

Il

b) Véi dléu kiénx > 0, ta c6
log(xl"gg) =log9.logx va. 103(91"3‘) = logx log9
" nén ' log(x1%8%) = log(8'98%).

Sliy ta xlog'Q = glogx
Dat ¢ = x°%®, 1 duoc phuong trinh 2¢ = 6 & t=3 e x'o8® =3 |

o log(x195%) = log3 « log9.logx = log3

log3
Tog 9.

S x= J_ (thoé man dléu klen x> 0)

¢) Véi diéu kién x > 0, 14y lbgant thap phan ha: vé€ clia phuong trinh dﬁ'
cho, ta duge

1
e logx =

@ logx = e 3

(3log3 x = —2-10'§ x) logx = %

Dﬂx t=logs, ta duge phuong trinh 3:4 -%:2 -% =0
0 .
L - | =1 e
RPN 934._..232,__-,%0&.._2 ;e [t 1

Tlogx =1 _x=_*10 .
S ogr=1 " |g=t.
: , 4 "' 'x_IG'_'
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d)Datt‘shagﬁ(x+2)vﬁ&dléuklenx+2>0;x+2#1 tac6
1+-§-=t@t2-t—2 0, taeo
-#_[t-— 1‘#[1085(3?1'2)_ 14,, x+2 5 - |*="F
=2 logs(x+2) =2 iiy0a95 -x-='23;
§6
236, a)3|”'2‘<321=|x A<2 e-2<x- 2<2¢>o<x<4

| 'b)4t’_‘+”>42_¢|x+1l>2@[x+1>2 |:x>1

+le-2  |x<-3
) 2'”2+3”<22<=>.—x2+3x€2¢¢x2—3x+2>'0@[x‘:l
- _ x> 2.
2.1: -Sx 7 1
d) § § 4=$2x -3::5-1«#2:: -3x+1$0¢>25x51
x+620 xz-a o
_ : x<°. . -65_::-:0
e)\/x+ 2xe | E xEO & [-25sx4<8
1 g ' x20;
x+62x £z~ 650 :
--6$x<0 | B
-ALxs
OSxSS fixs3.
) 1.22" + 1.22" +1.22x 2 44-3'@ 2% > 512. 229 e 53

8 S 2"
h) Dat t = 45'c @ > 0), ta c6 hé b&t phucmg trmh |

2_ i) <3 L
7-t-650 ___St‘3-¢$0<t53¢:0<4xs3¢:>x510g43.
t>0 >0 - SR

131 -



2.37.

3F 2B %8

—3(0@ --1—-'-—>0
3* -2 g .»—2 o 3"?1-'2 _
>3 fest
=] o . A
a) 0 <‘_x_f_1-s.-[§] e 1<zs10.

b){x>5 ?>5 o w{x>5_
' logg{(x — 8)(x - 5)]<10833 x? ~Bx+12<0 2<x<6

ﬁ5<x<6 _
)-'x-—27>0- x>7 x> 7
C} 9. ' : = WS : . _ '
2% +:.3‘>1 222 +3>x-17 2x2 —x+10>0

x—-7

& x> 1 c)x>ll7
xe R

. d) log; 'ldgax2 > logy 1& lu:'gz:x:2 <lé& logzsnc2 <logs2 & 0< x2 <2

3 3
& 0<|xl<v2 & -V <x <0 hoac 0<x <2

 e)Datt=logx v6idiéukidnt#5, ¢t -1,tac6

1 2 t+1+10-2¢ 2 5t 48
————+—'———<1'¢=>—-—-————.1<0¢=9--—— >0
b-t 1+t  bedt-t? Cteat-5
ﬁg—wg—)-(i—-—>0'=>t<-1h05,02<t<3hoact>5
(¢ +1)(t-5)

Suy ra logx < -1 hoac 2 < logx < 3 hojc logx > 6.

Vay x < hoac 100 < x < 1000 hogc x > 100 000,
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g)VCndléuknenx>0 x#1, datt—log.,x, tacé 4t—¥51
ﬁi‘_zzi._ﬁﬁ 0”_(.4“11;)(-‘. D<o

&t s..—_lzl. hofic 0<t<3

log g < 1 Coon
& og4:rs——4— - x$-4 1 |
0<log4xs3 1<x$64;



_‘2 38. a) Vé 66 thi cL‘la him stS = (lJ v& dwbng théng y= x—-}z- tren c&ng._' |
mot h¢ u‘uc toa do (H.S'l). ta tﬁﬁy chﬁng cét nhau tai diém cé hoanh a0
x*lV&x>1dﬁdﬁcﬁah&nsﬁy (;) phIacﬁrmauUngﬂﬂng
y = x_ - §' V_ﬂ..y_ tgp nghi¢m _cﬁa bt phl_lo‘ng trinh qa cho 12 (1 ; +oo) ‘

yl . . L . . ) ’ ) _I. o y‘ .

Hinh 57 . - HimkS8

b) V& 46 thi clia him s8 'yzg-) 'vidudngthﬁn'gyéx-t-l'treﬁ“é:ﬁng mot
.he tryc toa do (H 58), ta thiy chﬁng cfit nhautgldlém ¢ hohnh d¢x=0_ |
| Kh1x<0d6th1cfmhhmsdy () n&mphfatrmdlmmhgy=x+1

* Vay tap nghiém ciia bét phuong trinh d& cho 12 (e ; 0.

~c) V& db thj clia ham 56 y= 1031 x va dudng thing y = 8 tren ctmg mot
3

'he truc tog ao ta thA'y ching cft ohau tel diém o6 hohnh 60 » = 3 L H.59).

Khi x<— d6th1 cﬁahhmsdy—loglx n&mphfat:éndlﬁmg thﬁngy Q.
3 .

va'y tap ng_higm cha bét phuqng trinh dﬁ.pho 12 [-« ; %) |



HinkS9 . Hinhé0

d) Ve dé th; clia ham s6 y = loggx v dudmg thing y=6-x tren cﬁng |

. mot he tryc tog 49, ta th&y ching cét nhau tgi diém cb hodnh 46 x =
- (H.60). Khi x < 4, 6 thi clia ham 56 y = log, % nim phfa duéi dub‘ng

X thing y #-6 -x. Viy _tap nghiém ci;a bét phuong trinh' d& cho 12 (=e=<; 4.

~ Baitapén chuong i

2.39. 8) Khao sét sy ble‘n tluen va v&, aé th; cfxa ham sdy x‘r
Tap xéc d;nh D-(O +oo) ' .

y= J‘xJ'l

y >0, Vxe Dn&xhﬁmsﬁluﬁnd&ngb:én

11my 0, lim y =+, _
x30" 7 m—es S

., D4 thi khong 06 tiém cgn. -
Béng bin thién

. ‘.J’“‘:.rl‘a‘_"

L]

. " L . S . Hink 61
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R b)Kh&omsuble’nthlenvavéddtlﬂcﬁahhmsdy xﬂ. -
| -’_",I_Tv.pxnicmnh D= (o +ee) R "
‘ o |
. .:‘.l.. -
y“_#xﬂ .

y >0,vxeD nen hm 36 luén ddng ble'n

l1my011my+oo S
x—)O R

) D4 thi khong c6 ti¢gm can.
Béng bién thién
x |0 . oo
+
,' oo
o/ | -
DSth (H62. | Hinh 62

. ¢y Khdo sét su bne‘n thién va v& d6 thl cﬁa ham’ sd y =5 ¢
- Tép xéc dmh D =(0; +oe) -

y'm—ex="1,

Ly« 0, Vx € D nén him s6 ludn nghich bién.

lim y =400, lim y=0.
x=0* X=ptoe

. pé thj ¢6 ti¢m cn ngang [a
* truc hoanh, tiém cin dﬁ’ng
12 truc tung.

Bing bién thitn

POthi (H63).
| h63 i35



-2 >0¢$ 22" >2 < % >l SR

m

vay tap xéc dmh D = (- + m} |

Cwee(Ea)
- ¢) Ham s6 xdc dinh khi T I 3
. | At o e
 logx+log(x+2)2 0 < {108[::(x+2)]_2108-1 & {x +2x-120
_ x>0 S le>0 |
ﬁ{xsz_l-ﬁhoacxzw-“ﬁﬁ'x2—1+J§-.-
Vay;apxicdinhlaD-[—1+J_ +00).
d) Tuong tycéu c), D =[V2 ; + o),
241, a) Ta cé tgp xéc dmh cla cd haihhmsd f(x), 8(x) du R, Mat khac

x -x

x .
fi=x) =.- ==_ F@,. gz =2 3 ___f--j-g(x)--, __
Vay fix) 12 him s6 chén, g(x) 12 ham s6 18,
b) Tacé f(x) =,‘_’ +a” lea”a" = 1, Vxe R

2
v - f(O) @ '“' =1. _ S
Vy minf(z) = fw) =1 |
2.42.5) Tac6 " _+-bm<cm=-(?) () <1 0w

'Iheodé-bai-a+6=c,.a>'0 b>0 nen 0<-E-<1 0'<-%"<1’."

" Suyravéi m>1 thi [ ) [ ] [ ] <(c]
o m m -

mrastcs (2) #(2) <24lr
| Vay (1) ding va ta c6 didu phé.l chfmg mmh
b Ching mmh tuong ty.
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_ 243.@)@;96&;(:1‘1& hé.msd y= [}—) +3 rﬂxﬂnduqcti‘tdéthx cua,him s6

5 y = ( J béng phép tmh tle’n song song v truc tung len n'én 3 do‘n vi.

C b

") D6 thi cﬁa ham. 6 y = = gl nhan duqc £l : 46 thi clia him s6 y=2¢

‘bing phép t.mh tién song song véi tmc hoanh sang trdi'1 don vi..

o c) D6 thi clia ham s6 y=8¥2 nhan dugc i 6 thi cla ham 56 y = 3" o

244,

biing phép tinh tién song song véi tryc hoanh sang phai 2 don vi.
a)DthucuahamsGy—loga(x 1) nhanduqcu‘.‘fddtiucuahﬁmsd
y = logg x bing céch tinh tién song song véi trye hoanh sang bén phéu 1
donvi.

b) DG th;cﬁahhm s6 y—logl(x+1) nhandquc ttdd thi. cua h&m 36
3 @

| y=loglx bﬂngcéchunhue’nsmasmgv&ﬁuchohnhsmgbenmmmvl

3

 ¢) DS th ciza ham s§ y = 1+1053_x nhan duge Y d6 thi cha hém_ s@

= logg » bing céch tinh tién song song v6i tryc tung lén trén 1 don vi,

245, 8) y' =82+ 3_9,5)'§-‘. L L Dy =2 2 3
. - ‘ . \-Ii II. I - o . I . - . 4
C) y, ~{3x-T) °; o d) y 9x~ pyret
¢) y";-'sx'io'g"x;éﬁ':ﬁ.'-' '- g) y' = -tanx; B
y'=Sxlogyx + =g ; |
h) y' = e¥(sinx + cosx); o Dy'= x(e +e” )2 e” +Ie
246, a)x = 1.

byDatt=e* (¢>0),1ta édphudﬂ"g'trlnh' .

-3:-4+¥-0 - |

W



S . _ ; 3 t—2 |
hay t3 3!‘—4:-&12 0@ (t 2)(t+2)(t 3}»*@4:» t= —-2-(10,,1);1

=2  [x=mn2 |
Dodé Lx=ahay [x—hs
: 0)34"-{-27 93=244x__9xﬁ 63 93 342 4x [ ) ‘.Lg;
' z n |
3Y" _(8 .y 1
_‘f"[ﬁ) ~(2] _@-.2::. lez=-z.
| @l _s?alef yr'e P o (ETS =(3)3 e
-2 o 3" -~ r 3 3 3 .
&S =3 &
L--—J'

2.47. %) V6i didu kién x > 1 ta c6 phuong tinh In(4x+2) = Inlx(x -]

a4x+2=_x -x:blx -B5x-2=0

5++/33 o
r=—m— 5++83
& | N & xm—a—
xns. '2 - (load)

' b) Vi diéu kién > 0, ta c6 phuong trinh logy(3z + 1)[logy x - 21 = 0

[hszfax D0 e [rn 0 s ana
1083 x=2 x=9

" ¢) Véi didu ann x>0, tachd phuong trinh 41°‘3 o 51"‘3 2 400

e 20108 % 202 e loga x=2 & x =9 (thod mﬂn dxéu k1¢n)

 d)bit ¢ = Inx (x>0).tac6phuangtr1nh 13 - 3¢% —4t41220
& (E=2Xt+2)(t-8)=0 ' :

C[e=2 nx=2 jx=e.
&|t=-2 ¢ |Inx=-2&lx= e
t_='3 . lnx=3 x=e,8- o
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| '2.48 a)Vé‘idiéuklenx>0 tacéphuangtrlnh & “”‘u-ua

@92x=x+3¢bx(e ~1)= 3 P

. x = (thoé ml,n d;&u k:Qn)
S e?

'_ b) Tu’cmg ty clu a), x = e2

¢) Véi dlé_u knen_x > 3tac6 _ ,
. [B-g=0. _ [x=5
. : <
P log(x-3)=0 |x=4.

2,49, 8) 8,47+ < 8,40 "2'3
: x _+1

<0 & x<8

b) 2|x-—2| - 22:'3?""1'. @ ]x - 2' b- 2|x + 1| = x2 —!4x + 4> 4(::2 +2x + 1)
o 3x.2+'1-2x<,0 & -4‘<"x<0

t = 2% t>0

c) 82% _ 22“+8<23"21"”=»22‘+22“ 850
t2+2t-8>0

..znx .. I' -x
“{t 2%,8>0 ﬁ{t 2

_ &x>1,
t<-—4ho&ct>2 t>2 _
d) Dat t- 3 (t> 0), ta c6 b4t phn.rong t:rinh 1 TE atll T

Vi vé’ tra’u duong: nen ve' phéi cling phél dtrong. téc1a 8¢-1> 0. Tit dé ta

cé h¢

-—<';¢53.'

, 3t—1'$"t+'5§_1
8t-1>0 3

Dod()'_%<3" <8 Vay ~1<x <L

250.a) L <x<e;

b) 028 sx<2.
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c)Ba’tphuanguinhtﬁcbotxmngdmgv&he T
'xz—x -2>0 x<*-1ho§cx>2_
'i8-2>0 . & |x<3 -

% —x-2<(3-2x)? . x<}5l
1

@ x<-lhofic 2<x< .

Vay tap nghxem 18 (mee; =1) W ( 151_).. E

-d') '1n1(x-z)(x+4)| clng e |e? 4208 <8 & 8.5 42 +22-8%8

2220 (xg-2 holic x 2 0.
1.2 A
x°+2x-16<0

ng t@.p nghlem Ia [-1 VT ;- 2] [0 1+ V17 ]

" _2.5 1. a)_ BAt phuong trin_h da cho tuong duong véi hé sau

hay (t + 2)(2.‘:2 +_t - 1) >0 cé nghiém -2 < ¢ ,S--_-l hoac_t-; l..-

™

.{2x'-7>0: 2>3 'x,.% .
In(x +1)> 0 +1>1 '- .
perD>0 [le+1>t 40 5 e
25 -T<0 7 P
| <=
In(x+1)<0 |y 2 . ~l<x el
' - [ 0<x+1<1l” ~° :

Vay thp ngmem B (-1;00 0 (1 +ou)

b) 'I‘trcmg tr cAu a), tap ngh1¢m 1a[1 5 5)

c) it ¢ = 1032 x, ta.co ba’t phmmg tﬁnh 2:3 + 5:2 - 250

2
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A

Suyz qsws hoac

V‘Qy tgp nghzem cﬁa‘bft phwhg“tﬁnh ’ﬂﬁ cho 1a

d) Bt phirong trlnh o

3*-2>0
In(3e® - 2) < Ine?*

o [x.2
_ <=>[e,>3 '

20

v
w|n

2x - 3ex +.2

(e® 22 x

st

Vay tap nghiém 13 [In 2.

2.52. a) n2 logl 107° hay n
. z

xw'Z*J_

é

G N

cho tumg ttuang vén he

e* <1 hoic e™ 2 2

2ln2

& ;
hg<x5&

3
]u[lnz,_-r o),

2 91032 10 ~ 28, 897

Vi- n 1A s6 -tu nhién bé_ nhét nén n = 30":'

bn=4;
<ln=186;
\d)n=15.

a_.di tap nae nghiém

@), 2.0,
(A) (Gidi bing 46 thi),

L

3.(D),

 4(B), 5D 6.D).

0o

8. (B) (Tinh dao ham va 1ap bang bién thien).
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L '§I;'Nguy0n h&m

) msomg 1. NGUYEN HAM-TICH PHAN

VA UNG DUNG

A. KIEN THOC CAN NH&
Nguyan ham va tinh chit |

' Djnh nghfa. Cho ham 86 flx) xéc dinh trén K (K I khoang, doan hay nita

- khodng. Ham s& F(x) dugc goi 12 nguyén hgm cla ham s6 f(x) trén K, nfu

F'(x) = f(x) v6i moi x € K

Dinh if . R
1)N6uF(x)lamotnguyenhmncuahim56ﬂx)uenK thivdlmﬁth&ngso’c

. ham 88 Gix) = F(.f:) + C cling 12 mot nguyén ham cia fix) rén K. .

2) Ngugc lai, néu F(z) 1a mot nguyén him clia ham s6 f(x) trén K, thl moi -
nguyén ham clia f(x) trén K déu c6 dgng F(x) + C v6i C 12 mot héng s6.

Kf higu ho nguyén ham ciia f(x) Y j flx)dx .

Khi 46 |
| J‘f(x)'dx=F('x)+C.,.Ce R.
Tinh chét ctia nguyen ham -
Tink chdt 1 S
N e
Tink chdt2 - o
o "kf(x)de?z ]‘)’f(x)d_x-(k I3 hing s6 khéc 0).
Tohchas . .
'.'(f(':c):tazf(::c)')d{tc = _[f(a'c)dxi Ig(x)dx.‘
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slnﬁn tqi myeu hhm

o Blnhlt Wh&msﬁf(x)it&nmchd&wénguyenhhmtrenK
g i--mwmmmwmwmm

Nguyén hlm cilig him s8 hep
“ Nguyen ham ciia hhm Pt iccip . (vdlu-u(x))
i j'de =C | fodu=cCc ‘
Id:c x+C au=-u+_c-
a a+1 o __ @ y @+
f= dr=Z-7+C@#-1 fudu =2 0 @D
de;lnleC | -Ji-du ln|u|+C
Ie”dx=e"+0 ebdy = o* +C

_lna
Ioos_xdx = ginx + C

| Iq“dx=—-+0(a#1,a.>0) -

Isinxdx = ~008% + C‘

dr = tanx +C -

'Icoszx

I - 12 dx = -cotx.-t-'IC' -
8in“ x

e 1
'Lm’ul

u

J'a'*du =2 +C(0<qanl)

Ina

' Icosddu =ginu +C
) -Iﬂinudu = —CORY + C'

I—-———du - _tanu +C.

conu

du--eotu+0 :

= ._Phu'dng phép tinh nguyén ham

a) Phuong phdp dd'l bién 56

) Dlnh if 1. N&u. If(u)du F(u) + C v& u=uk)la hhm 36 cbd dgo ham

lien tyc thi

| 'ff(u('x)) ) = Fu)+ c.
Héqua’ Néu u= ax+b(a¢0)thitac6 :

If(ax+b)dx = —F(aa:+b)+c




b)Phsm'ngphdp tinh nguyén hdm mngphcfn M e |
amuz.mama:hmnscsu umvav-.mmmmmhentwmxuﬁ
- - ju(x)v o) = u(ol) - furomteraess

iy o Iudv =uv— Jvdu‘ . -
| 'n.-vi'nu',
o Vidyl —— '
O .. 3 -
Tinh - N L P
' Icos4x
Gidi
- sin® x 1
Tachd = I 1 —dx = I[ > Jsmxdx
cos®a . costx cos’x
Datt = cosx, ta duuc b= -—amx vh .
'3 : ' .
sin” x 1 1 1 1
dx = | — - sinxdx Vit thhnh (— - -—-)dt..
cos‘*x [cos""x coszx] t4 32 :
Do dos, nguyen him 44 cho viét thanh .
1 11 1
Jaa) st
. ain” x 1 SR
Thay ¢ = cosx, ta duqc dx = - +C.
. Y : Jcoa x Scosx coe X
o Vidu2 —— -
: ' ln(inz) . R
Tinh | J‘de._
_ : C cos” x
Gidl -
Dat u = In(sinx) v, dv = —,——z-—dx d(tanx), ta c6
- cos” x
Iln(su;; %) dx = Iln(sm x)ditanxy -
CO8" X

‘ =tanx ln’vﬁem x)# J.dx =tan :cln(sm x)— x+C
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sm e —dmw — e s

eVidu3

b feEds

Gidi

- Ddiﬁiént=\f;,taduﬁc t'=% va ﬁ'
o _ “2x -

3.

3.2,

cosVade = 2J§.‘¢cjs\/_§.—§=dx.vie’t thanh 2¢costds.
Vay nguyen ham dﬁ. cho viét th&nh 2 It costds.

Ap dung phuong phép tinh nguyen ham ting phdn, ta c6

_[tcostdt = tgint - ISlntdt = tgint + cost +-§-.

Do dé jcos Jxdx = 24z sin Jx + 2cosvx +C.
C. BAl TAP

Kiém tra xem ham s6 ndo 13 mot nguyén ham clia hhm 36 con lai trong
méi cip ham s6 sau :

a) f(x)—ln(x+\!1+x )va (%) = ;

1+x2

b) fix) = em"_cosx vd gx)=e*

o2l o 1 2
¢} f(x) = sm . va g(x) = —w§s1n-£
d) f-'(':r) w2l va g(x) = \lx -2x+2;

Jx2—2x+2

' 1
e) f(x) = xzex . Cva g(x) = (2x - 1)e3-'

Chitng minh réng céc ham s6 F(x) va G(x) sau déu 1a mot nguyen ham
cla cing rnOt him s6 : e : _
w2 +6x+l - _x2+10.

a) F(x)-——-—*;-;“g"— va G(x)-—-—z-;-:_—s— :
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..:to 1?(;0-='~:1é. S

33

Vi GG =10+cot’x
sin“x- . S

) F(x)=6+2sin?x  va G(x)=1-cos2x.

Tim nguyén ham clia cic ham s6 sau :

2) f(3¢>=<x—9>4; YR B U
. | | N ’ . .'.I h 1 v
c) f(x) W. | . _d) f(x) Uﬁ’
—co82x _' 2x-k1
orwsiEE o

3.4,

3.5.

)

Tinh céc nguyén ham sau'bing phl.ro'ng ph&p d61 bifn s6 :
ay (21 + x®dxvéi x> -1 (dat :=1+x3) .

. - __x2. ._ 2 i o . x I - ] ... :
b) [re " dx (dar't =% ; ;) Imdx (datt;—1+x), |

L. . .I 1 1 . 1 .

d) .mdﬂc (dat ¢ —-\/_ )i e) .am;.x—zdx (dﬁ.tt=-‘;] 4

'(lnx)z ' ¢ ginx '

dx (dat = lm:) ; h) dx. (44t ¢ = cosx) ;

* * %coszx
i) coe;':ce;in3 xdx (dat t_=.aimc) ik | x. ! & '(d_at'lt =e"):
. e _

J' COSJC +8inx

J==r_m==dx (dat ¢ = ginx - cosx)
sinx - cosx

Ap dung phuong phép tinh nguyen ham tl‘zng phén, hy tinh :

| a) -(1 2x)e dx; , _b) ‘xe *dx |

¢ -_;xln(l x)dx; g [xsin? e
| é) '_1n(x+«/—+x ) - 9 .'J;_l_nzxqic_;_
) .xlh-1—+—x-dx o
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36

T{nh céc nguyen ham sau :.

g | ln(smx) B
c) xJz’ Frdx; s d) _|' PR
_ . : coe x
T : x+1 T
e) ’ gin? x o : g) (x 2)(x + 3) |
h) Wrdx, : 3 1) sm3xc082xdx;- - |
—x :
k) Bm :l: ' '
cos? x

‘sinxcosx 2
1) dx (a? #b)
'[s/a 8in x+b20032x

HD : Ditt u=+e?sin? x+52 cos? . n

37,

Béng c&ch bién déi cdic ham s6 lu'qng gldc. hﬂy tinh :

) [sintadx: b)
- : gin® x
c) am xcos xdx . d) ain"xcos‘-xdx"
1+51nx
e) | .
)"[coaxs_inzx o g) Il+coax

3.8,

Trong céc ham s6 dubi day, ham s& ndo 13 mot nguyen hhrh cha him 56

_f(x) = 1+Isinxl ?

'a) F(x)=1- cot;[E Z)‘ b) G) =_2taxi%;

e) Hex) = In(l + sin); K@ =21-—1—].
: L 1 +__t_.a1_1-;—

I1"47'



-

§2.Tichphan

A. I(IEN THUC CAN m-lé

- thh phén va tinh ché’t

Dinh nghla. Cho ham s6 f(x) lién tuc trén doan [a b] Glé st F(x) 1a

_ mot nguyén ham cla f(x) trén dogn [a ; b]. Hi¢u s6’ F(b) - Fla) duge

gm 14 tich phan m’ a dén b (hay tich phan xéc dmh trén doqm [a; b))

" ¢iia ham sd ). Ki hieu 13 - J' flx)d.

_ Tt’nk chd’t 2

Vay twes j f(i)ix = F(®) - Fla) (nay F (o).

Chay

Ca .
1) Tru‘dng hep & = b, ta dinh nghfa I fF(x)dx = 0.

a
Trudng hgp a > b, ta dinh nghia If (x)dx = —jf (x)dx .

2) Tich phén khbng phu thubc vao chﬂ' dung Iam bién sd trong d&u tich phan,
téc 1a

J'f(x_)dx-hay J"f(t)dt .. déu bhrig F(®) - F(@)

Tinh chét cua tich phan
Tinh chdt 1

_[kf(x)dx k jf(x)ax (k 12 hing s6)..

j[f(x) : g(x)]dx jf(x}dx £ jg(x)dx

- : Tinh chd’t3
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> chay |
: MG r¢ng ca)a tinh cha't 3

jf(x)dx (x)dx+7f(x)dx+ o+ { f(x)dx |

 ”Q w<q<%<m<%<®p
‘2. Phudng phép tinh tich phan

b) Phwahg phdp d6i bién so

_ Blnh i1 1. Gia sit ham s6 x = ¢(¢) c6 dao ham li&n tyc trén doan [«; ﬂj 580
chorp(a:) =a, np(ﬁ) bvd a < g)s b, Vie la; A Kh1d6

f flx)s = j el
Djnh If 2. Gia sit hdm s6 u = u(x) cé dgo ham lién tyc trén doan [a ; &)

sao cho & S u (X)S B VY« e« {a; b} N&u flx) = glu())u'(z),
Vz € [a;b], trong d6 &(u) lien tuc_tren.ddan."[o:; S th

) u(®) .
frepae= | gtuydu.
a wia) -

‘a) Phuong phdp u‘nh tich phdn ting phdn
Djnh If 1. N€u u=u(x) vd v=v(x) 12 hai him s6 c6 dao h&m !wn tuc trén
‘doan [a b}, thi , -
b

P : »
| Iu(x)v‘(x)dx = [u(x)w(x)] -—Iu'(x)v(x_) dx,
a _ e M . .
- o _ 5 b '.
hay - '. J.u-dv=_-uv . Ivdr;.
a

a -

> Cha y |
. Néu a> ﬁ thi ta xét doan [ﬁ, a]
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B OV[dyI

lm . | | J’xz\h - a2dx nh¥ déi bin x-'-lﬂ'in‘i-_._ '

. Gidi
Dﬁlble'nsdx—smt ta dirge x' -cost vhkhlx Othlt—O khlx-i

thlt---— Do d6

13

LY
2

1 ' n
. Ixz 1'—x2dx= Is n? {.cos? tdt = % (1 - cosdt)dt
0 0o 0
. | _—
1 1. 2 _n -
n'g(t-—‘s;n#]o ==1—6-
o Vidy2 ' _
Tinh | 1':“4" dx nhbd61 bin =t
' 0
| | . Gidl
DPéi bign s6x-1t—t. ta duge x =-1 vhkhl x=0 th t= % khx r=n th
+=0. Do d6 | o
" sindx = (j[ —sindt ., f " sin4t ., f sinda’
1+sinx 1+smt ~J1+sint  Jl+sinx
0 | o i
Dodé 2f in 4x _dx=0. Vay j’amf"-" dz=0:
. : 1+ sin _ l+sinx: _
oVidu3 -
Twh' . [Vehsds.
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S G
Datu-lmvaduw"dx,tacwwi‘f‘- w om-.ﬁ ey

8 e

_ | - y _3 -
_2 3 _§°§_22 | 4,52
IJ_lnxdx Bx. Inx1 31‘[, I-Bx ln:ac.1 9 —-g—(e\/_d-z)
,»w@4'
cos x In(sin x)da.

- Tinh

Bl ol s

Gidi

Dit u = In(sinx) va dv=cosxdx.t5d1rqb .du=993;dx v v=ginx. Dod6 |

|cosxdx

-hla wia

o8 X ln(sm x)dx = sinx.In (sinx)

#Iﬂl_..mlﬁ

Lo o R —

pajfz .

~ginz|"= —4-in2 -3

NN

= gin x.In(sinx)|’

i

o C. BAI TAP
'3.9.. Tinh céc tfch phan sau :
4

a) f(y +3y —2)dy, o b)f[ }—;%Jdt__l;

| &

c) I(.2c.:os.;r_—si'n'2x)hdx_ ; " . | _ ) I(-Bs"'_zs.)zds

7

J2 "-2'--\/5.
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an" o

e) I sSxdx+ ?eas3xdx+ cos3xdx -g) ":I_Ixa*_.',-_i_-x—_2|dx;
0. = S SO .

e

3,10, Tinh céc tich phan sau bing phuong phép 43i bi¢n s6 :-

2
a) {x(1-2°ds (due t=1-2);
1

IJa - dx(datt-\fe -1);
c) IxW xdx (d;tt-@l x),

2% +1 . o |
-d) ' (dtu-\l._2+x+1--);,
-1\-Ix2+x+1 ‘ x. o
9 (—§
e I .1:;'1:

& (onet= )3

xsmx
1 + coa x

)

ds (dgtx 7t - &),

311, Ap dyng phudng phép tinh tich phta g phén, hiy o cée tch phen'seu:

3 . " - ln2
8) |xeos2xdx ; ' b) Ixe‘z"dx
0 o |
©) J'ln(z._t +Dde; d) I[ln'(x ~1) - In(x'+ 1)]dx;
0 . - ._ : - . . : ) ) ' .
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3.12. Ch

3.13.

3.14.

3.18.

'3.16.

. R
€) 1+x-~—Je—'-xdx';:. S g)'rjx_oos__x.ai@?xﬂx:
™o S .
L | SIS e
h [———de; | ---i)-'j'——-m—l*"’l""e"ax
(1+x) !
Chﬁngnnnhr&ng
1 _ :
lim Ix" ginnxdx =0,
Rde S
Ching minh ring ham s6 fix) cho bdi
' x : .
- fa) = dt,xe R
5‘514—#‘i o
12 ham s¢ chén,

‘Gia s& ham s¢ f(x) lien tyc trén dogn [ ; al. Chﬁ'ng minh ring

J Py = 2(!}' (x)dx néufla ha-'m :sb' c,hﬁn_.
e . 0 néuflahamsflé.

'Ap dung @€ tinh J'ln(x N e )dx

Gid sit ham sd fx) lién tuc trén doan- [a b] Chﬁng minh t&ng

n- ) i “

J’ f(sin x)dx = jf(cos'x)qx.. o
0 Q-

X
bat I, = _J'sin’.‘ xdx,n e N*,
' 0

1

 Chimg minhring I, =221, 5, n>2.
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. . n . ’ ' : |.. .. 1.-
Imn 'm+1Im+1n—1’ m>0!n>1-_' .

3.18. Hﬂy chi J:a két qué, ndo duéi day dﬁng

> o
smxdx+ Ismxdx+ Jsmxdx 0;
' T

x 3n
2 : _2

OQ._‘NI

b) (%xTx—W)dx 0; -

LI—

Le ]
—
t___.lolr--.o
5
=] -t
+|.
®niR
H
<

1
i by

&
O:llc
ot
+
|
¥ —
e
+
R
+
Py
S
&
n
o

. §3,_-!.'Ihg dung hinh hoc cla ﬂch phan' o

A I(IIE'N THOC CAN NHO

1.  DIgn tich hinh phing

Néu hinh phing duge gidi han bdi d6 thi cla ham s6 f(x) lién tuc tren .

doan [a ; 5], truc hodnh v3 hai dudng thing x=a,x=b (H 64), thi dién
t{ch 8 duge cho b cOng thie .

s fretee



s Hinh 64 : . Hinh6s

Néu hinh phing dugc gidi han béi d6 thi clha hai.ham s6 fi(x) va fa(x)
lign tyc trén doan [ ; b] va hai dudng thing x=a,x=b (H 65) thi d1en -
tich § dugc cho bdi cong thl.'rc :

8= Jla- fzwld'x?
a

. Thé tich clia vit th§

Mot vat thé © duge gidi han bai
hai -mat phdng vudng géc véi
~ tryc hodnh tai hai #iém c6
hoanhd¢x=a;x=5b (a < b). -
S(x) 12 dién tich thiét dién clia 0,
vuong géc. véi truc Ox tai
x e [a;b) (H66). Thétch Vcia . o .
vat th€ duge cho 'bai.'obng thtc Hinh 66

V= J'S(x)dx

_ (vél S(x) 1a ham s khOng am lien tuc tren dogn [a. bl)

(.

. _Th§ tich khsl trdn xoay

Cho hinh phing Aduoe glé‘l han bbi 6 thi clhia ham s6 {(x) lién tuc trén
~doan [a; B), trye Ox va hm dubng thing x=a,x=b quay quanh truc Ox, :

- _1_55 o



ta du'qc kh61 trém X0y’ (M?) 'lné B
tich V, clia hinh trdn xoay ndy |

duqc cho bt’n cbng thic
V =ﬂI[f(x)] . _6,
" NEudl‘SWaltrbcuaxchoy,taduqc '
*ﬂf[s'(y)] dy.
B.viby |
OVl‘dyI | L

Tinh dién tfch hinh ph!.ng ducc gidi han béi céc dl.rbns

y-x - 22 vh Y=

G’

"Tim hoanh 49 céc giao thém cua
ha1 dudng, ta cd .

~%x=x=px=0vax=3,(H 68)
Vay d1¢n tich S clia hinh phing b!ng

8= j(x 2% + 2m)dx

8
_[E 1 2] 8 |
BRI Pl A Hinh 68
'Vl'duZ

Tinh dién tich cﬁa hinh phﬁng duge glé‘l han bisi cdc dm

- Wux <1
.y_= 3 x . 4 _. x—2 ._nétux)_],. '
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Gia’i

(H. @)Mhohnhdécﬁc glaodlém ' yi -
Tﬁ_%x xz-——x, tacﬁx ﬁ I
'I‘tr}éq—x x2—_x 2 tacéx 3
~ Vay dién tich & cda hinh phéng 12
- 1 *
S-I[Sx x fx_dx
10 2 _ ) 13
-|_- FEX x+2|dx = 7
; ‘
- oVidu3
Tinh thé tich khéi trdn xoay du'qc tao bdi phép quay duanh truc Ox hinh
phinggldnhanbélcécdubngy--'x —4x+4 y=0, x=0va z=3.
(H.70) . _
. Gidi
_ 3 518 -
b o (x-2" 38
Tacé V, nI(x 2) dx = = 5 o= 5
)] : \ '
v
y:xﬁ
'
I
]
P ]
& . : AL
0\ 1 U %
- Hinh71

R .



-th¢4 -

Tish thé tch ki trdu xoay "“‘i"c ta° bél phép quay quanh truc Ox hinh
phﬁnsgidihmbmcécduangy £ia= @I

o '.Gidi_'
_ Tacé - ',
VJc nI I dx
. 0 ) :
1 |
nj'(x x‘*)dx
3
C.BAITAP

3.19, Tinh dién tfch hinh phing, gi&i han bbl céc dudng sau -

o a)-y—zx—xz,x+y=2'

by = x° —12x y= x,

. c)x+y 1, x+y-—1 x-y=1, x—y=-—1

e) ¥ = x® — 1va ti€p tuyén véi y = : %3 —1 tai dlém (-1;~2).

3.20. Tinh thé tich vat thé :

8) C6 ddy 1& mot tam gide cho b(’n y =% y=0vax =1 M>bi thiét di¢n
vudng géc véi truc Ox 13 mot hinh vubdng,

b) C6 ddy 12 mot hinh trdn gi6i han béi »® + y% = 1. M&i thi¢t dlen |

- vudng gbc véi tryc Ox 12 mot hinh vuong. ,
3. 21. Tioh thé tich cdc khéi trbn Xoay khl quay hinh phing xAc dJ,nh b6‘l

,a)y =2~ x,y l,quz_mhtrucOx.

b)y=2x-2%, y==%, qlianh- truc O%.
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.. c) y (2x+1); x = O‘y 3 quanhtchy
d)y ==x +1 x= 0 vmep tuye’n an y = x2 +1 th dlém (1 2), quanh
- trge Ox.- ' S
_ _e)y Ina, y=0, x—e quanhtrucOy RIS _
3 22; Tinh thé tich kh6i tron xoay tao bdi phép quay quanh truc Ox hinh phing
glmhanbblcécdubngy-l,y 0,x=1 vhx a(a.>1)

Goi thé tich dé 1a Vig). Xéc dinh thé tich cia vat thé khi @ - +oo (tl.’rc lé
-~ lim V{(a)). S :

oo - C y

© 3.23. Mot hinh ph&ng duge gi6i han bdi ) _.,
y=e*, y=0,x=0 vd x=1, !

~ Ta chia doan [0 ; 1] thanh n phén -
' bing nhau tgo thanh mot hinh bac

. thang (b&i n hinh chi nhat con
nhu Hinh 72). v
" a) Tinh dlen tich S, cﬁa hinh bac - - / /4 . y=ﬁ__
‘thang (téng dién tich cha » hinh o 1238 1=2 x
chit nhatcon). _ nonon "
b) ’I'im nh_l,ll S, va so sﬁnh vdl- - Hinh 72

cdch tinh dién tich hinh phéng
ndy bing céng thitc tfch phan.

3.24, Trong céc cp hinh phéng g16’1 han bén chc dub‘ng sau, cap ndo c6 dién tfch
bing nhau ? : .

a) {y = x+smx,y : X, an O<x<n} vi {y x+s1nx,y xvdl
- TS xS 2on; .
b)Y {y =sinx, y= 0v6‘105x$n}v&{y-cosx,y Ovmosxs::}, :

©) {y=2x- 2%, y=x} va {y = 2 - x% ,y=2- x},
A {y= Iog_xy_ 0,x=10} va{y =10%, x =0, y = 10} ;

o b=vEy= wiy s, ya1ox.
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Béit@p on.chuon_g”lli B

3.25, Tinh cdc nguyén ham sau :

a) t(2x—3)\lx—3dx, dat u=vx-3 ;' b} .,—;-—ﬁ;é-dx, dat u=\}x2+1;'
e Cave®? |
o ) R _
c) dx, dat = e2x+1 v d) fe——
Jo¥ f 0¥ -7 Jeinx -sina
' e)" xsm\f_dx dat t= f | g) .xlln-l-——f—xd.x.

- 3.26. Tinh céc tich phan sau :

1 o 2 2 _ h
a) [(v-12Jydy dare=\y ; b)-j'(z2+1)(z-1)§dz, dit w=z2-1;
0 ' ' ' '

ol

..

(cos @ - 8in w)drp,

Qt___.mi::l

c) J’JE(:?H) dt, dat u=t ;  d)

e) Icos Qcos Sad o,
0 | :
3.27. Tinh dién tich c4c hinh phé.ng giéi han bEn céc du'bng sau ;

a) y=x- 1+-1--—y t-1lvax=e;

b) y=x v vay=—(x—1) Vv

c)y 1-v1-2% va y =22,

3.28. Tinh thé tich céc khéi tron xoay ta0 thanh khi quay hlnh phéing x4c dmh bél
2 2
a) y= %3, x =0 va tiép tuyén véi dudng y = =x3 tai diém c6 hoanh 4o

. x =1, quanh tryc Oy.
b)y =-5lc- -1,y=0,¥ = 2:&-, quanh tryc Ox.
« C)y= |2x—x2| . y = 0v§x =3, quanh_:
o Truc Ox ; ' '
e Truc Oy.
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| 3 29 Hay chira c&c ket qué ding tromg céc ke't qud. sau:

' _a)j"(l x}""dx }x“cl x)“d.c m,neN*:r’-" '
' ¢ . . s EaT

.' ;b) Ie +1  ='= ft’dt; - |

c) smaxcosxdx Itsdt

0
Bl 1p tréc nghigm

L -~ ' ' ' P x(2+:c)
1. Ham s6 nao dudi day khong 13 nguyén ham cilia ham s6 f(x) = 217

: . _ %+

2 e | 9 9

Ay X0 +x -1 xS -x-1 2 4+x+1 ™%
(A}_H—:-'im' (B) x+1 '’ © x'+1 ’ (D)x+1'

2. Né _[ fxydx = 6, jf(x)dx —ovéia<d<b th _[f(x)dx bing :

- (A) —2 - (B) 8; . (C) o . (D) 3.
3. Timkhing dinh sai trong céc khing dinh sau :
'(A) Ism(l x)dx ginxdx; .- . (B) Ism%dx = 2]'ainxdx;
| 0 . 0 : h 0
x 2007 _
€y j'(1 +x) dx = 0; | (D) { A+ x)de 2009.
4  Tim khéng i ding crong cde khing dintsau:
I T 3 .
(A) ﬂsl X+ Idx nsm(x——gjidx_;'
0 0 - .
(B) J"sm(x+ :)’dx = |cos [x+ I]dx; :
ol N 9 o ,
161
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6.

1 '
| Jlxel"‘dx bing
(A)1-e; B) e-2; ©1; - D-l.
Nhd ¥ nghia hinh hoc clia tich phan hﬁy ﬁmkh&ng dmh sai uongcac
' khﬁngdmhsau _
' N .
. ETRE T
™) J‘In(1+x)dx_> [E=a; (B fein®xds < [sinBxds;
0 0 - | .0 0
R RITTAC S ' "'_',,s Lo
—% - . . -%
© Je dlx>_0.-i-.+—x]lcllx,l ® 6[0-. dx>(!e d.

3L

Thé tich cla khei trdn xoay tao nén do quay xung quanh trycOx hinh
phing gi6i han bdi cde dudngy = (1— ), y =0,2 =0 v2 x =2 bing:

(A)g"—{. (3)353‘_-: '-(C)%E;' (D) 2n.

ol éuil - HUONG DAN - a'AP-sél CHUONG It

§1

lx

2) Ham $6 £(x) = 1n(x + J1 ) P nguyen ham cla 4(s) = T..=

- 'b) Ham s6 g(x) = e’aumc lhm(}tnguyenhémcﬁahim sd f(x) = "% cos

162
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in

. OHmm sd f(x) = sin? 1a mot nguyen ham clie ham '3 g(x) - —~1——51n—2~
| poArs

".d) Hém sd g(x)-_x —2x+2 li m@t nguyen h&m Cﬁa hhm 56

f(x) ol

o e Ham s6 f(x) =x ex 12 mot nguyen ham cha ham sd g(x) = (2x l)e"

3'.2.

3.3

34,

‘a) VIF(x) =

2 +6x+1 x2+10
%3 ’sz, 3
2 _6x-20
(2x-3)2
— +8=F(x)+9, nén F(x) vd G{(x) déu
gin‘x -

2c08x
. sin®x _ _
¢) Vi F'(x)=(5+2sin2x) 2sm2x va G'(x) =(1- ooszx)‘—ZsmEax,

nén F(x) vt G(x) ‘.ﬁ“. 1a nguyén hhm cua_,_ ciing him s¢ f (%) = 28in2x.

+3 =G(x)+3, nen F(x) vd G(x) déu 1a

mot nguyén ham cha f(x) =

b) Vi G(x)=10+cot’ x =

12 mot nguyeh ham ciia f(x) = -

L (x-9® _ 1 .
8) Fly =232+ 05 B F@ =g+
¢) F(x) = —y1- 'x2+c- d) F(x)—'J2x+ 1+C;
e)F(x) = 2tanx ~2)+ C. HD : Vi fx) = 25“‘2"'_2( 12 -1};
cos” x cos® x
~g)F(x)=1n(x. +rx+1)+C.HD .'Datu"=|x2+x+1, tacd u'=2x+1,
a)%(-1+x3)3 +C; ' b -—le_'t?-hC'-
1 | - 1+J_
c)_ -+-C; : : i d 1 v
20+4% -9 Y 7 i
- 1.~ ' . .
€) cos— + C; R g) 5(1nx)_+C,
h -8 Yeosx+C;. ) ;i—sin4_.x+C;
K Lo ex_i +C; . D2J/sinx-cosx +C.
e+ : _ S

2
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3.5 q)(a 2x)e +C o e b) (1+x)e

- !__;cJ —é—ln(l x)-———ln(l x)—-——(1+x)2 +C;

o d) -'--_——Zsin2x - %cos2x + C HD 1Dt u =x, dv=siiﬁ3xdx.

.-e)xln(x+\[1+x ) V1P +C. HD : Dat u = 1n(x+J1+x )vadv = ds,

3

-'g) x3((lnx)2—-§lnx+ ]+c HD : Pt u= 1n %, dv-J_d.x

' 2
h)x-— —1In -]5—+—x+C HD: Datu n%:ﬂ dv-xdx

3.6. a) (3—_:.:)6( E -2

4* & 9%
) 1nz " %é o

)+C'.HD:Datt=3—x;”

'c)-8+3°"(2 5)’5+C HD : wavaox_--(z 5x)+

375
d) tanx. ln(smx) x+C. HD: D&t u = ln(smx), dv= d’: :
| cos“x
e) ——xcotx+1nis1nx|+C HD Dat u = x, dv—~n-d-:—
o sl X

g) %m[lx —of i+ 3)2] +C.

2+1 -3 . 2 s
(2 — 2)(x + 3) " 5(x-2) B(x+3) ’

1y 22(VE+Inft-VE) +C. HD :Dac £ =5 ;

"HD: Taé

1) —_—;—[oosx + %cosﬁx) +C . HD ; sin3x.co82x = %(sin;c + 8in bx);

k) cosx + L +.C._- HD : D'atj u= cI:osx..
Cosx . T -

) Ve sin?x +bPeosx +C.
a“-b* :
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37 92 é%f;?fx. LLITY

i -TR )
..-—_8

ll

HD ‘sind x = -(-1-—.-595‘3‘.'52 l-~2coszx+1cos4x
4 | 4 2 | 2

wex g

2ain x .

" HD : Dat w = cotx.

':'b) 1 1n|ta

, .
c) cos® x[co?? xl ;] C.HD Dat u —cosx

3x - sm 4x + lsmeJ +C.

1
d) 128[ 8

HD : sin* zcos* x = —(sin? 22)% = isa - cos4x)?.
- 2 r

| g 2
e) In tan(x EJ 2 C HD 1 > -3 x+°(;3 x
2 44 sinx cosxain® x cosxsin® x
) tan%—21n cosfg- +C.Hp; L8z _ 1 2
' o 1+008%  900s2%  coa
E 7 %3
3.8. a) F(x)=1-*eof(§_+-§].; b)K(x)=2 1——1'—-; .
: " 1+tan= |
2
§2 |
39, 9 -3; v o1
4 103 1,
Dm3” ln6+2In2 € -3

)— HD : J.Ixz-x oldx = j'-(x —x- 2)dx+j'(x - x - 2)dz.
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_ bx 51; _ we. bm
- 8 _ ' o
; h)%lnz.HD Ismx..a‘asx s;nx mdx__ _J'd(s1nx+coax).
o 3 smx+coax BIN X + COB X
. 3,10, a) b) 2_%. | )__4_»-6_% '
4 2(J‘ 1) &) _E[z{_zf] -
: o
= . u . .
g).——.HD.Dat x-n-t.tasuyra

_1]' x8in x E’j ginx - =£J‘ ~d(cosx)
01+r:oa x 201+cos x. 2 1+coszx
Vay.]. xeinx. dx=£-I dé
01+coszx 2 '1'-+tf2
. . el 3___111_2 _3_ -1 . q __. 3 '
3.11. a) _§’ b) 4(2 3 )., c.) 2111.3_;1._ d) 8In3-61n2;

g8 2 el Eal 2
' e)'Eez. HD: 1+_'x—;]'e dx = e, *dr+

L - 1 1
2 2 g .
. 2 :Ie+.1 x+l2 2. 1 x+l.
Tinh tich phan timg phén Ie *de = xe %[L- I(x___) xdx .
i L S
2 2

. g) %—E.HD :Pitu=yx,dv= cba-xsinz'xdk.

9
. . 1 ot
hS-1.HD: o ‘= & VA tinh tich phan
2 0(1+:u:)2 '[1""‘ J(1+x)2
.. | ) ex : v |1 1
timg phén | ——dc = + 7 4y ; :
o o 6‘.(1+x).,2 l-f-xlg 142

i) e°. HD : Tuong ty ciu g).
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'3.12.HD: Véixe [0:1],tac60 < 2" sinmr s 4. Do d6

OSIx“lmmdeI“&tfm“ :

Ap duns quy- tlc chugrén q'ua. gidi hq.n trong bit dlng tht'rc ta du'qc didu
phéi ching minh _

3. 13. HD : Dt ¢ = - trong tich phen
_ o= b
mdwe - f(-x)= Imdt— in—::-da f(x) 0

3.14. HD Gia si’r ham s§ ﬂx) 1a hhm s6 chén trén doan [—a a]. ta cé

j flapds = If(x)dx+ If(x)dx

Déi ble'n x=-¢ d61 véi tfch phan If(x)dx ta duqc :

ff(x)dx =- jf(—t)dt = jf(t)dz = _[f(x)dx

Vay jf(x)dx 2 jf(x)dx

Trudng hqp sau chfmg mmh tuog ty. f{p dung

Vi g() =1n(x+J1+x ) lahamsdlétrendoqn [-2 2] nen _[g(x)dx 0.
3. 15 HD: Ddl bin s6x -——-—t ta duqc

ot ol oo
0 -0
| _
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co.._...ul;_i‘ o

| ha.*i_fl" f(smx)dx= ?f(eosx)dx . I
L 6 L
S : z

- 3.16. Xétv6in>2 tacét J.sm x.8inxdx .

| 0 A o
' Diing tich phan timg phén vdu u= sin""1 x va dv = ginxdx, ta duge . |

sin™~! zsinxdx = —cosxsin”™ ! x| +(n —1) |sin® 2 xcos? xdx

L P -
3 . - 17
0 1o

© 0

=(n- 1),1(sin'i‘2 % - gin® 2)dz = (3~ Dly_g - (- DI,

n-l .II . ’ . '
n In-e. I - ; 0

Vay I, =

3.17. HD Dimg tich phan ting ph&n vdiu = (1 x) du= 2™dx ,I'
ta dugc

xm-i-l( )n n .1_ m+1( o )n'-l
Inp = =] 4 g o (- 0" e,
. -.i.o . :

1 ' , . .
. n - . .
Vﬁy Im’u : m+1 Jxmu(l - x)n_ _ldx;;ﬂ.‘mfm*,lm_l , u.> L, m>0. D |

3.18. ) Ding (V1 v€ trfi biing [sinxds = 0); b) Diing (nhd bai 3.15);
. o 0 - S o
c) Duing (nhd bai 3.14) ;

d) Sai: Vi 14 == 1., LxE {0;2],.

1+x+.:c2_+x3
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. 4 . }
+ J’ (22 - 28 + 12x) dx (H.73).
0 -

. C 1 -
©)2;HD : § =4 [(1 - w)dx.
' - .0

Hinh'73 |

P 1/
“15'-1- )
AR
HD §= 2]’[ 2--—de=2_[ —de -1, -
1+ af 2 g1+at

Dat x = tant dé tinh -‘.1
* x?

o T.HD-:thmnhuspmyenm C1;-9Ry= 3x+]1 Do g6, dign tch
S= _[(3x+1 %8 s = _[(3x+2 a%)dx. |
3.20. a) HD I-IIinh chép (H.74). Thiét d1¢n tal.. x;s [0 1] 1A illnh vuOng canh
bing x, §(x) = 2 vgy V IS(x)dx J' 24x = -;-,

b)—§-. HD : ('H75) Thiét dién tai xe[-1;1] 1 hinh vuéng cgn.h AB,
trong a6 Al(x; y) vdi'y—\ll x2, Khi d6, AB = 2\}1 %2, 'Dien tféh’

thte't dién Ia S(x) 4(1 - %) vay v = 4[(1 22)dx = 8_[(1 xz}dx— =
: -1 .
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Hinh 74

56 .
3-21. 8.) -1'_5"'“, . I | b) 5 '
%%, HD:XemHuh76;
d) _8-,.;. _ &) 92+11:.
' 15’ )

3.22, V(a) = 1:(1 < -;-)va lim Via) = x,
o ) . -] : .

a en -1,
 HD : Theo Hinh 72, ta c6 : -
1 ol n 1 -1 =(1-e"%)
_— 9= s L ==1=
S, =.-'1-;-|:e hte ".-‘i-m+e'"l']'=%'e » I_l eﬁl =& 1
) . . o . l—e ® el -1
b) lim 8, =1-¢7L. | |
ER L P
_— o1
‘Mat khéc : Ie*?dx':lfe*l.

o _ 0.
- 3-.24_. a), b), c),"d') : Diing ; e) : Sai.
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| ”uop °"ermna uong i

3.25.8) $(x~8)2 22 -+ C. |

g L1 | B TIPS
2 ) +C; o c) =ln(@** +1)+C;. -

x—0

1 sin

cosa

o d) ——-ln——?_%; -@-_C.HD:Tacé'éOsa: cos[x_aéx*'d). a

| z T3
.COB 2 K

T e) —2xcos~/§ + 4s/;sin\/; +dcosvx +C.

3.26.

3.27.

© y=x3-x2. . Do- d6, hinh . -

g X ln———+ 1n|1+x|—§-x+C

49 4 wn.
a)m, .‘b) Bes ) (2J’ e 9 0;

®) g HD : Diing cng thiic hg bgc_--dai véi cos® x.

1
&) "2':
8
81

y=l(x-1) di-'qu'a tam ddi -

b) =; HD : Dutmg thing

xing I( : ] clia ham 86

a7

| phing gi6i hq.n béi hai dudng . ~ Hinkh 77

'd4 cho gém hai hinh d6i xténg

nhau qua dlém I (H 7. Vay

| Lo
§= 2]’[ 2)—-—-(:: 1)] -3:].[%"‘”?}_&”?8%'
i . 'O . I.
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1
T 1"_ o
(theo bai 3.14, I:(xa - g-x]_dx = 0).
A | -
3

of_4
“g"% | |
“'3,28. a)«’-"'-. HD : Phuong tinh ti€p tuyén 12 y=§x+%;
V= ::I 3dy I - 24,. ®_2n(38 ._..’1_.3“1'.._"..
Y 37 1792772 17
3
~ b) n(i-zlnz};
c)V —18 va,Vy=%n;
HD: |

vy = {j[uw—" )‘*’—-(1—J_ )3] 3][9+(1+J17§)2]dy}

=n[J'4J_dy+j‘<7 y- 2ﬁ7m -2

-3,29. a) va b) ding ;- o ) sai, .
sy S da - -
HD:b) Ta cé ; ™
f e +1 '[ e +1 I of + 1 -
t2dt | |
Ding phlro'ng phﬁp d61 bién ¢t = ~x ddt vél t[ch phan I 1 tadugc |
. : . ._‘10 + o )
A T[ x2dx 4[ Pa
_le‘_+1 0e"+'1 get +1
_ g , _ _ .
Thay vao ("'), ta b I - Itzdt
e+l g _
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§

Bﬂl t&p tréc nmlem

@) W ©w® dig, Ol kil e
'.v&(D)hﬁngsdq:l) - !

. O (Nhatfnhchst cia tich pha. j'f(x)dx If@x)de- If(x)da)

I' (C). (Do _(1 + x)x > 1_; Vzel0;1] nét__1 nhb_ )’{‘nghi'a hinh hgc cua tich phan,

1 _ .
ta c6 J.(l"f x)*dx > 0).

(O). (Vi sin[a;-«-ﬂzo.yéi xe[0,34 ] vasxn[x+4jso vdnxe [3: 1;] :

1

(B). (A) va (D) sai i [ve'~¥dx 2 0. Nho tinh tich phan ting phén, ta

O\;\

duge (B) ding va © sai)-.

(D).
(B).
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I_§I . 'sd phﬂcm -dl§n hinh hoc s8 phlc

A. KlEN THOC CAN NHO

"S6ph|.’rcz-a+b: céphﬁnthu‘clha phﬁnéolhb(a,bekv&; --1)
sag+bi=c+di & a=c;b=d.
- *S6phic z=a +bi duqcbléudiénbiudlém M(a b) u'enmatph&ngtoado.

¢ DY dau cua vecto OM lh mOdun clia 86 phiic z, tfrc 1a
| o = |—M'| = Va? +52.

« S6 phitc lienhopcla z=a +bi R E=a-bi.
B.vioy
sVidul

T‘lmcécsdthltcxvay,ble't
(2x+3y+1)+(—x+2y)z—(3x 2y+2)+(4x y- -8)i.

¥

. Gidi
"*Tachd |
2_x+3yf@-1 =3x'—-2y_-|?_2"ﬁ_ -x+6y=1
_—-x+2y'='4a_c—y.——‘3 ' ~bx+3y=-3
= x=11, y-—-.'--]:-.
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Vi

4.1

| Tinh |o], biet - | z=1-8i. )

1 mﬁn didu k1¢n ld<1va phén 30 cﬁa z thuoc doan [ ; ;]

I1- éil '=_ J 12 +_(-3)2 =v10.

. Vf du3 —
Trén mat phing toa d¢, tim tap ht;rp dlém bidu dlén chc 86 phic z. thoé

e diém .;-;- .vh",-;--.-(phln'saf-‘h 5C

Gidi'.

Diém biéu diln c4c s& phifc z thod |
mén didu kién cla dé bdi ndm
trong hinh trdn t&m O bén kinh 1

va ndm gifta hai dudng thdng song
song v6i tryc Oz, cit-tryc Oy tai

' /////

~1

trong Hinh 78).*
L :  Hinh78

. C, mm

Tim céc s6 thu'c x, y thod man : ,
a)2x_+1+(1_ 20)i=2-~x+(3y .2)i; _
b)dx+3+(By-2)i=y+1+(x-3)i;

| c)x+2y+(2x y); 2x+y + (x + 2y)i.
4.2,

Cho hai s6 phitc a=a+bi, B=c+di. Hay tim dléu klen clia g, b, ¢ d
dé céc diém biéu didn & va firen mat phing toa do:
a) D6i xting v6i nhau qua, trye Ox ; o :

b) D6i xtng véi nhau qua tryc Oy ;
R 175



. + '
L]

¢) bai xai'ng vén nhau qua dutmg phan gxdc cﬁa géc phﬁn . thli‘ nha’t va

'gécphﬁntu thﬁ‘ba, o

L .d)m xfmg v6i nhau. qua gdc toa do

43.

.Tren mit phing toa do tim tap ho‘p diém bidu d1én che s6 phﬂc z thoﬁ mén .

- didu kién :
" 'a) Phén thyc clia z béng phén do clia n6 |
-b) Phéin thyc cua z 12 36 d6i clia phin 4o ciand ;

."¢) Phén 4o ciia z bing hai 1&n phén thyc clia né cong veil;

44,

- 4.5,

4.6.

14370

176

d) Téng binh phmmg cha phdn thyc va phdn 4o cba z bing 1, phdn thuc
¢ha 2 khong am.

S6 phitc thod mén diéu kién ndo thi c6 diém biéu dién & phdn gach chéo
trong cac hinh 79 va 80?7 _ '

| 4
/) I —t*
// . ¢
—
I ..'1  0 x
Hinh 79 - 3 | Hish80 -

Hay biéu dién céc s6 phic z trén mat phéing toa d¢, biét |2| < 2 va
a) Phin thyc clia z khong vugt qud phé.n docuané ;

b) Phén doctazlénhon 1; '

c) Phén 40 clia z nhd hon 1, phﬁn thl,rc cia z lé‘n hon L.

Tim s& phifc 2, ble’t

) lzl=2vaz 12 s6 thufn do;

b) lzl =5 va phdn thuc cliaz bﬁng hai 14n phﬁn a0 cﬁa né.
C6 thé néi gi vé « Ao diém biéu dién hai s6 phﬂc z VA 22 . b1e't

MR jeof 7 L Dy =E?



§2 Phép céng vé phép hhan 36 phuc

A K:EN 'm(lc c.(N Nud

* (a+b:)+(c+d;) =(a+c)+(b+d)¢ :
. (a +8)~(c+ dz) (@-c)+{b- d): ;
* (a. + bi)(c + dz) (ac bd) + (ad + bc)z

B. viou

eVidul
Gidi phuong trinh sau trén t4p s6 phitc

3%+ (2 + 3i)(1 - 2i) = 5 + 4i.

| . Gidi
Taco  Bx+(2+3i)(1-2)=5+4i
| © 3x+8—1=5+4i & 3x=(5+4i)-(8=1)

& 3x=-3+5i ﬁx=-—l+-§i.

o Vidu2
Chitng minh ring
] | 2 +2 = 51 +.52;_ 21.22 = -2-1.52.
Gidi - |
Gidsit 2y =a+bi,zo =c+di. . S .

Khidé, 5 =a-bi, Z =c—di.

" Tach 2y +29 = (a+b.i)+('c +'di) = (a+c)+(b+d)i =(a+c)-(b +.d)i;
5 +E =(a-bi)+(c-di)=(a+c)—(b+adji. |
Vay 2y + 29 =.2'1 +2y.
x
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BAI TAP GIAY TICH 12 @ 124



| 29 = (a + bz)(c + d;) (ac bd) 4 (ad + bc)z = (ac bd) (ad + bc)t :
7% = (@ - bi)(c = di) = (ac ~ bd) + (-—ad bc_)z (ac - bd) - (ad + be)i.

Vay 21.29 = Z1.25.

eVidy3 — e
I Tinh - | @+,

| Gidi
Tace L+ =12 +2i+i =2

Vay '. (1+;)1° ((1+;)2) = (20 = 255 = 32i.

C. BAITAP
4.8. . Thyc hién céc phép tinh : R | |
a)(2+ 4i)(3 - 8i) + T4 - 80 ; b) (1= 2i) - (2-3i)3+20).
'4.9. Giai céc phuong trinh sau trén 14p s6 phic ;- :
2)(5-7)+\Bx = @-Bi)1+8); D)6 -2ix=(3+4i)1-3i).
4.10. Tinh céc 1u9 thiva sau ; | -
) (3~ 4i)” - - be+s)®;
C olessp-wsmP s O WR-AAR
4,11. Tinh: - |
' a) 1+ l)2006 ' b) (- 5)2006
4,12, Cho x, y 12 nhlmg s¢ phic. Chlmg minh r&ng m61 cdp sO sau 1a hai sd
' phdc lien hop cia nhau :
_a)x+yvhx+y, b) £y va Xy ;. c)x.-yvhx—y.
4.13. Tinh : o S .
3 3

| BMTAPQIAITICH 120128



_414 Choz=a+bz Chﬂngmmhr&ng o e
a)z +(z)2 -2(c:z2 bz) = b)z:z“(f)2 =4abl, ;
c) zs(z)z-(a +62J2 -
4. 18. Chﬁ'ng minh r8ng véi rnm s6 phic u va v,ta cé
' a)lul—lvlslu+ulslu|+lv|,
Blul-lv|slu- UISI‘uI+IvI

' c)luul*lul ivl.

* . 4.16. Phan tfch thanh nhan tir trén tap sd phtic

a) uf 2 402, . _ b) u4l-v4.'.
§3. Phép chia s& phie
A. KIEN THOC CAN NHO

a+bi  (a+bi)e—di)

e+di c_2+d2'
B.ViDy
-Wd:_cl
“Tinh (8+2)(1 - 3;) (2 i),
 1+ 3
Git.ii

(2 - (9 7:)(1 l'\[— ) +@- i)

(3 + 2:)(1 3;)

1+iv3
| - (9 'N') (7 + 9B)i + 42 - i)
4
'_,17—.7\[5 11+9y3,
ST T4 *
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e Vi du 2 —
Gléx phu(mg trinh san trén tap s6 phlic

(J_-h/_)x+hf_ J3 + 2iV2.

- . Gidi
Tacé (2-iNBx+ivZ=V8+2v2

&(ﬁ'—i@)x=xf§+i\f§ | :x=‘/§+i"/§_

| V2 - i3
_ B2+ B
B b
BAl TAP
4. 17. Thyc hién céc phép t{nh sau : _ _ _
@+i)+Q+i)4~8) | B-4)A+2) o
8) 343 ' o= -2 r4-8

4.18. Gidi c4c phuong trinh sau frén tap s@ phic :

a)(3+4:)x-(1+2;)(4+;) b)2:x+3 5x+4;,

¢) 8x(2 —i) +1 = 2ix(1 +i) + 3.
4.19, Ching minh rang : o

a) [_Z.L]=i ] b) _z_],_l___ 21'.

29 ] 29 T |2g zg .

4.20, a) Cho s6 phitc 2. Chlfmg minh ring z 1a $6 thyc khi va chikhi z = 2
b) Chitng t6 ring s6 phitc sau 13 mot s6 thyc

3+2;J‘ -3+2iJ'

_ 2= J§+3a CoVz-38
4,21, Tim nghich ddo cia s6 phic sau:
O - - R F
1+hf . o2
¢) 55 d) (3 +iv2)%.

_1’80"



: | _§4? Phu'ong fﬂnh b@c hGiVélhésd 1h.l..lc

A. m‘N mﬁc c&u m-lé

. Céc cén bic hal cita s6 thye @ < 0 13 iz\ﬁ—
e Xét phu'ong trinh bac hai ax’ +bx+e=0 vd'l a,b ceR;a= 0
" pgt A=b% - 4ae. | ]

Néu A=0 thi phuong trinh ¢6 mot nghiém kép (thyc) x= _E%'

Néi A > 0 thi phuong trinh c6 hai nghiém thyc x5 = =2 2*&‘/3_ .

- o ‘ - -bxifA
Néu A < 0 thi phuong trinh ¢6 hai nghi¢m phic x; 5 = __Zc?ﬂ .

- B.ViDy.
o Vidul e
\'Giéiphu‘ongtﬁnh 2 +x47=0,

Gidi

Tacod A=1-4.7=-27. Phuangtrlnhcoha:.nshx¢mph&c .

--1+h/— SJ— —1—5\/—7- 1 3\/_

X, = -9 X = -3
2 2
- -Vz’duz

Cho 21,23 n hal nghi¢m cla . phuo‘ng trlnh a,x +bx+c =

v6i a,b,¢c € R ;a # 0. Ching minh r&ng Z + 29 = -%, 2.2 = %.

Gidi
bit A= b2 - dac. Xét céc trudng hop cha A- :
| Trub’ng hQ‘p A= 0 hay b? = 4ac, tach 2, = z2 = -——2%- nén
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BT R vl Ryl e s

- 2a 29
o Trl.!imghqu>0 ta co 21 —_b;a\lz-., zz=“bga‘/z
b+VA  -b-VA _ b
R 7R 7 2a i :
s _wb+\/--b Va _ bz—A b - (b2 dac) _4ac _c

—b—-;\/[—

b
’I‘mbmghOpA<0 tacéz = H‘[_

--b+;\/_' —b—zJ_

!

nén z; +29 =

"o
N —b+;\/|_ —b—;.J_ i 2|A|
S TR T 4a2
=b2+|A| b2+(4ac 62)- dac _¢
4a® 40> 4@2 a’

C. BAI TAP

4.22. Chimg minh ring s& thyc @ < 0 chi c6 hai céin bac hai phitc 1d +ifa].
4.23, Gidi éﬁc phuong trinh sau trén t4p s6 phtc: '

o a)2x +82+4=0; b)3x2+2x+7=0;  c)2a* +3x -5=0.
4.24. Biét 2) V2 2; 12 hai ngmem clia phuang trinh 2x2 + JBx +3 = o Hay tinh :

_ . | 2
a)zL+z§, b)z1+z2, c)z1+z§, _ )_;..,.zf

_4 25 Chting minh ring hai s6 phitc hen hQ‘p z vd 7 1a hai nghxem clia mot
phuong trinh bac hai véi hé s6 thye. - o _ '
4.26. Lap phlrcrng trinh bac hai cédnghiémia: - |
1+ val-i2; b)\/_+2zva\/_ 2%
oy VB4 va /3 - if2. o |
182, |



4.27. Giai céc phmg trlnh sal sr&n tap. sd phifc.:.

a2’ -8=0 L | b)x +8 0.
- Bél 1o on chddng._lv -
4.8, 'nn,rc hxen c4c phép tinh
8 (2+3;)(3-1)+(2 3;)(3+1) | )2_:7‘/; ﬁ*/:]:
) A +iX2+1) : L+i)2-i)
2-i o 2+i
4.29. Ap dung céc héng ding thitc déng nhd aé tinh :
) 2+iWB8)%; b+ ) (3*;\/' 2 de-i
~ 4.30. Thyc hign céc phép tinh :
' N
» @+8)% - @- 9.;')2 ; Lt "3
' (1=i)

4.31. Giai cc phuong trinh sau trén tap s6 phdc :
B (+2)r~(@-B)=-T+3i; b) (B+2)x—Gix=(1-2)[x~(1+E)L.
4.32. Giéi cdc phuong trinh sau trén tap 56 phitc :
. s
a) 3x2 +(3+2i\/§)x (IH) h/_x ;
b Q-i)? +(B3+20)x-5=0.
4.33. Tim s6 phifc 2, biét : |
ﬂ2=23;|' .'_, bﬂﬂ+z—3+&

4.34.Tim s6 phic z thoé mén hé phuong trinh

{k 24 =

e~d=fe-1,

4.35. Chl’mg 10 réng — lh s6 thue khi va chi khi 2z 1 mOt 6 thtrc khéc —1.
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§1

o4l

- 4.2,

4.3.

4.4'

4.5- :

184

Lot GIAI ; Hu_{mé- DAN - DAP S6 CHUONG W

L]

Bip s6: a)”%’.?”%‘- | LESE 171”"*161
)x=y=0 _
desd':_ a)q=c;b=—_d.;- - ba=-¢c,b=d;
c)a=d:, b.=c; | d)a=—c,b=-d.'-
desd

a) Pudng phan gidc cua géc phén ty thit nhit vh g6c phén tu thit ba,

b) Budng phan gidc cla g6c phén tu thit hai va g6c phdn tu th tu.

¢) Pudng thing y = 2% + 1. -

d) Nira dudng trdn tam O bén kinh bing 1, ném bén phai truc Oy

Ddp s6': :

a) Phén thyc cla z thuoc doan [-3; -2 tren tryc Ox ; phén &o cua z
thu¢c doan [1 3] trén tryc Oy, z :

b) Phdn 40 cia 2 1hd hon hodc blng—%, 1<lzlg2.

Pdp s¢ : (H.81).

@) o w L9

Hinh 81



46. Ddps6:a)z=22;  b)z .=_ﬂ¢(2J5 \'+ ;\/5)_.

4.7. Ddpss: | '. _.

a) Céc dzém biéu dtén zl v : 22 cﬁng 'nam tren dudng trbn cé tam 1a gbc
toa 46 0. ' . _

b Céc dlém bidu dién 2z, va 23 ddl xli'ng vfh nhau qua trl,lc ox.

48, Ddpss: a) 54-19; ; b)) -15+i
12 8. 5
49. a)x = —=+-=i ; b) x = — + 5i.
R+ ya=g

4.10. 8) 3~ 4i)? =32 - 2.3.4i + (4i)® = 7 - 24i ; |
b) (2+380)° = 2% +3.22.3i +8:2.83)% + (8)° = —48 + 9i ;

&) [(4 +50) ~ (4 + 39]° = 20 = 52 ;

(\/_.--h/_) =-1- 2z\/-
411 8) (1+9)2008 = (1.4 3)2) % (1008 . 51008 ;100" _g1008, .
b) (1 - §)2008 91003 |
412. )x+ ¥ =T+ =T +y; '.b)§=f.§=:?y,

Q)x-F=%~ ~-y=F —y _ _
413.Ddpss: 8 1; b) 1.
414.HD: 2 =(@+bi)’ =a® ~b% +2abi;

() =(a —bi)z =a® - b2 - 2abi ;
| 2Z=(@tbiNa-bi)=a®+52,

Tﬁ dé suy ra chc ket qua, o

4.15. D3t u = a + bi, v=c+di Khxdé lul—\.‘a +5%; Jol=ve? +d?

i + vl = J(a+ ) + (b +d)2.
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" a) e Ta b lu+ol <l + 1o " V@ Yot e +-' 2P s\la® +b%+ J&’- + d?

o @t Grdfalebtred +d2+2\/(a R D

o actbd @+ +dD. *)
Néu ac+bd < 0 thi (*) hién nhien ddng. | " |
Néu ac +bd-2 0 thi (*). & (ac+bd)2 S(a. + )2 +d2) c
o a?c? + b2d? + 2abed < ale? + b2d? + a?d? + bPe 2,
& 2abed < a2d? + b2c? -
e 0<a?d? +b%2 - 2abed = (ad be)?, diing.

eTacé |ul- |v|S|u+v|¢\/a +b2 —¢? +d25\[(a+c)2+(b+d)2

Néu Ja? + 52 o +d? <0 thibst diing thifc tren luon ding.

’_Ne'u \/a + 8% - \/c +d>? =0 thi ba‘t ding thie trén twong duong véi

(e -2 +d2) S(a+c)2+(b+d)2
o a +b2+c2+d2 —2(a? +b2)(c? +d2)sa +b% +¢? +d? + 2ac+2bd
o J@ +b)(E +d?) sackbd. . e

Néu ac +bd 2 0 thl (*¥) ludn diing.
Néu ac + bd <0 th (**) tyong duong véi

(ac +bd)? s (a® + BP)(C +d2) |
& a8 + b%d% + 2achd < a%e? + 822 + a?d® + B3?
& 05 02d? + %2 - 2achd = (ad - be)® (dng).
b) Dt ~v = —¢~di thl u-v= u+ (v} va l-vl = [ul.
Tir 46 ép dung cdu a), ta dugc két lugn cau b).
¢) wv = (a + bi)(c + di) = (ac - &d) + (ad + bc)i
= |uv| =J;c bd)?. +(ad+bc)2 s/azcz +b2d? +a 242 + b2,

Mat khéc Juflu] = Va2 + B2 Nc? +d? = Ja + l’;»zd2 + azd2 + b2 z,

‘Tix 46 suy ra Juv] = ju| o).
- 4.16.

) u? +o? =u? ~ @) = @-iwu i),
b) uf - v* = @u? - vP)@? + 0%) = (@~ V) + N - W) +iv).

Y
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4.17.D4p s6: @) B 2;

a) w5 13 | U"‘*"“. |
A+20)(4+3) _ +191, "-b')' -3+4i 23 14
8+4i 25 25 '-5+2z 29 29'

. 418.a)x=

'c)"'x_ 1+3;_£+19;
8-5i 89

4B, a) Gia sir —?— =z Tacd z; = 2.2, ;suy razZ; =%Z7%; hay Z = A
_ : 2

23

RN

Vey (21;] Tz
b) Tuong f, |‘~’1| = Iz-zz| = |z|.'|zz| hay |z| = H Vay z_l = :;|

4.20. a)I-Ilénnhlen 2R thi 5 =2 Nguqclax,glést‘: z2=a+biva z=2 T
désuyra a+bi=a-bi vadods b= -bhayb 0. :

‘Viy ze R. o

—3-2iV3 , -8+2i3

V248 V28

| . (-8~ 23 | 3+2iV3) [-3-2iv3) (3423
s“yraz'[ 72+ 3i Jﬁ—ai]=[s/'+3iJ [J‘ 3:)

-3-&3 -3+2u/' _3+2%3 L 8- 20V8 _
,/‘+3; J‘ 3 - V2-8i _J§+3i

b)Tacd z =

Vay ze R. - _ :
1 _VE+ifB_ VB, J' gl
-3 B FrE I
0 3-2i _ (8- 2:)(1-:\/') 3—2J§_.3J5'+2'i
1+;J’ 6 . 6 6

4 (3-:\/_)2 1 eJ_
'(3+iJ_)2 EEETT U Y 11

4.21. a)
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- §4
422 Glésu.alamOtcanbachalcuaa tacéz =q, Via<0 nén

@ = ~fa] = ~(yfel)

| .ﬁdésuymz2-=;(ﬁ)2:-zz+(ﬁ) -.0=>(z+z\/|_)( -:\ﬂ—)

Vay z= z‘jl_ hay z= —:J——

c) X129 =%]; X34 = ﬂ:iJg.
4.24. Theo V{ du?2, ta c6 21 +2g = —i2§—, 225 = % Tir d6 suy ra :

a) z1 +z2 —(z1+z2) - 22125 -~3~—3——%

b) zf + zg = (zl"lf 22)'(2:? -2y + 22 = -
SV 2
8 3 9
c) z1 + 22 = (21 + 82) - 221 22 = [-z] - 2.(5) = Tg.

. 9
22 -z
'd)fl.+52.=_l__2. -4
23 2 2129 E
2

_ 4.25.Ne'u z'—a+bi'thlz+E'—2aeR'zE=a2+bzeR
2 va Z 12 hai nghn@rn cﬁa phuo‘ng trinh (x - z)(x z) 0

MICI‘-I

" &2 -*(z+z)x+zz-0®x —2ax+az+b2-—-0

4.26.8) x2-2x+3=0; b) 2 -2J'x+7 0 ;c) x? +2J‘x+5 0.
427.2) % -8 = Oﬁ(x 9)a® + 22 + 4) = o::l =2; x23=-1:l:h/_

b 2° 80 (£+2)(2-2x+4) =05 5= —2;xy5 = 1 £ivB.

188
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BaitgponchuonglV .

428.D4ps6;
4.29, Ddp 56 : | | |
&) 1+4iW3; | b) -11-2i; c) 7-6iv2 ; d)-2-11.
4.30. Ddp 56 : | R |
a) 24i ; b) 2. )
. . 3+2i  T-4i 7 4.
. .4.31.a) (1+2z)x-7-3—2L=>x--1+2£—_~ 5 =-g+zi
11+31 7.
. 0) (2-2i)x ——(11+3:) => %= - 2(1 l) -2- - gk
4.32.2) 8x% +3x+2=0=> Xy p = -3 ié\ﬁg ;
3¢;J_

b) -x% +3x - 4==0=:>x12-

4.33.2) Ta ¢6 2% = |z| nén ti Z = 2° suy ra |zl|2= z“._

bit z=a+bi,suyra |
| at + b —6a%b® + 4ab(¢:¢2 ~ b =a? +5% *)
Do dé, tact '  dab@®-8H=0 (%)
Tt (**) suy ra cdc trudng hgp sau : |

s g=b=0=2=0. |
*a=0, b:tO Thayvao(*),tacd b4 = p? =>b-il=>z='ii.

. b 0,0%0: Tl.wngtu.tacé g=tlmz=11.

*gz0, b¢0:>a b2 =0= a? =02, thayvho(*),tacé |

_ 2a2(2a +1) =0, khong cb a nao thoa man___(vi az0).

_ _ _ 5



b)Datz——a+bl Tll|zl+z 3+ 4i suyra |
Va? +bz+a+bz~3+4z=>b 4vh\fa +16+a 3.

=a +16'=(3fq)2=9—6a+a = 6a=-7 = a=-—%.'

v ziogrdi

434.Dat z=x+ yz ta duge he phuong trinh

_ 2-_ _ _. |
{x +(y-2)2 = 22 + y* :»{y 1'=>x='1,y=1.

(-2 =@x-12+y:  X=Y
Vayz=1+i. |

- 1
1

.35 Hién nhién néu z ]R z#

Nguge lai, néu :%1:.9& Rthiz-1l=az+avaa=xl,

suyra (l-a)2z=a+1 = z-—i:—:'—}—é R vhhiént_lliien' z#-1,
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ON tAP cuél NAM

S.1.

a)Xﬁpdjnhabc,ddédéth;cﬁacﬁchamsd
y= =x’vax+b vi y=cx+d

| -cung di qua hai diém M(1; 1) va B(3 ; 3).

5.2

5.3.

5.40'

5.5.

5.6.

__b) V& d6.thi clia cdc ham s6 Ung véi céc gif tri a, b cva d tim dugc trén
cing mot mat phing toa do. Tinh dién tich cia hinh phing gii ha,n bfn

hai dudmg cong trén.

'¢) Tinh th€ tich cia vat thé tron xoay smh béi. hinh phing trén quay

quanh truc hoanh.
a) Khéo st sy bi€n thién va vé 46 thi (C) ctia him sd

_=x+2
x+2 '

b) Viét phuo‘ng trinh ti&p tuye'n ciia (C), biét n6 vuOng géc véi dl!tmg
thing y = —x 42.

a) Khdo sdt sy ble'n thien va vé d6 tlu (C) clha ham s6
4x -5
V-1
b) Tinh dién tich hinh phing giéi han bdi (0), tle’p tuye’n cla (C) tai
A(2;8) va dudmg théng x = 4. '

Tim cdc dudng tiém can cia 46 thi céc ham s6 sau :

. Bx+3, - ~6x + 2
a) y= 12 _ b y=—77"
2x2+8x—9-_ X+ 2
9 y= 32 +x-4 ’_ 3 dy f2x+5'
Tim céc diém cye trj clia c4c ham s& san: .
a)y=-" - 62"+ 152 +1; | -b)y;xzdxhz-
c)y=x+1n(x+1); _ - d)y X~ 1"'“".}.'."]:‘.

Tim a e (0 211'.) dé hém 0. y-%x ---—(1+2cosa)x +2xcosa+1

ddng bién trén khoé.ng (1 +oo) _ o VU

'191.



5.7.

Ch&nglminh céc ba'tdéngﬂm'osan e

a) e* +cosx22+x~-—5,Vx€ R

2

b) é"’ ~e™ 221n(x+\ll+x2),Vx20;

 © 8sin® 3 +sin2x > 2x, Vx € (03 7).

58,

5.9.

5.10.

192

Tim gia tri 16n hh‘&‘f va nhd nthdt ciia cic ham s6 sau trén céc khodng,
doan tuong Ung : . ' o .

a) g(x)—lx + 322 =72 + 90| tren doan (-5 5];

b) flx) = %" — 4x° + 1 rén doan [-1;2];

¢) fix) =%~ Inx + 3 trén khoang (0 ; +o0).

Chohams§ = - | | '

y=l® n-Dadt(m-Bxedl, (1)

2

AT

(m 12 tham sd).
a) Khéo sdt su bién thlen va vé dG th; (C) cﬁa hhm sd (Dkhim =0,

'b) Viét phuong trinh cua tiép tuye'n v6‘1 48 thi (C) tai dlém A(0Q; 4-).

c) Tinh dién tich hinh ph&ng gi6i han bdi (©), trye hoé.nh va céc dudng

thingx =0 vax =2,

‘d) X4c dinh m dé d4 thi cha (1) cét du‘dng thé.ng y= —3x + a4l 5 tai ba

diém phan biet.

a) Khéo sit su bi¢n thién va vé aé th1 (C)cta ham sd ;i :: .I
) N ] k 4x + 4

b) Tﬁ ) suy. ra QG thi clia ham s6 | Y=l

¢) Viét phuong tr2ah ti€p tuy&n v6i (C), biét rang ti€p tuyén 46 song song

v6i dutmg thing y -—_-.—-%x ~3.



(2+m)x+m 1
Cx+l ' : -
a) Khio st sy b1e'n thién va vé d& thi cﬁah&madv&l m=2
_ * b) Xéc.dinh. cdc diém c6 toa do nguyentrendﬁm;cﬁa (l)k,lume z.
5.12. Cho a, b, x 13 nhiing s6 duong. Don gidn cdc biéu thic sau: |

-~ 5.11. Cho. hams6 "y = (1)

-

o aTirs 3
| _*_a)A= 20+@h)2 | | a2-52  azp |,

I I e o
RO R =k

1 1
) C=V16"87¢ 4 g1loge® 115,
d) D = 491710872 | g-logs 4
5.13. V6i s6 a duong va khéc 1, gid sit c6 ba ham s6 :

X -x .. 4 -X x
a” —-a - o +a a” —-a
8(x) = g olx)= g - HE) = ———.

- Hay chitng minh rdng : _
B F@-F@=1; b) s(22) = 2s(x)o(x); |
| 2¢(x)

¢) e(2x) = 2e(x) - 1 = 252 ('x).-t- 1= c2(x) + 8%(x); d)#(2x) = .
y ' ' 1+ #%(x)

5.14. Hay biéu dién : - k
. a) loggg 8 qua: a= loggp3 va b= Iog305 ;-
l:,a).- logg 20 qua a = log 2 va b = log3,

5.15. Giai cdc phuong trinh sau : .

3x+7 2243 T ' .
(BT e ) s
x g x S -
C)(% +15) -+'(37'~,.-JE)_ =13.
5.16. Giai céc phu'ong trinh sau : '
ELE {13 ]“1 -  b) 6.4% ~13.6% +6.9% = 0;
| | | B 193
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Y 52%7 S
) logax 10g27 Ox
log'g 3x 10881 27x’
- 5.17 Gidi ‘cac bat phuong trinh sau :

N a.) [1 ]1031(::2 I3x+1)

<1

d) 1034(.1; + 2)logx 2= 1

g)logs x+1og4(2x 2) 2

B) 4x? +8.8% +29%% <229 1 204 6;

- 12x
- €) lcog:,¢4log2|12 82-2" |
- 5,18, Gii cdc bdt phuong trinh sau :
1 .
a) (0,5)x 2 0,0825;

- 16
C) 1082 1030;5 (2 - -1—6'-) £2;

5.19. Tinh c4c tich phan sau :

w5

) dx (dat t=x+3),

c) jm(d@tt‘—' x+7);

e) I 10+4ac +4

h)J""“"dx (dat:~J4+x)

2
5 20. Tfnh

a) I Ba? — x + eO5% ) dx :
-1 . '

C) J.#s-(ditt—\mx-i- ),

104

i Peen A f M mems 1T WAk A e 1 L Mai i

dr (dgt ¢ =25);

b) logg,a(x? - 4) 2 -1;

d) logg (16% - 2.12%) S 2x + 1.

(|x+3| x - 4]) dx

coB X
1+4smx

® Oempota '.L--am )

o f(a+ 20eas;
0.

) I (2@ —.% +_cosx]dx;

08 *

BAI TAP GiAI TIOH 12 » 138



2 .._7_'_'" _". -';;T N
O [of +ataame =Yt ea): o | .(x_--—-.znxadfx: |

"

Ll Sy Bt

R E
xeosxdx; SR h)Tl_+ m2x coszx
' : o Y Binx +cosx

é

i) - a1nxd.x o k)szln xdx

Cin_.gol;-.i

5.21. Tinh dién tfch ciia hinh phé.ng gldl han bdi céc dlr(‘mg sau :
a) y= |x2 —1|véy 5+lx|
b)2y-x +x—6 Vi 2y =-2% +3x+6;

c)y-—l+1 x =1 vﬁtie’pthye'nvdidub'ng y——1—+1 iai diém[ ,gj

5.22, Tinh thé tich ciia vat thé trdn xoay khi quay céc hinh phing gi6éi han béi
- céc dudng say, quanh truc Ox : : .

a)y=2% y=1 va x=38; I'b)‘y=%x;'y-ésinx;xe[o;%];
Q)y=2%, a>0,xe [0;1). |

5.23. Chitng minh ring.: |
a)z+;2+zs+ +;99+;°° =0;" b)(‘/_"")(1 ‘)(1'”) =2- ZJ_;.

5.24. Tim tap hqp céc diém biéu dién sd phiic z trén mt phéng toa do thod mén

céc didu k1¢n
) lz-il=1; b) 12+ 2] <[2 - 2f; .c)2sfz'—1+2i|<_3.

5.25, Tinh : o - o

| 5+2 3§ 3
‘)-'7—_—;‘ P b)T-+(§~-L) :

5.26. Thyc hién céc phép tinh sau : | |

Ca+2f-a-® . 41463 6i+1

a z= T T . . blz=- B ioT
o B+2)T -2+ . S ~Ti
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5. 28 Giai he phuong | trmh {

: 527, Gidi céc phuong trinh sau :

B &’ - 4x+2=0; T By P ex+9=0.
x+2y=1+1 '
Jx+iy=2~ 3; _

5.29. V6i nhitng gxé tri thu‘c nao cf.la x va y thl cdc s6 phitc

| 196

_zl—--Qy2 4 —10xi° vizz By +20:

12 lién hop clia nhau ?-
- 5.30 Tim modun cla céc s6 phifc sau : | : _
a)z1=-8+-—%i; | b)z2=.\/§'—\ﬁi.- :
Dé ty kiém tra

pé1 |

Caul (3 diém). Cho him s§ y = 2 ---?-E.

1) Khao sdt sy bi&n thién va v& 48 thl (C) cha hém sd di cho.

2) Tir (C) v& 46 thi clia ham s§

' 2(x 3)

‘ -2 (D)

Dya vao d6- ‘thi cta (1), hﬁy bién lugn theo k 58 nghiém ciia phuo‘ng trinh
2(x - 3) - - R
———-—x 5 log k N o | (2)

~3) Tim céc ﬂlém thudc.(C) c6 toa do nguyén.
Cdu Il (2 dzé'm) Giai céc phuong' trlnh sau :

245 . ' 417 L X :
1) 3257 =0, 25. 128 F-8 g 2) logz (cotx +tan 3x) -1 = logy(tan3x).

Cau HI (2 diém).

I)Tinhtfchphan I\/1+2x xdx (dat:—J1+2x );

2) Tim modun ciia s& phitc z = :%—E-?-l- :



pé2

o

Cdu I (3.5 dzé’m} Cho ham S0y =' —%xs + x2 + m - 1

1 Chﬁ:ng minh réng d6 thj cla ham s¢ da cho ludn c6 hai dlém “ye tri.
X&c dinh m A€ mét trong ching diém cyc tri d6 ndm tnen tryc Ox.

2) Khéo—sét su ‘bién thién va v& d6 thi () clia ham 6 khim = 3 -
o 3) Viet phu'cmg trinh tlép tuyén véi (C), bist réng ti€p tuye’n a6 vu0ng goéc
| v6i duomg théngy_-l-x 2. -

4) Tinh dién tich hinh phing: gu.‘n han béi (C), truc hoanh va hai dlrfmg
thdngx =0 vix =2,

Cdu II (2 diém)

z 10
1) Gidi phwong trinh 35 +3' 10 =84,
2) Gidi b4t phuong trinh log 5(3 - 2x) > 1.

- Cdaulli (1,5 d:é'm) |

1) Ténh tich phan T""_M dx (@t t = Va1 )
2) Xéc dinh tap hqp céc dlém bidu d1&n s6 phtftc z tren mit phé.ng toa 4§
‘thoé méin diéu kién : :
a)le+1l=lz-il; - b)l'zl +824+37=0,
Bé3

Caul(3 diém). Chotam s6 -y =~ + 3 -

- 1) Khdo sdt sy bie‘n thién v v& d6 thj (C') cﬁa ham s& d& cho.
' 2) Viét phuong trinh tle'p tuy&n cla (C) tai dlém M(1;0).

3) B1¢n luan theo m 56 nghiém cug.phuo‘ng trinh =% +8x-2= 1_033 m.
Cadu II (2 diém). Tim gid trj 16n nhft va gid trj nho nhat cfia ham s6 :
1) f¢x)=In(x? + x - 2) tren doan [3; 6] ;

2) f(x) = cos® x + cosx + 3.
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caulll2dién)
1)Tinh cée tich phan san : - |

cos8x.cosdxdx.

Qeemyola

o) flas? 4 2w 1)eMax; . b)
~ 2)Tim modun ciia cée s6.phftc saﬁ :

a) z=(—4+iJZ§I)(2 +.5); b.)‘*'_.-"%—— _
Lol GIAI- HUGNG DAN - DAP s6 ONTAP CUSINAM

51. a)eavad thod mén h¢ phuong trlnh .

lra+b=1 asb=0  [a=-8
9+3a+b=3" |Sa+b=-6 |b=3.

o vé d thod mén he phuong trinh |
| {c+d 1 {c=1_ B
Sc+d =3 d=0,
b) (H.82) Ta c6 hei ham s6 twong Gng a7}
| y=-x2;3x+3 va'y=x.- |

“Vay § = J’-(—x2 +4x-3)dx

- -g- (don vi dién tich),

" eok

¢)V = V; - Vy, trong d6 V; 12 thé tich vat *
thé trdn xoay sinh ra do quay hinh thang S Himp82
ACDB quanh truc O:x, V2 13 thé tich vat .

thé tron xoay sinh ra do quay hinh thang
cong ACDB quanh truc Ox.
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$2.

(s 22
,. Béng bi&n thién
=2 T

.’lj‘acé. ﬁmnIxzdx T

1
. 8 . '
17 L 22
V2=nIx --3x+3 | —5-1t.
. . . 1 .
. Vay . V-=-§:n—-5- ﬂ:(don\qthétfch)
y x+2

«Tap xéc dinh : D = R\ {-2}.

¢Tacé y'=r— i

OO0

-1\ - +°°\_1

Hinh 83 |

Ham sd nghlch bién trén céc khoéng (-—po —2) va (—2 +do),
» Tiém can ding x = -2 Vi lim y =, lim y=— .

-2t x—r -2

T1¢m c4n ngang y= -1vi lim y=-1
X —ytwe.

Glao v6i clc trye tog 4% : (0; 1) : (2 0)

- D6 thi nhu trén Hinh 83,
.'b) Tle'p tuyén cia d6 thi 06 h¢ 8¢ géc k= —~2 (vi vudng. g6c vdl dudmg

thing y = 5 - 42). -
Ho&nh do tle'p dlém thoé mén phuo'ng trinh. -
_4 xl = -2 + 'J_

=-25
@42 [ =-2-V2
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" f]hg V6’I X =-2+ J_ tacb tlép tuyén y =-2x- 5+ 4\{_

. '5.3.. '.a)y-- ~ T

-..y=

' I:]'ng Véi x5 = -2 - V2, ta cé tiép tuyé'n y = -2x 5 4\/_

4x5

« Tap xéc dinh : D = R\{1}.
L ok

(2~1P

Béng bi&n thién

s 1

+ +

5-49

<) Tacd lim

4/+n

‘Céc khodng dén,g bién Ia (~o0; 1) vh (1; +°°)

Tiém can ding x =1

vl lim y = —o; lim y=+,;
- x-alt =17

T1¢m canngang y=4 vi lng y_=4
b L e ] .

Giao véi cdc tryc toa d¢ 0;5va (— 0)
D6 thi nhu trén Hinh 84, '

~ b)Ta coy'(Q) =1. Ph!.rcmg trinh ti&p tuye'n Ay=%+ 1
Dién tich cﬁa mién cédn im 1

1Y, &%
S= I(x+1 4+——1-de J(x 3+--—~1-]dx ln3.
2 ' '

a) Tiem can ding : x =2 ; Tiém con ngang : y = -5.

"b)Tiémeanding:x=1; Tiém cn ngang : y =-6.

2x2 + 8x — 9=
x->i»3x2+x 4 x-»iaexz'[ 1 4_)




R

- Vay dé th.i--c_d airang' tiém can_ xi_gang ¥y = %
2x 4 8% + 9 RN o o g
(x D3z + 4) L e

_ Tacé y

"'I‘irdé’dd thi o6 tiai tiém cén ditng Bxelvaro ~;§ .

d)' Tiern can-dlitng' P X =.—2—. Tiém cén ngang : y = --‘lq-.- : o W F
. 55.8) y'=-822-12¢+15; y" = —6x-12. |
y'=0& 3::2 +12x~15=0 ¢ ["_1
X = —5
' = ,13 <0 ; y"(-5) =180, _
Vay véi x = -5 ham s6 dat cyc. tidu VA yer =-99.
- V6 xn-lhamsddgtc\rcﬂalva yca 9.

b) Tap xdc dinh D = R H&m 6 ¢6 cuc tléu khl x = 0 yor = 0.
¢) Tap xée dinh : % > -1, 3" ..1+—iT . y'>0, Vi >~1.

Ham s¢ tuon déng bne’n nén khong cé cye tri.

| | | x=0

' ’ . K . ) A 1
d) Tap xdc dinh: R\ {~1};y' =1 =~ —— ;5 =0¢=.s[
_p : : (x+1?® 7 x = =2,

yre 2 5+ »'0)=2> 0.; y"(-2) = =2<0.
| (x+1) . . _
HimsSdatoycdaitai 2= -2 VA yop = ~4. .
Ham s6 dat cye tidu taix = 0 va yop = 0. ' _
5.6, Tapxdcdinh:D=R ; y'=x® - (1 +2cosa)x + 2008!&.
; 'y‘='0é'[x=1 |
V1 y'> 0 &ngodi khoing nghigm nén dé ham 56 déng bién v6i moi z > 1 th
BOf. B |

< <_ <= ; S
2cosa lﬁcosa 2=:>3sa 3

x =2c08a.

201



57 a)Xéthamsdf(x)—e +coax 9 x+-—-— cétapxﬁcdmhlalk

f(x)-e -sinx~1+x f'(x)so-hxso

Talalcﬁf"(x)—e +1-co8x>0,Vxvl1-cosx 20 vae® >0,

Nhu vy, f'(x)d6ng bién twenR. Tu 6 f@< fO=0, Ve<0;

fix)> £'(0) =0, Vx> 0.
Ta c6 béng bién thién -

oM

0 +
£ \. /

" Hams@ f(x)=e* +cosx -2 - x“'—ZfCT’f(O) 0 VxeR

Tir 46 suy ra didu phél ching minh.

b)VxZOxéthhmsG f(x)=e* -0~ -21n(x+\/1+x ),ta06

2

f(x)=e +eF ;o
. Jld-x '

.
_T\'Jdéf‘(hc)>0v01m91x>0(vie +e">2va7——<2J
" 1+2%

va f x)=0 & x =0,
Vay f(x) dﬁng bi€n trén {0 + o), tli'c a :
f(xyz f(0) = ¥ -¢ -2In1=20.

Tir 46 suy ra didu cén chﬁ’ng minh,
¢) Xét ham s6 f(x) = 85111 -2— + 8in 2x —~ 2x, Vx € (0 1t]
- fw= 4smx,+_2c092x 2 = 4ginx(1 - 8in .
| T .’E
f'(x) =0e*T 7.
X=x

IV(n xe0;nltacsd f'(x) 2 Ova dﬁu b&ng chi xdy ra tai hal dlém

~ . Vay flx) d6ng bién tren nita khodng (o ). Mt khéc, 0) = 0 nén fix) > 0.
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| s 8. 8) Xét ham sa f(x) %+ 3.1: - T2%+90 tren doq.n (-5 5]

5.9.

- -Subldnthlen ' = %% + 2% - 3

| ES 0“[::3
Binébié’nthi_én |

Fm et 46 2; fi= Oa[x_ Siesn

f(-6)==400 f(E)"-'?@ f(4) = ~86.

_'Ngoht ra; flx) lién tuc trén. doan [~5; 5) va f'(-—5) f‘(ﬁ) <0 nen t&n t@,l o

x e (-5; 5) sao cho f(xo) 0

Ta o6 g(x) =|f)|20 V& g(x)= |f(x0)| ; -g(—5)=l4oo|=4oo;

g(5)=|—70l 70 ; g(4) = |f (4)] = |-86] = 86.
Vay r_nmg g(xo) 0; Elﬁt?g(]g=g(—5)_-=400.

b)mmf ff2)=-8 : maxf = f2) = f(0) =1

[-1;2]
c) Join = )= 4. KhOng ¢6 gif trj lon

1
aJy=-%x3+x2-3x+_4%. .

. T@p xéc dinh : D =R.

e a e e  ———— T y arr T ———— - . . =

.2?5-- . .‘

R A

-—a

e Him sd dbng bién tren céc khoéng (=05 =3) va(1; +oo), nghlch bne'n' |
trén khoéng( -3; 1. R

1
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' -Hﬁmscf)datcucda.ltai az——3 ycp -13 vhycf- 2 klux—l
«Dd th: cét tn,u: tung tai dlém (0 4= ] v cb dang nhu trEn Hinh 85.

_ y. = _2x+2 y y"=0 o =1 Vay I(-‘—l ; 8-6-] lhtm 46i xitng ciia
dc} thi. | o SR
b) Tlep tuy€n voi (C) di quaA[O 43 ] ) phlm‘ng trinh 1a

'y=f(0)x+4é t:rongdéf(x)-—xa +? 2 _aysal.

. 2
Ta c6 f(0) = - :

- Vay phuong trinh ti€p tuyén 1a y = -3x + 4-;—.

¢) S= I[ x® +'x -3x+4;]dx 7(do‘nv4d1¢nt{ch)

) d) Hoanh do giao diém cia du'b‘ng thing y= —3x ral vai dd th; clia (1)

2
thod min phuo‘ng trinh
' 1 1 1 _ '

3% —(m-1)%? +{(m- 3)x+4§=—3x+4§ . (4).
Tacé(4)¢=>%x3 {m - l)x +mx = Oﬁx[x - 3(m - 1)x+3m] 0.
Dé (4) c6 ba nghiém phan biét thi phuong trinh |

flx) = =x2-3(m-Dx+8m=0 _
phil cb hm nghlgm phan biét khéc 0, tc 3
- [m=0 1 ' _
0)=38m=#0 . : ' =
Jfo=sme0 1 |m<g me0
[A=8m~-1)*-12m >0 -8 m> 8.
m>3
. 4x+4
.5.10. a)y = -2'-&-:—1- .
Tép x4c diph: D = R \_{-%}.
Taéé'y"=-. 4 5
- (2x+1)
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 Bing bién thien

- bing céch gift nguyén phén d6 thj nim

Hink 86

‘Ham s¢ nghich bi¢n trén céc khoang [-oo ;- %] 'va[*% ; + oo]. |

Tigmcan ding : x = —-;—; Tiém cAn ngang :y = 2.

Giao véi céc tryc toa 40 : (0‘ : 4)
va(-1;0). "

D4 thi nhu trén Hinh 86.

" b) D6 thi clia ham s6 duge suy ra tr (C)

phfa trén truc hodnh va ldy 46i ximng
qua tryc hodnh phén 46 thi nam phfa
- dwéi tryc hoanh (H. 87)

c) Tlé'p tuy&n cé hé s6 géc bing —.
Hoanh d¢ ti¢p diém phéx thod man |

1 |
phuong trinh —— =—-— o o '
(2x+1)2 4 B Hink 87
i . o x=—-'§
@+ =16 | L °
. . X o= E. .. IL
Hai ti€p tuyén cAn tim 1y y =~z + 1 VA y=~7x )

1778 1778
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511, 9) V&i'fn"— 2,18 06 ¥ =;4x++11_-

Hoc sinh twkhéo st (H.88).

b)Tacéy 2+m-— Pl

| Vay dé 'y nguyén véi x va m nguyén
t_hl x + 1 phai 13 udc ciia 3, nic'1a

z+1=1%1hoficx +1=zt3hay
=0, % ==-2;,23=—-4;x4=2.

Vay céc diém thudc 46 thi clia (1) c6 toa do

v nguytn A AQ; m ~1) ; B(-2 .8+ m);
C(=4:3+m); D2;m+1). '

512, Do a,b,x 1a nhitng s6 duong néntacéd:

D _
: "2 b)2

a) 'Al —{ a+3(‘: ) ] = — 3a z)
. - 2a + (ab)2

3 8 (}. EATARN ] {1
py o G2zt b | laZ-87\av@hlvb 5,3
BRI R ) B N I
La-(ab)? _aﬁ;--az‘-bﬂ -
[ 1.,( 1 1) 11 ( )
_a+(ab)? +b-02\aZ -b8) _ 2a%0% +b _ b'z' 23 4 b3
1 ' 1 1
a2 a? a2
i ilagait) o
Viy A= Ay = S [P Erb La,
2a2 + b2 a% '

4ax

Ja +x J. a_-+xJ (a+x)(~/—+\/-)

b 3[7—' Toils

[\/E Jx J&Tx} (afx)(sf_*wf_)

a+: ;a—;x
Viy B=B, - Bz- arz
a.x
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¢) Tacé mE 4‘“"84“—4_9 s1‘°86 36

0= V40 7 36 + 15 = o
.26

logy2 A, 49, gyt L L po 49,126
d)Tacé49 | 4910‘72=-4 .5 =7 =D 4.I+__4~ 5

513.V6mdu'o‘ngvakhﬁcl tacé |
. 2 2
(5 (2 =)

a2x+a2"+2 —a%% — g2 4 g
7 .

4 o
=—=1, O
4
2x ~2x

a?® 4 g2

d) #(2x) = & My Khic, ta 6.

' 2
a® ~a* 2x ~2x
_1+t2(x) 1+[ 2 J 25“ i ),
a® +a” Ia‘”-i-a *+2
2t(x) - g =a* g +aF+2 _

1+22x) af +a™* 2(a%% + g2%) B
gy 2
2{a* - a~*)(a* +a™*) a’z" —g i

2(a* + a”‘)(az" +a 2”) P +a ~2%
Cﬁc cdu b), ¢) hoc sinh ty ching minh, |

Ta bi¢n déi vé phéi.

.0

LN 14. &) Ta 06 10330 B= 10330 2 = 310330 2=38. 10830 ?g
= 3(10330 80 - loggo(8.5)) =3(1 - logso 3-loggyb)=3(1-a- b).

,b) Chuyén sang co s8 10. Sau khi bi¢n déi, ta duqc logg 20 = 2+ba
13 334"7 . 13 —(2x+3)
5.15. 2) Phuong trinh d& cho tuong ducmg v6i ( ) ("2'1'] -

¢¢3x+7——2x 3@x—~—2 _
b)v1(4 J_)(4+J—) 1 nen ta dat (4 - J_) ~£(t$0),
ta dugc phuo‘ng trinh t2—8t+1 ={ '
' t—'4+~/—
L~4 J1s.
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'.-l)hgvé‘xt—él J" tacé(4 ~/“)“‘=‘mc 4 I"

o o _ @tanx 1<=> xnz-bkﬂ:,kez

oUngvdlt-4+J— tach (4 - JiB)n% = 4 4+ 5 = (4 \/_)'1-.

ﬁtanx:——l ﬁx-?--—*+lm,kez

Vay phucmg trinh cé nghiém x = 3 + k k € Z. _
c) Ta nhan thay x -3 1a nghiém clia phu’tmg trinh, Mzt khéc, ham s6

fey = (Y6 vis) +(37is)

12 téng cha hai ham s6 ml v6i co s6 161 hon 1 (bai ham 56 ddng bién) nén
~ flx) d6ng bién wénR . Do 46, x = 3 1a nghiém duy nh4t ciia phuong trinh.

' cos(3x+ ] . - _
5.16.2)Vil= 50 néntacé 5 61 cqs[ax +%) =0

6 2
b) 6.4 -13.6" +6.9% =0. - | 1
Vi 4%, 6%, 9% déu khéc 0 véi moix € R nen chia cd ha1 vé& cua phuong
t.rlnh (1) cho 4” hoac 6 hoﬁc 9" ta duqc phuo‘ng trlnh tu'dng ducmg

o8+ =Zyhn = x=g+kg (ke ).

x ; x
Chia ca hai v& cho 6" ,tach (1)'@ 6(%) -13+ 6[%) =0.

o 9V* o .
bat [‘5) =t(t>0), tact _
. : 3

' 6 9 PP M
6t'13+'?=0 ﬁ63|~13t+_6 _-—_--0_9 oy
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=

-~

c)Lﬁgantrhnéhmvé‘theowsﬁ‘? ﬁaduq:: _
£ =-1og; b~ Jlng75 +1.

x? +2xlog-;5 1 0¢$ . S
: x-.-.-log-;B-lr 10375+1'.’ ]-'

d)log;(x+2) 1og,2 Lo e
Di&u'kien. _x>0- L& {x.- SO ' -
x;gl x#L

(1) <> -logz(x +2).

Tons % =1 wlogz(x+2) logg x*

x= —1 (loai)

Vay nghnem cha phuong trinh 1a x=2
e) Didukién:x >0,
péi sang co 86 3 va ditlogg x = ¢, ta duge phuo‘ng trinh
T ¢ 2(2 + t)
1+t 3(3+ t)
Gidi phmmg trinh 4n ¢, 1a duge ¢, = 1 ty =—4.

& 1% g 2 0 e [

Vay phvong trinh ¢6 hal-nghlem x1 3: xz = 31_1
x>0

| g)Diéuklen {2 _2> 0¢x>1
Dat logax+log4(2x - 2) = f(x).

Dé th&y f{x) 13 hAm s6 d6ng bién, Mgi khdcf(3)=2néntacé =~
_ f(x)> F@B)=2v6ix > 8 va flx) <f(3) = 2v611<x<3
Tﬁ d6 suy ra x = 3 ]a nghi¢m duy nhs:t '

| 3+J— )
'.5.17.-a) Diu kién z2_ ‘
- -x<-3_._\/§
2
-V10<-2-<1vh1=(§J nén ta c6 _
.Ill Iogl(ﬁczr33+i)._ . _ | _ . o
[-Z-J 3 <l _‘logl(x2—3x+_1)>-0 ex?-8x+1<1.
B S . ,
& 0<x<3.

o - 209
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Ke’t ho‘p voi chéu lqen, ta duqc n@mm c&wmyhuoug mh diuho i
2 R ¥

0<i<
3+~f‘< <3

b) Ta c6 b4t phwrong trlnh dﬁ cho tlIUng du‘dng‘vé‘l _ S
4z’ +3.I3‘F+x3& 22 3‘/- 2x-6<0 . - . 1
(84 x - 222)3%% 2 (i~ 242 +3)<0 |
3% _2 <0
222 +2+3>0 LW

( zx +x+3)(3‘r 2)-&01: .i'xz'c.' c )

|8¥* -250 | |
‘—2x +x+3<0 | : (2)
an

 |x<logd2 o o
(D& lx20 4:»05x<103§2[v'1-log§2<-1<-§].

3
-1<x<-2—

.x>_log§.2 _
2)e ixz20 & x>,
x<-1 o : S . 'y

N | - S . ' T

2
_‘ _
Viay nghu,m cha bt phm:mg trinh 1a 0 S x < 1033 2 hoac x> %
| x>0 s .
. . . . 2 .' ‘_ ' ' 3
C)D1éuk_1¢n.xa‘-l @12<x<3 S ™
{B~12x
' - 112x-8
 Bat phu'(mg trinh 4 cho tuong ducmg v61 N
2 o 5— 12x & log 12
Toggx' o2 SPrE 212

| 5.2
(mxhlxe[lz 3) thi log;_x<0}

210,

»0

S loggx >

o B_AI.T&PG!AITICH.‘léoﬂIB



5122

_ 50¢¢ 504@»

Oris¥ (6x+5}(1 [ 23) iif=gs

Cy _i.-

Ke't hqp vd'.l diéu kxen (*), ta c{) < % < -;— L

518, s) Bt phuong trinh d4 cho tuong duang Vi -

N1 . L
o 1Y% 1 1 (1
! (EJ 2?@”[5)?(5]_'

' 1
1 1 1x4x 0m[“‘4'

Lx< 0.

o= 54@——450

x> 2
b) Diéu kién : I: <p |
Bt phuong trinh d cho tuong duong véi
logg g (x2-4)2 lbgé_i 0,27 = logo,é 5
o ?-455 (v102<.1l)5’x2 ~950 ¢ ~35x53,
3<xs8
85 x<-2
¢) Bat phu’ong trinh da qholtuong duong véi

%18 -
0<10805[2 16)54 o - o

156. 4. 81
16 205 16

©0$x<103231 4.

3 day, chting ta dd 4p dung tinh dﬁng bién va ngh;ch ble’n cﬁa cc ham 6,
logarit va ham s§ mil véi co 86 16n hon i va nhé hon 1

9 Bit phuo‘ng teinh d& cho twong ‘dwonig véi 0< 16% 2. 12" 5'32""1
<=0<4"4x-24"3"53"3"a T
: 2x x . -
=0 <(3) “2[33 S8 0D
(Ta 84 chia ci nm vé cho 9% (9’r >0 )) e | |

K&t hop vdl didu kien, ta duge [

©1>2"‘ >2x21¢10g2£>x20

2110



".'-tza-aasa [¢>0 C(t>0 |
142 m>0@l@—m 350@»45s53@4<tsa
':t>0 ~2>0. o [e>2 - L

. ' [t-_c(} ' SR

v T do, tacd 2<[-;—) S3 &logg2<xslogy3.

3 3
5.19.a)D61ble’nt-x+3=>x 2-—t 5Kh1x—-2thit—1.kh1x 4th1'
t-'? ta c6 .

- .
10 26 26 3 Lo
_j(x+3] 1'[1--— ) (t-lO]nt———-E—]_l 275 - 10In7.
-2 1y : o
J’ x+3|—|x-—4l)dx==—7jdn+ J‘(ax 1.)dx+j7dx 7.
-4 o 4 -3
c)Ddlbxe’nt—J:H tacéI=I d; : 2-61nl,2.
2 I.
| ' 1 %4 1
d) Béi ble‘n t-—1+4amx, taco6l = -Ii[—t- IlnB.
-c)DG1b4€n t=x
82 22

| (t+2 2)d¢ 1 '
I = = de
5-[:2+4t+4 5'[_. t+2)2 5![“‘2 (t+2)2} .

= 1—'[1n(t+2)+_—2-—]- o 1[1:134 81)
b +-2

B b 3
g)ybat u = x+2dv~e2xdx=>du=dxv=%e2’

Tacé I-——-(x+2)e2"’ ——szdx 1(5e“ 2)*-—(e6 1)=§-( ¢ -1)

22



mmm =TT _' B
R
. P
_I 24( i 23\ t+2 .
L | -2 t+ln——-—-)] 2[3 J_ 1n(25 10[)]

'520 a)desd’ 13§+2(e-—}=]; b)Dé 5O : 7J— 8 gin2 - sin

e
3 c)desd’ V7 -+,
A HD: Nnbiént:%x +4 _
=5 ¢% = 848 +4=>3t*‘dt 95:2dx=»x2&3c--§tzdt

3 12 12

) |
Ta c6 I(3x +4)3 2ax=lthadt 1 :4'%_32/——7@%—‘1).
o) ]‘(x 2)1xidx- j(zx—x’)dxaré'(: zx)dx ““%"B.

[ ' 0 '
8) xo&um-minxli Ilmxdxﬁ-nm1+ cmx -1 (lin1+con1)
1 . . 1 .
| h)'ncé 1+nnax+m2x-11-2-inxcoux+2m x-l
: -8mx(amx+oosx) v
’h‘i&b :acaaapssm | .
i)Apdungphwngpmbﬁnhuchpmnmmmm cahaimﬂaéu
it o¥dx = dv=>v-e" Tacd . :
. .’.‘. : _"R )
J smxdx-e’aihxlz jﬂ"oosxdx
li il

et gmzdx —e2+1 I=>I=°j+—1.

= g2 - e."cosxi

--—-.pom _

P



~K) Ly tich phan theo phuong php fih tich phan g Pl hai Yfe : n the
ot dat u = In? &, ln thithai 03t u = Inx VA6 Ghp #B A (5% - 2).
5.21. 8) Hai ham s6 y = 1* =1/ v y = 5+ |+| déu 2 ham 6 chiin. Mién cén tinh
dign tich duge thé hién & Hinh 89. Do tinh d6i xing qua tryc tung, tacé - '

= 9] I(5-|-:x-1+ag2)dx+ I(5+x—x2+1)dx] _
) 1 '

- . . o T
_olfl,3,1.2 ) (_1 3,12 ] |
=2 (sx +2x_ +_4x_ 0+ ,3x -I+ 2,;. +.6;c_‘1_ N

=20i(donvidintich). .

I
1
I
I
Ll
1
|
1
1
1
.t
]
A
i
i
1
"
i

Hnhg9 o mms
b) Mién cdn tfnh dien tich dugc thé hién bdi Hinh 90 (hoc sinh ty 1am).
Ntiu vay, vdi'moi x€ (<2;3)d6 thj cha ham 6 y= -%ﬁ + %x +3 nim
* phia trén'd8 thi cia ham 6 ¥'= %xf ﬁ%x- 3
214 : "



Vaytacé 25' I[(-%xz+%x+3J—'(; 2. %x 3J]dx

Y e f(—.r. * x + G)dx = 20 (M V »fii@“ q[qh)

. _ A
c) Tren Hinh 91 thé hlen £

" midn cén tinh “dien tich \2

(hoc sinh ty vé} _
. _ | 2
e froenae \
Joke A

=In2- 3 (do‘n vi dzen tfch)

T Hihor Y

(vitiépmyénvdidaﬂucﬁay--nmmem[ gj |

c6 phuo‘ng trlnh I y=f (2)(x—2)+—--——x+2)

.22. 8) (H 92) Thé tich v@t thé trdn xoay sinh ra bdi mién .
- CED quay quanh tryc Ox 1A hieu ctia hai thé t{ch (Vy
V2 V) ciia Rai vat thé tron xoay- fong dng’ sink ra ichi~

mién ACEB va mién ACDB quay quanh tl‘ub Ox Nhul_ .
v&y V= Vl Vg, trcmg a6

e ey

1 . '
B 5

TV Ta§

7(-3 e e

3
Vl =nI edx--?’-mc?l- .

MRS

i‘

=3102n Gonvithéeichy, 0 Himo



trongdﬁ |
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O tmmypa| A

V=V -V _=£2-'(dan vj thé tich).

V= usz"dx—za_l_l A

524, a) V€ i 1akhomeacnmdum SR T

~ diém céch diém (0; 1) mot khoing
‘khong d8i bing 1. D6 Id céc 8lém
‘nim trén dudng tron bén kinh bing 1
* v thm lhdiém (0; 1) (H.95). '

(I-ﬁnh94li'ngv61tnmnghqp 0<a<1)

- .H.a)ﬂénddxvﬁtrﬂbénqcéchnhémmg

bon 56 hang va d4t thita s6 chung, taduge . Hinh94
{1+i+i34%)+.. +i”(1+i+i’+ia) (1+:+¢ +i3)(i+ +z°7)-0. |

v11+:+;’+; mlsi=l-iu0, L | 0
b)'racﬁ»(‘/_"")(1 "(l”’ "‘r”" -(2~/§z+2i’)-2 2J§c

bidu difn ¢ dén didm bidu difn
% = 0 +i. Vay t4p hop cdc diém thod

man didu kién a8 cho 1d tAt ci cée

* Tacéthé ti€n hanh nhwsau: . o HM 95

Cho zzxﬂy,tacé Iz—zl |x+(y 1)i|2=x +(y 1)2 vhnhuvay,
céa: +{y- 1)2—1 '

Day 12 phuong tfinh du&ngtrbnbﬁnk{nh bing 1 va fam 1a (0 1)
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| n{ﬁu}hy <(2—x)2+(—;y)2
e x<0 _
D6 luphepokc S g cs . 7L
. phén thuc nhd hon 0, tic 13 nla - Hinh96
'u'&acuammphumdt)khong o o
- kétruc Oy. _ .
¢) D6 1A nhimg diém, sdm phia -
trong hinh trdn bén kinh bing 3
va phia ngodi (k€ ci bien) hinh
tron bén kinh blng 2 c6 chng tam -
1a diém - bidu dién 56 piwic
s =1-2, tic 1A nhimg &im
~ nim trong hinh vanh khin ké.cd
bien trong (H.97). D6 1 nhOng
diém (x;y) trén mat phing toa
o thok mén diéu kien
-+ v+ <9,

5+’2: (5+23)(7+i) 3'3 19,
-1 50 =50t

b)-—-—-+(5 t)’=—1 3i+(25 ~10i - 1)-23-13:

5.25.a)

| 148 1-8 _a- - 2+1§) -5
5.26.4) s = 5w = 5 - W )i 318
Mz=s , _ ' - .
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9y —4= 8y {y=i2 ~
-10x = 20 x=-2 :

| Vay ‘cb hal cép (x y). lh (-2; 2) vb, (-2;-2).

_‘/.-_“’._‘?_?._, b)13|=\{( J'}sz_

: :sl.so.'_a) I'zll__=l (‘8)2 +[§]= 2

Dé ty klém ta .

Dé 1
Cau 1. 1) Hoc smh tw glé.l (H. 98)

L2y >0 thj ciia-(1) duge suy ra tir dé. t.h; S
(C) bing céch gitt nguyen phén 46 thi
ndm phfa trén'trgc hodnh va My déi
xtng' qua tryc hodnh phén &6 thi nim
phfa du6i tryc holinh (H.99). -

sangmmcﬁa(z)msamm&ncmd'
thi clia (1) véi dudng thing y = 1082
Dv,ra trén d4 thij, ta suy ra:
* Phuong trinh (2) v6 nghiém ne‘u
—oo<1ogzk<0<=0<k<1 :
* Phuo‘ng trinh (2) cb mot nghlem ne'u
- logzk 0 hoacloggk '2, t&clakhl
k=1 hotc k = 4. L
* Phuong trinh (2) c6 hat nghxem e .Y
  _-'0<logak<2hoaclogzk>2 tl.'rclh b
khil< k<4 hogck>4. - . 1 CHmh99-
Ké !udn Phucmg tr‘mh vo nghlem khi0<k<l; .
Phuong trinh c6 mot nghlem khi k= 0 hosic k =4
- Phuong trinh c6 hai nghiém khil<k<4 hoac k >4. -
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L (H. IQO). ta s& chon dugc nhiing géc -
. khong thod miéin diéu kién. Khi d6,
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2
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5(x+8) « T(x+1T) ' L e B
2T =g a8 _2;@- Bx +25_5x+125 & x=10 (m man sida

x=17 -3
k1¢nx¢7x#3) .

cotx + taan >0 _ . _
) Dléu kien { 03% > 0, IE

Phlrtmg trinh da cho twong dwong véi cotx + tanax =2 taan
Scotx = tandx o _’ ™

& 3x=-g——x+lm FEN :u:=g-+-"EIE ke Z.

D& chon nhing géc thod min didu k1¢n, _truéc hét i (*) suy ra cotx va
‘tan3# phéi cling d#fu véi nhau.
Lén lugt cho 2 = 0, 1, 2,..7'

nghiém céa phuwong trinhvdd cho & - .~ .

x=-’8=-+k1|: vax=%’5+kmkész'.._.f

1 Cdulll. 8) Nl bién :

Ct=v1+24? =>t2—1+2x P -5- I3

_=> 2¢dt _.4xdxa-xdx=ﬁ vh:xl'_éol- . fimmoo
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3.' 1
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0 _ "'1-
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_ "'“céyp.ovﬁ:xe(ﬁ 2) va
-:’;.': yq !&0 m x thuoc céc kho&lg
S (e 0) v (254 ). VY e
| ﬂﬁ'ﬂ cuc tléu Q;m-~- 1) va

- trong’ cdc diém duc tri ném tren'
‘trgc Ox khi vA chi khi hofc

O€2 e
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moi m, 46 thi cia ham s¢ ludn c6
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i L la, 2 2 -

2)V01m—3 tach y= 3% .+x 7"

- Hoc sinh ty gidi (H.101).
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4) Vi (1;0) 1 tam d6i xiing ciia (C) nén hink phing d& cho gém hai

" high aﬁ aing Vi nhau qua didm I (H.101). Vay

Conll. 1)DR 310 ¢ ¢50),mc6
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‘Nhurvay 310 =32 e =20,



2) Difukien : 8 - 2x>0¢=>x<~2—

" B&tphmg‘ﬁnhdachoumgdwng\fd‘iﬁ ﬁxm\ﬁ

@x<-——£(thoémin¢éumn) B L

"-c:aum 1)Dat:~Jx+1 suyrat2-'-x+1 Doddrdx zm
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3 |
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| --2)a)61&s&z %+ yi. Ta c6 ]x+1+y:l-—|x+(y i 8
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,ﬁ(x+1)2+y —x +(y 1)2
& x? +1+2x+y = x2 +y +1- 2y
'@2x=—2y1=y=-x '

Trén mét phing toa do, 6 lﬁdubngphﬂnglic
clia g6c phén tur thit hai va thd nr (H.102).

 Cleh 2 : VE phii Ja khodng:céch tir diém bidu
dién z t6i diém biéu dién 2q = 0 + i, v&rdi 13

‘khoéng cAch tix diém bidu dién 2 t6i difm bidu | Hinh 1_02.'

“didn 2 = -1 +0i: Vay cfin phii tim c4c diém
chch ddu hai diém biu dién 2y va 3.

e 2>+ +62=0 m(at+3)2+y2=.9;
Trén mét phing toa 39, d6 13 tap hop cc
diém thugc dudmg trdn bén kinh bing Iva
tam 1a dlém (=3; O) (H. 103) '
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: Ib)Tacé — .
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Bé3 ' 5 o Hmkios

Cdu I. 1) Hoc sinh ty glﬁl (H 104)
_2) Ta cé y'(1) = 0. Vay phwong trinh ciia ti€p tuye’n lay=0

| 3) Dya vao d6 thi (C) védu%mg thédng y=log3m, tacé:
‘ *Khn log3m<—-4 '
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- *Khi 0>log3m>—~4

*Kni loggm a0 S me1, pumg tinh

'*Klulogam>0¢=am>1 phuangu-‘mh o

* Khi logam = -4
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@1>m> ,mmnhoobangmm'"

6 hai nghiém &

[ A=Y

o6 mot nghlem
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fx )_ 2x+1 T

-2
Tathsfy f(x)>0 Vxe [3; 6]nenu'endbgn[3 G]hhmsﬁﬂx)ddngbﬁn.
Vay fnm]f(x) f8) =Inl0 ; r['naaif(x) =,f(6) 1n40 )
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25 i
L] 3 !ui 3 ’2‘“]°

fo = fam =5 £(2E) =22 : rmy=0; (48] =23

F (x)=—2a1nxcosxf-s1nx. Fl0) =0 @x—{o

Cen . o _ o3 o O = - |
Vay minf(x)—[gxm f(x)—2 ’.'.’?‘ﬁff(?) [‘E,";%hf(")_:ﬁ';-

2] 4
3

'CduHI l)a)Dcipsd' —e -
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b) {cos 3xcos 4xdx =

Oh—wla
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I——Nla
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